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Abstract: Given the increasing integration of wind-based generation systems into the electric grid,
efforts have been made to deal with the problem of power quality associated with the intermittent
nature of these systems. This paper presents a new modelling approach oriented towards harmonic
distortion analysis of the induction machine for wind power applications. The model is developed
using companion harmonic circuit modelling, which is a natural approach for analysis of the adverse
effects of harmonic distortion in electric power systems, and represents an easier solution method than
the well known dynamic harmonic domain, since it solves algebraic equations instead of state-space
differential equations. The structure of the companion circuits simplifies both the formulation and
solution for power systems with wind-based generation systems. This approach is especially useful
for analysis of the harmonic interaction in transient and steady states between the wind power
generator and the power system, whose interconnection is made through electronic converters.
The proposed model allows us to compute the dynamics of the wind turbine, which are influenced by
disturbances such as changes in the wind velocity, voltage fluctuations, electric waveform distortion,
and mechanical vibrations, among other factors. Moreover, the cross-coupling between harmonic
components at different frequencies is considered. The proposed model represents an integral
framework of the electrical and mechanical subsystems of a wind turbine, allowing for analysis of
the interactions between them, and understanding power quality degradation behaviour as well
as causes and consequences, while also giving useful information on the field of simulation and
control. To test the performance of the proposed model, a test power system is used to obtain the
behaviour of a wind turbine induction generator in response to typical power quality disturbances,
i.e., harmonic distortion, and voltage sags and swells. Then, the dynamics of the variables considering
their harmonic interactions are analysed.

Keywords: companion harmonic circuit modelling; induction machine; wind turbine; harmonic
distortion; power quality

1. Introduction

Climate change has led to a continuous worldwide search for knowledge related to cleaner sources
of energy. The goal is not only to avoid emissions of CO2 caused by the combustion of fossil fuels,
but also to find a wide range of reliable renewable sources of electricity capable of satisfying the
increasing global electricity demand and contributing to sustainable development. Wind power has
become one of the most popular options for substituting fossil fuels, due to its competitive generation
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costs and technological maturity. In 2016, the capacity installed around the world reached 435 GW,
and, in 2020, this figure is expected to reach 1000 GW [1]. The sustained growth of wind power has led
to grid connections to larger wind energy conversion systems, and as such the intermittent nature of
wind power has been an object of study [2].

In wind turbines, the simplest form of the alternating current generator used is the induction
generator; in fact, this is the most common electric generator in installed wind power plants.
The simplest form of an induction generator is the squirrel cage rotor (SCIG); this machine has
proven its worth due to its qualities, such as robustness, low cost, and simplicity when it is directly
connected to the network. However, such a direct interconnection with the grid may allow speed
variations only in a very narrow range, and therefore, wind turbine utilization is limited, as well as
its electric power output. Another major drawback with SCIG is the requirement of reactive power,
and consequently, the need for an external reactive power compensator [3,4]. Induction generators
are also constructed using wound rotors (WRIG); wound rotors are externally accessible through slip
rings, and it is possible to control the electrical torque and thus the slip. Power electronics modules
can be used to control the rotor windings. This allows the operation of the induction machine as a
doubly-fed induction generator (DFIG) [5].

The integration of large wind-based generation systems into the grid can provide large amounts of
electric power, but there are technical issues concerning the stability and power quality of the electricity
supplied due to wind intermittency and variability. In addition, the electronic power devices used for
their integration, like static compensators (STATCOM), and voltage source converters (VSC)-based
components, among others, play a major role in power quality improvement [6,7]. Particular attention
must be paid to the compensation of reactive power, harmonic distortion, and voltage fluctuation (sags
and swells) during interconnected operation. Adverse effects of harmonic distortion on wind power
generation include, for instance, interference with communication, improper operation of control and
protection systems, reduction of the equipment life span, mechanical shaft failures, and additional
losses in the power system [8]. The harmonic interaction between the wind generators and the power
network has led to some power quality and stability issues, and, recently, this topic has attracted much
attention. For instance, prior works [9,10] deal with the resonance issues in doubly-fed induction
generator (DFIG)-based wind power plants tied to a weak network. This resonance problem in wind
power systems is also studied in [11] using sensitivity analysis. A more recent work [12] shows and
analyses in detail the interaction of harmonic stability and resonance problems with the harmonic
components, passive elements, and control systems. These previous works highlight the relevance
of the proposed harmonic model for further analyses since this model is time-invariant and every
harmonic component of every state variable of the original time domain model is a state variable in
this harmonic framework.

Power quality is not only influenced by the electrical components of the wind turbine, but also
by mechanical components and their interactions. In general, the drive train of a horizontal axis
wind turbine consists of three main parts: a rotor, a gearbox, and an electric generator. Vibrations
occurring in any of these parts are transmitted to the others through relative movements between
the mechanical components, such as shafts, gears, couplings, bearings, etc. Some studies present
the effects of disturbances caused to both the wind turbine rotor and the electrical network on the
power quality in electrical systems. The authors of [13] present the spectral effects that stator supply
harmonics can induce in wound rotor and doubly-fed induction generators. However, the effects
of disturbances originating in the generator (electrical network) on the mechanical elements are
commonly not considered; this is mainly because the wind and mechanical operation disturbances play
a much more important role in stress analysis of mechanical components than the electrical network
disturbances. It is important to notice that, unlike electrical disturbances (typically t ≤ 0.5 s), electrical
failures (t >> 0.5 s) do have a critical effect on the structural analysis of the drive train components [14].

With regards to the above mentioned research, studies on the mathematical modelling including
the mechanical and electric systems for performing analysis in the fields of control, power smoothing,
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electrical fluctuations, harmonics, and flicker [15,16] are necessary. The harmonic effect modelling
in wind induction generators is reported in [17,18], using the principles of generalised harmonic
analysis and complex conductor distribution to develop a method for calculating circuit’s self and
mutual inductance for windings. The authors of [19] propose a steady-state model for the doubly-fed
induction machine for harmonic studies that models a set of equations to give the current response
of the DFIG when it is fed with sinusoidal and non-sinusoidal voltage sources. The development
of appropriate models in order to compute fast, accurate, and reliable results so as to understand,
control, and analyse the harmonic interaction between wind turbine generators and the utility system
is mandatory. In particular, power systems, including wind turbine generators, are non-linear and
discontinuous because of the power electronic converters, the control schemes, and the non-linear
nature of the induction generators and the electric power components. These difficulties are common in
all power systems with power electronic converters and electric machines. An approach to modelling
all the components (i.e., the power system, power electronics, electric generator and wind turbine
drive train) in the same system, while also considering the cross-coupling between the harmonic
content, would increase the accuracy and reliability of the obtained results.

In this contribution, a model of a wind turbine generator is proposed that preserves all the
advantages of the dynamic harmonic domain domain DHD, (also known in the literature as the
extended harmonic domain, dynamic phasor, or shifted frequency), but is so much simpler since
algebraic equations are proposed instead state-space differential equations, as is common in DHD.
This also allows the model to be included in larger system simulations than those modelled in the
DHD. Specifically, a companion harmonic circuit model (CHCM) of the induction machine for wind
power applications is presented. It should be noticed that the DHD is a natural frame of reference for
dynamic power electronics modelling. Then, the proposed model brings a complete description of the
harmonic interaction between the power system and wind turbine generators both in the transient state
and in the steady state. On the other hand, the proposed approach includes the coupling between the
mechanical wind turbine drive train and the induction generator, allowing the analysis of the adverse
effects of the harmonic waveform distortion on the mechanical oscillations and vice versa. That is,
the introduced model includes the interaction between the electrical and mechanical parts of the wind
turbine generator, i.e., the electromagnetic torque, the wind turbine torque, and the mechanical power
extracted from the wind, among others. In addition, an analysis of the effects of harmonic distortion
on the power requirements of the induction machine is given.

This paper is organized as follows: First, the frameworks of the electric and mechanical subsystems
selected to integrate the proposed model are presented. Second, the theoretical model is analysed in
a typical situation to verify the responses of the subsystems in steady and transient states. Finally,
the main conclusions are presented.

2. Companion Harmonic Circuit Modelling

The companion harmonic circuit modelling approach is based on the combination of
two well-known methodologies. The DHD and the numerical approximation together form a simple
but powerful approach for complete harmonic analysis under both transient state and steady-state
conditions of power systems [20]. The DHD is a formulation based on orthogonal bases, operational
matrices, Fourier series, and approximation of operators. The main idea behind the DHD is that a
function, x(t), can be approximated by the time-dependent Fourier series coefficients,

x(τ) =
h=∞

∑
h=−∞

Xh(t)ejhω0τ (1)

The complex Fourier coefficients Xh(t) are a function of the time, and each coefficient is calculated by

Xh(t) =
1
T

∫ t

t−T
x(τ)e−jhω0τdτ (2)
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where ω0 = 2π/T, τ ∈ [t − T, t] and T is the fundamental period of time under consideration.
Equation (2) computes the time evolution of the harmonics as a window of length T that slides over
the waveform x(t). In [20], it is well explained that the state-space equation dx(t)

dt = a(t)x(t) + b(t)u(t)
can be represented in the DHD by

dX(t)
dt

= [A(t)−D]X(t) + B(t)U(t) (3)

The vector X(t) is the state variable whose components are the harmonics coefficients of the
function x(t); U(t) is the input vector of the system whose components are the harmonic coefficients
of u(t). A(t) and B(t) are Toeplitz matrices whose components are the harmonic coefficients of
a(t) and b(t), respectively. D is a differentiation matrix given by the square diagonal matrix,
D = diag[−jhω0 . . .− jhω00jω0 . . . jhω0]. The expression in Equation (3) gives the dynamic evolution
of the harmonic coefficients of the periodic variable x(t). In addition, the steady-state response is given
when the derivative of the state vector is equal to zero, i.e., dx

dt = 0. In steady-state, the harmonics of
the dynamic variable x(t) are time-invariant; then, the steady state is given by,

X = −[A−D]−1BU (4)

Equation (4) establishes the conditions for steady state, and then its solution can be used as an
initial condition when solving Equation (3). This characteristic is very important since in many cases it
is difficult to obtain a steady-state solution of a dynamic non-linear system [20,21].

From the numerical integration point of view, in the DHD, a differential equation can be
approximated by a resistive circuit associated with the integration algorithm [22], henceforth
called the companion harmonic circuit model. The resulting algebraic equation leads to a Norton
equivalent circuit comprised for an admittance matrix and a current source, with the following
equivalent equation,

I(t) = Y(t)V(t) + I(t− ∆t) (5)

Equation (5) presents the basic structure of the CHCM. In general, the admittance matrix is
time-varying but it is constant in the particular case of linear systems [21].

It should be noted that the use of CHCM preserves the qualities of the DHD but facilities their
application and solution. Up to this point, the basic methodology of the time-frequency modelling used
in the development of the proposed model has been presented. Next, the wind turbine modelling is
explained in two separate sections: Section 3 presents the induction machine modelling, and Section 4
the drive train wind turbine modelling.

3. Induction Machine Model

The time domain differential equations system that represents the dynamics of an induction
machine in terms of machine variables may be expressed as [23]:[

vabcs
vabcr

]
=

[
Rs 0
0 Rr

] [
iabcs
iabcr

]
+

[
dλabcs

dt
dλabcr

dt

]
(6)

All the parameters in Equation (6) represent a three-phase system, and the s and r subscripts
denote variables and parameters associated with the stator and rotor circuits, respectively. For a
magnetically linear system, the flux linkages may be expressed as[

λabcs
λabcr

]
=

[
Ls Lsr

(Lsr)
T Lr

] [
iabcs
iabcr

]
(7)

The winding inductances are presented in Appendix A.
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The substitution of Equation (7) into Equation (6) yields the state-space equation that represents
the dynamic behaviour of the induction machine in terms of machine electrical variables.[

diabcs
dt

diabcr
dt

]
= −

[
Ls Lsr

(Lsr)
T Lr

]−1 [
Rs dL

dLT Rr

] [
iabcs
iabcr

]
+

[
Ls Lsr

(Lsr)
T Lr

]−1 [
vabcs
vabcr

]
(8)

Applying the dynamic harmonic domain methodology to Equation (8), and then applying a
numerical integration rule, the companion harmonic circuit model in the Norton equivalent form is
obtained as shown in Equation (9). The detailed procedure of the development of the CHCM of the
induction machine is presented in Appendix A.

Iabc(t) = YIMVabc(t) + histIM (9)

The description of YIM and histIM is also presented in Appendix A. Notice that the time-varying
nature of the complex matrix YIM is due to the rotor angular position, and the variables for the stator
and rotor are all included in Equation (9). A graphical representation of the CHCM for the induction
machine is shown in Figure 1, where the phase inductances and sources are given by the time-varying
complex inductance matrix YIM, and the harmonic current source histIM, respectively. Note that
Equation (9) can represent both induction machines: the wound rotor or squirrel cage rotor.

Figure 1. Companion harmonic circuit model for the induction machine.

On the other hand, the electromagnetic torque equation in machine variables is expressed in the
harmonic domain as

Te =
p
2
(Iabcs)

T ∂Lsr

∂Θr
(Iabcs) (10)

where p is the number of poles of the machine, and the derivative matrix is given by

∂Lsr

∂Θr
= −Lsr

 sin(θr) sin(θr +
2π
3 ) sin(θr − 2π

3 )

sin(θr − 2π
3 ) sin(θr) sin(θr +

2π
3 )

sin(θr +
2π
3 ) sin(θr − 2π

3 ) sin(θr)


Each element in the above equation is a square sub-matrix with Toeplitz structure. Then, for a

typical electric power system with dominant fundamental component and odd harmonics, a dominant
direct current term and even harmonics in the electromagnetic torque are expected.

Steady-State Induction Machine Model

One of the advantages of the use of the dynamic harmonic domain is its performance on
steady-state calculation [20]. Applying this property of the DHD, the following model that describes
the steady state for the induction machine is obtained,

Iabc = YIM,SSVabc (11)
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YIM,SS =

[
Rs + LsD dL + LsrD

dLT + LT
srD Rr + LrD

]−1

Notice that the solution of Equation (11) requires the steady-state of the mechanical variables ωr

and θr, since these values are required for the calculation of the admittance matrix.
The mechanical variables needed as input for the solution of the CHCM in Equations (9)

and (11) could be obtained from several sources: the solution of mathematical equations, databases,
and measurements of actual equipment, among others. The next section presents the modelling of
the wind turbine drive train in order to complete the coupling between the mechanical and electrical
subsystems in the wind-based generation system.

4. Wind Turbine Aerodynamic Model

The mathematical model used in this contribution to describe the relationship between the wind
speed and the mechanical power extracted from the wind is [24,25].

Pwt =
1
2

ρAwtv3
wCp(λ, β) (12)

where Pwt is the extracted power from the wind (watts), ρ is the air density (kg/m3), Awt is the area
covered by the wind turbine rotor (m2), vw is the wind speed (m/s), and Cp is known as the coefficient
of performance or power coefficient, which is a function of the tip speed ratio λ, and the blade pitch
angle β (o). The power coefficient Cp is calculated as,

Cp(λ, β) = c1

(
c2

λi
− c3βc5 − c6

)− c7
λi

(13)

and the tip speed ratio is defined as,

λi =

(
1

λ− c8β
− c9

β3 + 1

)−1
(14)

The values of coefficients c1 to c9 depend on the wind turbine design. Numerical estimations for
wind turbines designs are given in [26].

A two-mass model is shown in Figure 2. This model can be used to represent the behaviour
and connection of the wind turbine with the induction machine. The major sources of inertia in this
system lie in the turbine and in the generator rotors. The tooth wheels of the gearbox contribute only a
relatively small fraction [26]. Hence, the mechanical system model can be represented by two masses
connected by a shaft. The torque equations describing the mechanical behaviour of this system in the
time domain are,

Jwt
dωwt

dt
= Twt − Ds(ωwt −ωm)− Ksγ

Jm
dωm

dt
= Te + Ds(ωwr −ωm) + Ksγ (15)

dγ

dt
= ωwt −ωm

where Twt is the aerodynamic torque (N·m); Te is the electromagnetic torque (N·m); Jwt and Jm are the
inertia constants (kg·m2) of the wind turbine and the induction machine, respectively; γ is the angular
displacement between the two ends of the shaft; ωwt and ωm are the frequency of the wind turbine
and the induction machine rotor, respectively; Ds is the damping coefficient (N·m s/rad); and Ks is the
shaft stiffness (N·m/rad).
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Figure 2. Two-mass shaft model of the wind turbine.

Applying the CHCM methodology to Equation (15) yields the model for the harmonic analysis of
the two-mass drive train. ωwt(t)

ωm(t)
γ(t)

 = [M]


Twt

Jwt
Te

Jm
0

+ [histTB] (16)

The detailed procedure for the development of the CHCM of the two-mass drive train is presented
in the Appendix B.

Finally, the turbine torque Twt(t) is obtained from the extracted power Pwt(t) as:

Twt(t) =
Pwt(t)
ωwt(t)

(17)

Equation (16) computes the dynamic behaviour of the harmonic content of the speed for both the
wind turbine and the induction generator.

The simultaneous solution of CHCMs in Equations (9) and (16) for the electrical and mechanical
subsystems, respectively, allows for a complete analysis of the wind turbine dynamics, including the
response to distorted electrical signals, disturbances, failures, and wind velocity variations. The next
section presents an analysis of a wind turbine induction generator with respect to the effects of typical
power quality disturbances.

5. Performance of the Proposed Model

To demonstrate the performance of the proposed model, the test system shown in Figure 3 was
used to analyse the behaviour of a wind turbine induction generator (WTIG) under typical power
quality disturbances, and, then, analyse the dynamics of the variables considering their harmonic
interaction. The test system consists of a wind turbine SCIG connected to a power system through
two lines; for reactive power compensation a capacitor bank is also connected to the terminals of
the induction generator. Notice that the proposed model includes the mechanical and electrical
subsystems in the wind turbine generator, and then it is possible test perturbations or faults from
both sides. For this study, typical cases are considered. From the wind turbine side, a change in
the wind velocity (using a ramp) from 15 m/s to 11 m/s is tested; please note that perturbations or
mechanical vibrations can be included. From the electrical system side, two perturbations are tested,
a voltage sag and a voltage swell; perturbations were arbitrarily defined but within power quality
definitions. For example, sag and swell definitions consider variations of between 10% and 90%, with a
duration ranging from a half-cycle to one minute [27], while [28] considers a maximum duration of
a few seconds. Therefore, the tested sag and swell were of 50% in magnitude, with a duration of
30 cycles. At the point of common coupling, the power system presents typical harmonic voltage
distortion associated to a six-pulse VSC-based system connected to the power network; as is well
explained in [29], these are the negative and positive sequence harmonic multiples of six, i.e., the 5th,
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7th, 11th, 13th, 17th, etc. At the presented analysis, the magnitudes are 64.5 V, 6.73 V, 0.85 V, 0.76 V and
0.8 V for each harmonic, respectively, and a total harmonic distortion (THD) of 12%.

Figure 3. Typical test system for interconnection.

The parameters of the 900 kW wind turbine were taken from [30], and are presented in Table 1.
In this reference, some results were found with respect to the real power and the angular speed,
which can be used to validate the results obtained with the proposed model.

Table 1. Wind turbine induction generator data.

Element Value

Wind Turbine Data

Rated power, Pr 900 kW
Rotor diameter, 2R 52.2 m
Gearbox ratio 67.5

Drive Train Data

Turbine inertia, Jwt 1.6× 106 kg·m2

Generator inertia, Jm 35.184 kg·m2

Stiffness of the shaft, Ks 6× 107 N·m/rad
Damping coefficient, Ds 1× 106 N·m·s/rad

Generator Data

Nominal voltage, Vn 690 V, 50 Hz
Pole-pairs 2
Stator resistance, Rs 0.0034 Ω
Rotor resistance, R

′
R 0.003 Ω

Stator leakage reactance, XIS 0.055 Ω
Rotor leakage reactance, X

′
IR 0.042 Ω

Magnetizing reactance, Xm 1.6 Ω

5.1. Mechanical Response

The behaviour of the electromagnetic torque is shown in Figure 4 to illustrate the importance of
harmonic analysis in distorted systems. To obtain these results two cases were simulated: the voltage
sag with harmonic distortion as previously mentioned, and without harmonic distortion. The graphics
clearly show the effect of the harmonics introduced by the electrical system on the mechanical
behaviour of the WTIG. For example, at steady-state without harmonic distortion, the electromagnetic
torque has a constant magnitude, which means a “soft operation”. However, with harmonic distortion,
significant oscillations appear, which can physically be observed as mechanical vibrations. In the
transient stage, both cases present oscillations, but it is clear that with harmonic distortion the transient
oscillations are meaningful, with a ripple of almost 12%.
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Figure 4. Electromagnetic torque in the induction generator.

Therefore, to show the improvement introduced by the proposed models, Figure 5 presents the
time evolution of the harmonics in the electromagnetic torque with harmonic distortion. Although there
are only odd harmonic components in the electrical system, the harmonic cross-coupling generates
even harmonic multiples of six at the mechanical variables. As previously mentioned, the time domain
waveform of the electromagnetic torque (Figure 4) presents some oscillations caused by the harmonic
distortion in the electric power system, and the proposed methodology allows us to learn exactly how
these oscillations are composed. These harmonic distortion components are thus exposed, as shown
in Figure 5, where the direct current component clearly dominates the dynamic behaviour of the
electromagnetic torque, but the sixth harmonic and its multiples are the principal components of
its oscillations. Learning this information is relevant since in wind turbines mechanical stress is the
primary factor in terms of faults, damage, and maintenance, among others.

Similar effects are presented in the rest of the mechanical variables due to the harmonic distortion
in the electric power system, but it should be noted that these effects are stronger in the induction
generator, and decrease towards the wind turbine side, principally because of the action of the gearbox
and the damping and stiffness of the drive train. This can be observed in Figures 6 and 7, where the
oscillations are much larger in the induction generator than in the wind turbine. It should be noted
that the dynamic behaviour of the harmonic content was obtained for all the variables in the WTIG
and in the power system.
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Figure 5. Harmonic content of the electromagnetic torque in the induction generator: (a) Direct current
component; (b) Even harmonics.
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Figure 7. Dynamic response in the angular speed on both sides of the drive train: (a) Induction
Generator Rotor Speed; (b) Wind Turbine Speed.

Here, a comparative analysis is presented with respect to the behaviour of the wind turbine
generator in response to common power quality disturbances against the voltages sag and swell,
as well as a change in the wind velocity from 15 m/s to 11 m/s. Figures 6 and 7 show the time domain
behaviour of selected mechanical variables of the wind power generator with the three previously
mentioned disturbances starting at t = 10 s. Notice in Figure 6 that the sag disturbance affects the
wind turbine by increasing its speed, while the mechanical torque decreases, as shown in Figure 7.
These figures also show that the voltage swell and the wind speed change have the opposite effect to
the sag, but to a lesser extent. It is clear that the harmonic distortion has a larger impact in the rotor
of the induction generator than in the wind turbine; this effect is shown in the form of oscillations or
noise over the rotor speed curve (Figure 6). A similar conclusion is obtained for the electromagnetic
torque (Figure 7a) in which not only is dynamic behaviour higher but it presents a higher distortion
than the mechanical torque (Figure 7b). These waveforms were obtained considering all the harmonic
components in current and voltage presented in the power network equivalent, i.e., the 5th, 7th, 11th,
13th, and 17th. Note that only positive and negative sequence harmonics are presented.

5.2. Electrical Response

A key fact in the harmonic analysis is the effect of the harmonics on the power losses and the
reduction of the equipment life span. These effects are evident when the typical power relationships
do not meet the power balance. Then, the power analysis must be undertaken remembering that in a
system with waveform distortion the apparent power S is separated into three orthogonal components
S2 = P2 + Q2 + D2. P is the active power in watts (W), which is defined as,



Energies 2018, 11, 104 12 of 19

P2 = ∑
m=−∞

∑
n=−∞

Vm I−mVn I−n (18)

Q is the reactive power in volt-ampere reactive (VAR), given by the multiplication of harmonic voltages
and currents of the same frequency,

Q2 = ∑
m=−∞

(
|Vm|2|Im|2Vm I−mVn I−n

)
(19)

D is the distortion power in volt-ampere distortion (VAD), defined in terms of the harmonic
components as the multiplication of harmonic voltages and currents of different frequencies;
this component is a direct cause for the harmonic distortion,

D2 = ∑
m=−∞

∑
n=−∞
|n|6=|m|

i
(
|Vm|2|Im|2Vm I−mVn I−n

)
(20)

A complete definition of the power components and other electrical relations under non-sinusoidal
conditions is presented in [31].

The dynamic evolution of the apparent, active, reactive, and distortive powers in the induction
machine terminals are presented in Figure 8. At first sight, it is clear that the active power is close
to the extracted power from the wind, but the higher level of apparent power is generated because
of the reactive power required for the operation of the induction machine, and additionally by the
distortion power. In fact, the impact that the harmonic distortion has over the power requirements
of the induction generator in the form of distortion power can be appreciated. While the active and
reactive power values are close to those values obtained under sinusoidal conditions, the apparent
power is higher. Consequently, the harmonic distortion increases the apparent power requirements,
and then the losses, which affects the proper operation of the induction machine.

Remember that the principal characteristic of the dynamic harmonic domain methodology is its
capacity to compute each harmonic individually, explicitly taking into account harmonic cross-coupling.
The voltages at terminals of the induction generator are shown in Figures 9 and 10. Note that behaviour
is affected by the operation of the induction generator itself. The sag and swell in voltage perturbation
can be observed in the time domain waveforms shown in Figures 9a and 10a, respectively. However,
Figures 9b and 10b also present the harmonic content evolution of the same voltage; these figures
show the dynamic behaviour of the principal harmonics presented in the voltage. At this point, it is
important to remark that the time domain results, i.e., graphics in Figures 9a and 10a, can be obtained
from the dynamic harmonic domain results presented in Figures 9b and 10b, respectively, but not vice
versa. As expected, the dynamics in the harmonic content of the voltage at terminals of the induction
generator are principally dependent on the capacitor bank; also, the behaviour of the harmonic content
in the voltage and current is strongly tied to the behaviour of the electromagnetic torque, as can
be appreciated in Figures 9 and 10, and thus determines the behaviour of the power requirements,
as shown in Figure 8.

Figure 11 shows the dynamic behaviour of the harmonic content in the current in the stator of the
induction machine. Please note that the same information is available for any harmonic component
of any mechanical or electrical variable of the test system. Then, the harmonic content information
obtained with the proposed model is necessary to study the interaction between the induction generator,
the power system, and the power electronic devices.



Energies 2018, 11, 104 13 of 19

(a) (b)

(c) (d)

Figure 8. Dynamics in the power components required for the wind turbine induction generator
(WTIG). (a) Apparent Power; (b) Active Power; (c) Reactive Power; (d) Distortion Power.
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Figure 9. Voltage sag in the induction generator; (a) Time domain waveform; (b) Fundamental
component; and (c) Harmonic content.
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a)  Induction Generator terminal Voltage
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b)  Harmonic content behavior
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Figure 10. Voltage swell in the induction generator; (a) Time domain waveform; (b) Fundamental
component; and (c) Harmonic content.
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a) Induction generator current
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b) Induction generation current harmonic content
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Figure 11. Dynamic behaviour of the harmonic current in the induction generator; (a) Time domain
waveform; (b) Fundamental component; and (c) Harmonic content.
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The harmonic studies provide the precise identification of the instants in which the dynamics
start and end. Besides, the power quality indices can be computed in an easy and straightforward way
with the harmonic components explicitly available, e.g., the total harmonic distortion (THD), and the
RMS values, among others.

Notice that the time evolution of the harmonic components and the power quality indices (as
shown in previous figures), can be easily computed in the DHD since the harmonic components are
already available, whereas the time domain approaches require additional processes in order to obtain
the harmonic information from the time domain waveforms. For steady-state time domain waveforms,
the Fourier integral or the fast Fourier transform are widely used; however, for transient state in
the time domain, high-precision methods for the computation of the harmonic components are not
readily available.

6. Conclusions

For wind power studies, an efficient model based on the dynamic harmonic domain has been
proposed for the induction generator. The model provides complete information on the harmonic
content evolution throughout the whole system. This model has been proven in a typical test system
using harmonic distortion and typical power quality perturbations. It has been shown that the
proposed model can compute the transient and steady-state solution of practical power networks with
wind power generation systems, power electronic converters, and non-linear components. These are
harmonic sources and consequently are a perfect match with the proposed modelling approach in
order to perform harmonic analysis of large and complex systems. Another remarkable characteristic
of the presented approach is its capability to study and analyse the effects of harmonic distortion on
the behaviour of the wind turbine drive train. As presented in the paper, it is possible to compute
exactly which harmonic impacts directly on the mechanical dynamics of the drive train. The fact that
the proposed approach computes every harmonic individually enables the possibility of analysing the
harmonic interaction between the induction generator and the power electronic devices used for the
interconnection to the power grid.

The obtained results show interesting information. It has been shown that the negative and
positive sequence harmonic multiples of six caused by a six-pulse VSC produce the odd zero sequence
harmonic in the mechanical subsystem, i.e., 6th, 12th, 18th, etc. It has also been shown that the
dynamic behaviour of the system is mainly dominated by the behaviour of the electromagnetic torque.
Regarding the presented power analysis, the importance of the harmonic distortion with respect
to the power production of the generator, represented in the form of distortion power, is also clear.
Considering harmonic distortion only, the distortion power represents more than 10% of the active
power, but has major effects when other disturbances appear. For example, when the extracted power
is lower than the nominal power, the importance of the distortion power increases since a constant
value is maintained while the active power decreases, reaching 15% for the presented case. A larger
effect is produced for the swell disturbance presented, reaching more than 20% with respect to the
active power.

Finally, please note that the proposed model has been only tested on a small network, solely in
order to probe its performance; however, this model can be used for larger and more complex systems.
In addition, note that the SCIG has been tested, but the model can be applied to the DFIG if the CHCM
of the power electronics converters is included.

Acknowledgments: Juan Segundo would like to thank the project FORDECYT 190966 for use of their facilities to
carry out this research.

Author Contributions: H. García and J. Segundo conceived and developed the presented model; O. Rodrígez
and R. Campos contributed with the framework on wind-based generation systems and made the mechanical
analysis; H. García performed the simulations; and O. Jaramillo contributed with the adjustment and analysis of
the test system. All the authors contributes to the writing and edition of the paper.

Conflicts of Interest: The authors declare no conflict of interest.



Energies 2018, 11, 104 16 of 19

Abbreviations

The following abbreviations are used in this manuscript:

WTIG Wind Turbine Induction Generator
SCIG Squirrel Cage Induction Generator
WRIG Wound Rotor Induction Generator
DFIG Doubly-Fed Induction Generator
CHCM Companion Harmonic Circuit Model
DHD Dynamic Harmonic Domain
THD Total Harmonic Distortion
STATCOM Static Compensator
VSC Voltage Source Converter

Appendix A

Starting from the Equations (6) and (7), the winding inductances are given by

Ls =

Lls + Lms − 1
2 Lms − 1

2 Lms

− 1
2 Lms Lls + Lms − 1

2 Lms

− 1
2 Lms − 1

2 Lms Lls + Lms



Lr =

Llr + Lmr − 1
2 Lmr − 1

2 Lmr

− 1
2 Lmr Llr + Lmr − 1

2 Lmr

− 1
2 Lmr − 1

2 Lmr Llr + Lmr



Lsr = Lsr

 cos(θr) cos(θr +
2π
3 ) cos(θr − 2π

3 )

cos(θr − 2π
3 ) cos(θr) cos(θr +

2π
3 )

cos(θr +
2π
3 ) cos(θr − 2π

3 ) cos(θr)


In the previous inductance expressions, Ll and Lm are the leakage and magnetizing inductances,

respectively. On the other hand, the inductance Lsr is the amplitude of the mutual inductances between
stator and rotor windings.

In the induction machine Equation (8), the dL matrix is given by

dL = −ωmLsr

 sin(θr) sin(θr +
2π
3 ) sin(θr − 2π

3 )

sin(θr − 2π
3 ) sin(θr) sin(θr +

2π
3 )

sin(θr +
2π
3 ) sin(θr − 2π

3 ) sin(θr)


and ωm is the machine angular speed.

According to the dynamic harmonic domain methodology, Equation (8) is expressed for dynamic
harmonic analysis as[

dIabcs
dt

dIabcr
dt

]
= −

[
Ls Lsr

(Lsr)
T Lr

]−1 [
Rs + LsD dL + LsrD

dLT + LT
srD Rr + LrD

] [
Iabcs
Iabcr

]
+

[
Ls Lsr

(Lsr)
T Lr

]−1 [
Vabcs
Vabcr

]

Finally, the matrices in the companion harmonic circuit model in Equation (9) are defined by

YIM =

[
Rs +

2
∆t Ls + LsD dL + 2

∆t Lsr + LsrD
dLT + 2

∆t LT
sr + LT

srD Rr +
2

∆t Lr + LrD

]−1

ZIM =

[
Rs − 2

∆t Ls + LsD dL− 2
∆t Lsr + LsrD

dLT − 2
∆t LT

sr + LT
srD Rr − 2

∆t Lr + LrD

]
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∆t is the integration step, and D is the operational matrix of differentiation. Note that the time-varying
nature of the complex matrix YIM is due to the rotor angular position, since

dθr

dt
= ωm

that could be expressed in the DHD as

dΘr

dt
= −ΘrD + ωm

and, finally, the CHCM for the rotor angular position is given by

Θr(t) =
[

2
∆t

U + D
]−1

ωm(t) + histθ

where

histθ =

[
2

∆t
U + D

]−1 [ 2
∆t

U−D
]

Θr(t− ∆t) +
[

2
∆t

U + D
]−1

ωm(t− ∆t)

Appendix B

The state-space equations that model the dynamic behaviour of the two-mass shaft in the dynamic
harmonic domain using matrix notation are

dωwr

dt
dωm

dt
dγ

dt

 =


− Ds

Jwr
U−D

Ds

Jwr
U − Ks

Jwr
U

Ds

Jm
U −Ds

Jm
U−D

Ks

Jm
U

U −U −D


ωwr

ωm

γ

+


Twr

Jwr
Te

Jm
0


Then, from Equation (16), the matrices that define the CHCM for two-mass drive train are

[histTB] = [M] [N]

ωwr(t− ∆t)
ωm(t− ∆t)
γ(t− ∆t)

+ [M]


Twr(t− ∆t)

Jwr
Te(t− ∆t)

Jm
0



[M] =


2

∆t
+

Ds

Jwr
U−D − Ds

Jwr
U

Ks

Jwr
U

−Ds

Jm
U

2
∆t

+
Ds

Jm
U + D −Ks

Jm
U

−U U
2

∆t
D



[N] =


2

∆t
− Ds

Jwr
U−D

Ds

Jwr
U − Ks

Jwr
U

Ds

Jm
U

2
∆t
− Ds

Jm
U−D

Ks

Jm
U

U −U
2

∆t
−D
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