
atmosphere

Article

Operational Modelling of Umbrella Cloud Growth
in a Lagrangian Volcanic Ash Transport and
Dispersion Model

Helen N. Webster 1,2,* , Benjamin J. Devenish 1 , Larry G. Mastin 3, David J. Thomson 1 and
Alexa R. Van Eaton 3

1 Met Office, FitzRoy Road, Exeter EX1 3PB, UK; ben.devenish@metoffice.gov.uk (B.J.D.);
david.thomson@metoffice.gov.uk (D.J.T.)

2 College of Engineering, Mathematics and Physical Sciences, University of Exeter, Exeter EX4 4QF, UK
3 U.S. Geological Survey, Cascades Volcano Observatory, Vancouver, WA 98683, USA;

lgmastin@usgs.gov (L.G.M.); avaneaton@usgs.gov (A.R.V.E.)
* Correspondence: helen.webster@metoffice.gov.uk

Received: 22 November 2019; Accepted: 20 January 2020; Published: 13 February 2020
����������
�������

Abstract: Large explosive eruptions can result in the formation of an umbrella cloud which rapidly
expands, spreading ash out radially from the volcano. The lateral spread by the intrusive gravity
current dominates the transport of the ash cloud. Hence, to accurately forecast the transport of ash
from large eruptions, lateral spread of umbrella clouds needs to be represented within volcanic ash
transport and dispersion models. Here, we describe an umbrella cloud parameterisation which has
been implemented into an operational Lagrangian model and consider how it may be used during
an eruption when information concerning the eruption is limited and model runtime is key. We
examine different relations for the volume flow rate into the umbrella, and the rate of spreading
within the cloud. The scheme is validated against historic eruptions of differing scales (Pinatubo 1991,
Kelud 2014, Calbuco 2015 and Eyjafjallajökull 2010) by comparing model predictions with satellite
observations. Reasonable predictions of umbrella cloud spread are achieved using an estimated
volume flow rate from the empirical equation by Bursik et al. and the observed eruption height. We
show how model predictions can be refined during an ongoing eruption as further information and
observations become available.

Keywords: umbrella cloud; volcanic ash transport and dispersion model; lateral spread; satellite
observations; operational forecasting

1. Introduction

The role of the Volcanic Ash Advisory Centres (VAACs) is to issue advisories on the location
and forecasted movement of volcanic ash within the atmosphere, in order to minimise risks to the
aviation community. The volcanic ash advisories are produced using a combination of volcano
data, observations (from satellite, ground and aircraft), data from numerical weather prediction
(NWP) models and dispersion modelling. The role is operational; hence, advisories need to be timely
and frequent.

During large explosive volcanic eruptions, the buoyant ash plume can expand laterally to form an
umbrella cloud [1]. Gravitational spreading can dominate the transport and dispersion of the ash cloud
over distances ranging from tens to hundreds of kilometres from the source (and, for supereruptions,
potentially thousands of kilometres) [2–5]. Currently, lateral spread of umbrella clouds is not typically
included within the operational modelling activities conducted by VAACs using volcanic ash transport
and dispersion models (VATDMs).
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VATDMs typically represent advection by the mean ambient wind, diffusion due to
atmospheric turbulence, and gravitational settling of ash particles; however, these models often
lack parameterisations of spreading within umbrella clouds. This omission limits their ability to
accurately forecast ash clouds from large explosive eruptions. In particular, the radial expansion,
including upwind transport, of the ash cloud can be grossly underpredicted.

The underprediction of radial spread has been addressed in modelling activities in a variety
of ways. In some cases, the horizontal extent of the ash-cloud source within the VATDM has been
adjusted to account for the lateral spread. Based on satellite imagery of the Pinatubo ash cloud at
08:41 UTC on 15 June 1991, Witham et al. [6] used a cylindrical ash source with a diameter of 550 km.
The ash cloud in the initial hours of the climactic phase was not modelled and subsequent transport
and dispersion was assumed to be passive, with radial velocities within the umbrella cloud neglected.
This simplified approach did not, however, accurately represent the subsequent spread of the ash
cloud [6]. In a similar way, whilst using an inversion method to determine the altitude of the February
2014 Kelud ash cloud, Zidikheri et al. [7] assumed a cylindrical source with a diameter based on the
size of the umbrella cloud seen in satellite imagery. The horizontal extent of the modelled source was
used once again to account for the radial spread within the umbrella cloud. Alternative strategies
involve representing the lateral spread within the VATDM. In some studies, diffusion within the model
has been adjusted to match the observed spread of the ash cloud [8]. A wide range of diffusion
coefficients is expected, with different values required at different times and for different eruptions,
and large diffusion coefficients needed to represent the lateral spread of umbrella clouds. A different
strategy is to add, to the VATDM, an explicit parameterisation of lateral spread within the umbrella
cloud. Recent work by Costa et al. [4] and Mastin et al. [5] has developed representations of umbrella
cloud intrusions for the Eulerian models FALL3D and Ash3d, respectively. In these parameterisations,
a radial wind field is applied within the modelled umbrella cloud region, alongside the ambient mean
wind field.

The London VAAC uses the Lagrangian dispersion model NAME (Numerical
Atmospheric-dispersion Modelling Environment [9]), which hitherto has not explicitly represented lateral
spreading within umbrella clouds. Any accounting for umbrella clouds formed during large eruptions
would have been guided by observations and required manual adjustments to the VATDM forecasts. We
describe here a parameterisation of lateral spreading within umbrella clouds that has recently been added
to NAME (version 8.0) and which is designed to be used in an operational context when information
on the eruption may be limited and model runtime is key. Sections 2 and 3 describe the formation
of umbrella clouds, the governing equations for the lateral spread and the implementation of these
equations into NAME. In Section 4, we discuss the input parameters required by the parameterisation.
The eruptions of Pinatubo in 1991, Kelud in 2014, Calbuco in 2015 and Eyjafjallajökull in 2010 are used to
validate the parameterisation of lateral spread, as presented in Section 5. These case studies represent
eruptions of differing scales and are well observed by satellite. The satellite observations are available in
various forms (e.g., brightness temperatures or retrievals of ash column loads), reflecting the different
sources of this observational data. Nonetheless, all forms of satellite data used are suitable for indicating
the observed lateral spread of the umbrella cloud, since the edge of the cloud is characterised by sharp
gradients in ash column loads or sudden drop-offs in brightness temperatures. The paper ends with a
discussion of various issues in Section 6 and conclusions are drawn in Section 7.

2. Umbrella Cloud Dynamics

During explosive eruptions, the ejected volcanic material is rich in solid ash particles with a
density much greater than that of the surrounding atmosphere. Entrainment of ambient air into the
hot volcanic plume can reduce the plume density drastically, leading to a buoyant eruption column.
Strong plumes from explosive eruptions can rise above the tropopause, forming a vertical eruption
column. At the level of neutral buoyancy (HNBL), the density of the rising ash plume is the same as
that of the surrounding atmosphere and the plume is no longer buoyant. The plume continues to
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rise due to its momentum but, since it is now denser than its surroundings, it decelerates and the
overshooting plume finally reaches its maximum height (HT). The plume material then begins to
slump back down due to gravity, forming an intrusive gravity current which spreads laterally in an
expanding umbrella cloud. Due to continued entrainment, the height of the umbrella cloud intrusion
lies somewhere between the initial level of neutral buoyancy (HNBL) and the overshooting plume
top (HT).

3. The Umbrella Cloud Scheme

Equations governing the growth rate of the umbrella cloud are derived from conservation laws
in two ways. Sparks et al. [3], Costa et al. [4] and Mastin et al. [5] assumed an expanding cylindrical
umbrella cloud with time-varying radius R = R(t) and depth h̄ = h̄(t) (the average depth of the
umbrella cloud at time t), where t is the time since the start of the eruption/umbrella cloud formation.
By conservation of volume,

d
dt

(
πR2h̄

)
= Q, (1)

where Q is the volume flow rate of material (gas and ash) into the umbrella cloud. Conversely,
Woods [10] and Rooney and Devenish [11] considered a non-cylindrical shape with depth hR = hR(t)
at the leading edge. Assuming there is no change in shape to the already-formed umbrella cloud,

2πRuRhR = Q, (2)

by conservation of volume flux, where uR is the speed of the leading edge of the umbrella cloud.
In both derivations, entrainment within the umbrella cloud region is neglected and the eruption is
assumed to be steady. Based on results from models and experiments [10,11], the velocity of the
leading edge of the umbrella cloud (uR) is assumed to scale linearly with the cloud depth,

uR =
dR
dt

= λNh̄ or uR =
dR
dt

= FNhR, (3)

where N is the buoyancy frequency of the atmosphere at the height of the intrusion and λ and F are
empirical constants of order unity [3,4,11]. Substituting for h̄ or hR using Equation (3) and integrating
Equation (1) or (2), one obtains

R =

(
3λNQ

2π

)1/3
t2/3 =

(
3
2

)2/3(FNQ
2π

)1/3
t2/3, (4)

for R� R(0). The speed of the umbrella cloud front uR is given by

uR =
2
3

(
3λNQ

2π

)1/2
R−1/2 =

(
FNQ

2π

)1/2
R−1/2. (5)

Thus, the end result is the same, with F = 4λ/3.
There is some uncertainty in the value of the constants λ and F with values in the range 0.1–0.6

quoted in the literature [12,13]. Similar values are used within umbrella cloud parameterisations:
Costa et al. [4] and Mastin et al. [5] assumed λ = 0.2, Rooney and Devenish [11] took F = 4λ/3 = 0.3
(here, F is the Froude number of the gravity current) and Suzuki and Koyaguchi [14] used large-eddy
simulations (LES) to show that λ = 0.2 and λ = 0.1 are suitable values for eruptions in tropical and
midlatitude regions, respectively. Here, we follow Rooney and Devenish [11] and take F = 0.3 or
λ = 3F/4 = 0.225.

In line with other implementations of an umbrella cloud parameterisation [4,5], we compute a
time-dependent radial velocity field centred above the volcano vent. The radial velocity at the leading
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edge of the umbrella cloud, uR, is given by Equation (5). Within the umbrella cloud interior (r < R,
where r is the radial distance), Costa et al. [4] determined the radial velocity u(r) from

u(r) =
3
4

uR
R
r

(
1 +

1
3

r2

R2

)
, (6)

where uR is given by Equation (5). The derivation of Equation (6) assumes a cylindrical umbrella cloud,
the height of which h̄(t) varies with time. Consider, for a moment, a point at a fixed distance r from the
umbrella cloud centre and analyse the radial velocity u(r) at this point. If r � R, then u(r) ∝ R1/2/r
in Equation (6) and u(r) increases with time (along with R), reaching its maximum value at the end of
the eruption. This maximum value depends on the size of R and can be large for sustained eruptions
or for eruptions with giant umbrella clouds.

In the scheme presented here, we extrapolate Equation (5) to 0 < r < R, namely

u(r) =
2
3

(
3λNQ

2π

)1/2
r−1/2. (7)

Here, u(r) ∝ r−1/2 throughout the umbrella cloud, which, for r � R, gives substantially lower radial
velocities than Equation (6). Equation (7) can be viewed as assuming a steady flow field, where
u(r) is constant with time for a fixed r when r ≤ R(t). Both Equations (6) and (7) give the required
radial velocity at the leading edge (r = R) as given by Equation (5). Hence, the rate of growth of the
umbrella cloud will be the same under this parameterisation and that of Costa et al. [4] (note the use
of Equation (5) for uR in both) but with differences within the umbrella cloud in the rate of outward
radial transport, and in the resulting distribution of ash.

In Lagrangian models, large numbers of “model particles”, representing the emission of material
(here, volcanic ash), are advected within the model atmosphere due to the mean ambient wind,
atmospheric turbulence and, if appropriate, gravitational settling. Within the umbrella cloud, model
particles are also advected by the radial velocity u(r). Equation (7) is integrated to compute a radial
increment, ∆r, at each time-step, ∆t,

∆r = r(t + ∆t)− r(t) =

[(
3λNQ

2π

)1/2
∆t + r(t)3/2

]2/3

− r(t). (8)

This avoids issues with large radial velocities near to the vent in Equation (7), which, with ∆r = u(r)∆t,
would require small model time-steps. Within the umbrella cloud region (i.e., for r(t) ≤ R(t), where
R(t) is given by Equation (4)), this radial increment is added to the model particle’s advection alongside
components due to transport by the mean ambient wind and turbulence. Outside the umbrella cloud,
i.e., for r > R, u(r) is commonly assumed to be zero [5]. This gives a discontinuity in the radial
velocity, changing from uR to zero at the leading edge of the umbrella cloud. Lagrangian models are,
however, prone to particle accumulation issues in regions with such step changes (see Appendix A).
Consequently we employ a soft boundary instead, in which u(r)→ 0 for r > R, namely we make the
pragmatic choice

u(r) = uR

(
R
r

)5
=

2
3

(
3λNQ

2π

)1/2
R−1/2

(
R
r

)5
. (9)

Within the Lagrangian model, there is a trade-off between the rate at which the radial velocity tends
to zero outside of the umbrella cloud (to minimise excessive transport on the downwind edge) and
the amount of particle accumulation at the leading edge. Sensitivity tests suggest that u(r) ∝ r−5 (as
in Equation (9)) gives the required rapid decrease in the radial velocity outside the umbrella cloud,
without undue amounts of particle accumulation resulting in large unrealistic increases in predicted
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total ash column loads or ash concentrations at the leading edge. Integrating Equation (9) gives the
(suitably small) radial increment applied outside the umbrella cloud

∆r = r(t + ∆t)− r(t) =
[

R(t + ∆t)6 − R(t)6 + r(t)6
]1/6
− r(t). (10)

The implementation of radial spreading alongside transport and dispersion due to the ambient
mean wind and turbulence ensures that the appropriate behaviour is predicted. For large radial
velocities, lateral spreading will dominate the transport and dispersion, with upwind transport of the
ash cloud and near-circular cloud growth. The ash cloud reaches a stagnation point upwind when
the radial velocity and atmospheric wind velocity are equal in magnitude but opposite in direction.
The parameterisation is required, however, to be well-behaved for smaller eruptions, having minimal
effect when transport and dispersion are dominated by the mean ambient wind and atmospheric
turbulence. There may be scope to improve the scheme for eruptions in which radial velocities within
the umbrella cloud are comparable in size to ambient velocities. The simple addition of velocity fields
used here may not be as appropriate in these cases.

Despite the implementation of the scheme requiring the volume flow rate into the umbrella cloud
to be constant (i.e., steady), it does allow non-umbrella cloud sources without radial spreading (e.g.,
from different phases of the eruption or ash released from lower levels in the eruption column) to
be independently modelled alongside an umbrella cloud, if required, or, indeed, multiple distinct
umbrella clouds from different eruptive phases (and with differing volume flow rates) to be represented.
In line with other umbrella cloud parameterisations [4,5], radial spreading is terminated as soon as the
eruption ceases. Furthermore, mass conservation requires that the umbrella cloud thins as it expands
over time but parameterisations do not include this thinning. Vertical transport within the modelled
umbrella cloud is due solely to the ambient mean wind, turbulence and gravitational settling.

We note that Pouget et al. [15] proposed alternative umbrella cloud growth rates within different
flow regimes. Using the intrusion model developed by Johnson et al. [16], which solves a system of
“shallow-water” equations, and comparing the modelled umbrella cloud growth with that observed
by satellite, Pouget et al. [15] showed a transition between a buoyancy-inertial regime, where the
dominant force resisting spreading is the inertia of the displaced fluid (inertial drag), and a turbulent
drag-dominated regime late in the spread, where the buoyancy forces have decreased and the dominant
resisting force is the drag along the cloud interfaces. For long-lived eruptions, the growth of the
umbrella cloud was found to tend to R(t) ∝ t3/4 in the buoyancy-inertial regime and R(t) ∝ t5/9 in
the turbulent drag regime. Pouget et al. [15] noted that the growth rate approaches this asymptotic
behaviour at large time and, for a given time, the flow may not be fully in any particular regime.
The exponent of t will therefore vary with time. The growth rate used in our scheme (Equation (4):
R(t) ∝ t2/3) is not too dissimilar to that found by Pouget et al. [15], particularly since, as noted
above, the flow could be adjusting towards the asympototic behaviour. For short-lived eruptions,
Pouget et al. [15] found much smaller rates of growth: R(t) ∝ t1/3 in the buoyancy-inertial regime and
R(t) ∝ t2/9 in the turbulent drag regime.

4. Estimating Umbrella Cloud Parameters

Within the umbrella cloud scheme in NAME, volcanic ash is released over a finite layer at the
height of the intrusion. The depth of this modelled ash layer is expected to be greater than the depth
of the umbrella cloud since it represents uncertainty in the intrusion height. Except for the largest,
and most rapidly expanding, umbrella clouds, the model predicted ash cloud extent and position is
sensitive to the height and depth of this modelled ash layer when there is significant atmospheric
wind shear.

The volume flow rate into the umbrella cloud (Q) and the intrusion height are inputs required by
the scheme. In an operational setting, details of the eruption may be scarce. Consequently, these input
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parameters may need to be estimated from limited available observations. Simple empirical formulae
(as described below) can be used or 1D and 3D plume models can be run.

Plume heights are often reported during an eruption by the local volcano observatory.
For example, during Icelandic volcanic eruptions, the London VAAC receives regular reports from
the Icelandic Meteorological Office (IMO). These reports include plume height information, which is
based on radar measurements and other observations. The plume height measured by the radar is
subject to uncertainties due to discrete scanning angles. Furthermore, certain meteorological conditions
can lead to additional uncertainties if the plume top is not within view. For example, the viewing
perspective may obscure the plume top if, due to the ambient wind, the maximum plume height
occurs some distance downwind. In this case, the observed plume top may not be the maximum
plume height. Estimates of the ash cloud height can also be determined from satellite observations,
for example by comparing observed brightness temperatures with atmospheric profiles [17,18] or
by performing a 1D variational retrieval [19,20]. These satellite derived ash plume heights are also
subject to uncertainties, particularly for large stratospheric eruptions when the temperature of the
overshooting plume top can be significantly colder than the ambient temperature. Alternative plume
height measurement techniques include visual observations and other indirect methods, such as
estimating plume heights from ash deposits [21,22]. A summary of methods for determining ash
cloud heights is given in Taylor et al. (Table 1 in [23]). For all plume height measurements, however, it
is important, for modelling purposes, to understand if the reported height refers to the maximum
height reached by the overshooting plume or to the height of the atmospheric intrusion of ash.

4.1. The Umbrella Cloud Intrusion Height

The height of the intrusion is generally lower than the overshooting plume top but above the
level of neutral buoyancy of the rising plume (although, for simplicity, it is common to assume that
the height of the umbrella cloud and the level of neutral buoyancy are approximately the same).
If observations of the intrusion height are available (for example, from visual observations or derived
from satellite observations or from distributions of ash deposits), this height information can be input
directly by the user and would then be used within the model to govern the elevation of the release of
ash into the umbrella cloud.

If observations of the height of the umbrella cloud are not available, then an estimate is obtained
from the maximum plume height (HT). (Note that HT , together with all other height definitions
(e.g., HNBL), refers, in this paper, to height above vent level (avl).) In the 1D fluid dynamics and
thermodynamics model of Morton et al. [24], developed for simple single-phase Boussinesq plumes in
a linearly stratified environment, the height of the eruption column (HT) and the height of the level of
neutral buoyancy (HNBL) are given by

HT = C1k−1/2F1/4
0 N−3/4, (11)

HNBL = C2k−1/2F1/4
0 N−3/4, (12)

where C1 and C2 are constants of proportionality, k is an entrainment constant, F0 is the “initial”
buoyancy flux and N is the Brunt–Väisälä frequency of the atmosphere [14,24]. The driving force for
the umbrella cloud depends on HT − HNBL, which is proportional to HT . Likewise, the ratio of the
two plume heights (HNBL/HT) is constant (C2/C1). In a similar way, we assume that the height of the
umbrella cloud (HU) can be estimated according to

HU = CHT , (13)

where the value of the constant of proportionality (C) is based on results from large-eddy simulations
and numerical plume models [11,14], observations from previous eruptions and other information in
the literature, as detailed in Table 1.
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Table 1. Ratios of HU/HT and HNBL/HT obtained using various plume models and from some historic
eruptions. The Plumeria values are given as the mean ± one standard deviation and HU is taken to be
the equilibrium height of the downwind plume (the Plumeria simulations do not model an umbrella
cloud). For the Suzuki and Koyaguchi [14] simulations, “T” and “M” refer to tropical and midlatitude
atmospheres, respectively.

Source HU/HT HNBL/HT

3D model [14] 0.62–0.66 (T) 0.49–0.59 (T)
0.55–0.63 (M) 0.40–0.55 (M)

LES simulations [25] 0.85 0.65
Plume model [24] 0.76

Plume models detailed in 0.81–0.83 0.76–0.79
Rooney and Devenish [11]

Plumeria (dry) [26] 0.811 ± 0.042 0.749 ± 0.043
Plumeria (wet) [26] 0.845 ± 0.062 0.799 ± 0.070

Pinatubo (1991) 0.68
Calbuco (2015) 0.71
Kelud (2014) 0.71

Suzuki and Koyaguchi [14] used a 3D model to simulate explosive eruptions generating large-scale
umbrella clouds in both tropical and midlatitude atmospheres. From the simulations, the maximum
ash column height (HT), the altitude of the level of neutral buoyancy of the rising column (HNBL) and
the altitude of the umbrella cloud (HU) are determined. HU is systemically higher than HNBL due
to further entrainment of ambient air above the level of neutral buoyancy. The ratios of HU/HT and
HNBL/HT obtained from their simulations of eruptions on the scale of the climactic phase of the 1991
eruption of Pinatubo, in both tropical and midlatitude atmospheres, are quoted in Table 1.

Similar results are obtained from other models. Mastin [26] presented simulations using the
1D plume model Plumeria [27] in both dry and wet atmospheres. The mean and standard deviation of
the ratios HU/HT and HNBL/HT are given in Table 1. Large-eddy simulations by Devenish et al. [25]
are compared by Rooney and Devenish [11] to results from other models [24,28,29]. Table 1 shows the
ratio of HU/HT and HNBL/HT from all results presented by Rooney and Devenish [11].

Data from three historic eruptions which led to umbrella cloud formation are also included.
The ratio HU/HT is derived from the following assumed values: Pinatubo—the maximum plume
height is 37 km avl and the height of the umbrella cloud is 25 km avl [4,5,12]; Kelud—the overshooting
plume top is 26 km asl (above sea level), the umbrella cloud height is 19 km asl and the vent is
1.731 km asl [30]; and Calbuco—the maximum plume height is 23 km asl, the height of the umbrella
cloud is 17 km asl and the vent is 2.003 km asl [31,32].

When information on the height of the umbrella cloud is not available, we assume, based on the
data in Table 1, a modelled source with a top at a height 0.8HT and a base at a height 0.65HT . This gives
an elevated release of ash within a layer with depth 0.15HT which spans most of the umbrella cloud
heights given in Table 1. Ash is only released within this layer, using a uniform vertical distribution.
The mass release rate within the model represents only the fine ash fraction which survives near source
fallout and is therefore typically not related to the lateral spreading rate of the umbrella cloud or
estimates of the volume flow rate (see Section 5 for more details).

4.2. The Volume Flow Rate into the Umbrella Cloud

An estimate of the volume flow rate into the umbrella cloud (Q) is also required and this governs
the rate at which the ash cloud spreads laterally within the model. Observations can be used to
determine Q. This includes a simple method of estimating Q from observations of the maximum
plume height.

The growth rate of the umbrella cloud can be obtained from a time sequence of satellite images [32].
Using Equation (4) and the umbrella cloud radius (R) determined from satellite imagery at two different
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times (R(t1) and R(t2)), Q can be estimated. The estimated Q is an average value over the time period
[t1,t2]. Erupted mass estimates, obtained, for example, from mapped deposits, can also be used to
calculate volume flow rates from average mass eruption rates [5,32].

In the initial stages of an eruption, mapped deposits and long sequences of satellite imagery of
the ash cloud will not be available. An estimate of Q can, however, be made based on the maximum
height of the ash plume (HT). In the 1D model of Morton et al. [24], the volume flow rate is given by

Q = C3k1/2F3/4
0 N−5/4, (14)

where C3 is a constant of proportionality and k, F0 and N are as defined in Equation (11). Eliminating
F0 using Equation (11), one obtains a relationship between HT and Q, namely

Q =
C3

C3
1

k2NH3
T , (15)

where the ratio of the constants of proportionality can be determined from plume models and
large-eddy simulations. Using an entrainment coefficient value k = 0.085, Rooney and Devenish [11]
obtained Q/(NH3

T) = C3k2/C3
1 = 9.29× 10−3 from the large-eddy simulations of Devenish et al. [25].

From the results of the 3D plume model simulations by Suzuki and Koyaguchi [14], larger values of
Q/(NH3

T) = C3k2/C3
1 are obtained: between 0.035 and 0.071 (for simulations in a tropical atmosphere)

and between 0.023 and 0.078 (for simulations in a midlatitude atmosphere). Suzuki and Koyaguchi [14]
estimated effective values for the entrainment coefficient k, with k = 0.1 in tropical atmospheres and
for relatively small-scale eruptions in midlatitude atmospheres, and with k < 0.07 for large-scale
eruptions in midlatitude atmospheres. These model simulations indicate that there is some uncertainty
in the constants in Equation (15), which, in turn, translates into significant uncertainty in the estimated
volume flow rates (as shown in Section 5).

Bursik et al. [33] gave an approximate relationship between Q (in m3 s−1) and HT (in m avl),

Q =

(
HT
287

)1/0.19
, (16)

which is derived from fitting an empirical equation to numerical results. We show in Section 5 that the
predicted lateral spread, obtained from the umbrella cloud scheme using volume flow rates estimated
from this empirical equation, agrees reasonably well with observations for a wide range of scales
of eruptions.

5. Validation

Here, we compare NAME model predictions of the spread of the volcanic ash cloud with satellite
imagery from four historic eruptions of differing scales: Pinatubo in 1991, Eyjafjallajökull in 2010,
Kelud in 2014 and Calbuco in 2015. Table 2 details the input NWP meteorological data used in the
NAME simulations. Model runs are conducted with and without the umbrella cloud parameterisation.
Without the umbrella cloud parameterisation, two source options are assessed: the default London
VAAC setup which releases ash uniformly from the volcano vent to the maximum plume height HT
(hereafter labelled “Uniform”) and a release of ash within an elevated layer (labelled “Upper”). Note
that the “Upper” simulations use an identical source term as the umbrella cloud simulations, with ash
released uniformly within an elevated layer of depth 0.15HT and with the top of the layer at the
known height of the umbrella cloud top. The modelled mass release rate is calculated independently
of the volume flow rate and is obtained for each eruption from HT using the empirical equation of
Mastin [26]. Only the fine ash fraction which does not deposit near the source is modelled and this is
assumed to be 5% of the Mastin [26] value. The default particle size distribution used within NAME
by the London VAAC for volcanic ash particles in the size range 0.1–100 µm diameter is adopted [34].
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Table 2. The NWP meteorological fields used as input for the NAME simulations. Note the increase in
spatial resolution of Global MetUM over time.

Eruption Meteorological Temporal Spatial # Vertical
Dataset Resolution Resolution Levels

Pinatubo ERA-Interim 3-hourly 0.75◦ × 0.75◦ 60
(1991) (ECMWF)

Eyjafjallajökull Global MetUM 3-hourly 0.35◦ × 0.23◦ 70
(2010) (Met Office)

Kelud Global MetUM 3-hourly 0.35◦ × 0.23◦ 70
(2014) (Met Office)

Calbuco Global MetUM 3-hourly 0.234◦ × 0.156◦ 70
(2015) (Met Office)

The model simulations for each eruption are presented in turn and the results are
then summarised.

5.1. Pinatubo

The climactic phase of the 1991 eruption of Mount Pinatubo (15.13◦ N, 120.35◦ E) began at
04:40 UTC on 15 June 1991 and resulted in an ash column reaching a height of almost 40 km. A large
umbrella cloud formed (see Figure 1a), expanding radially over an area of more than 1000 km in
diameter in less than 11 h [12]. Large radial velocities, up to 20 m s−1, within the umbrella cloud
resulted in significant upwind spread.

For modelling the climactic phase, we assume an overshooting plume top of 37 km avl [4,12].
In line with other modelling studies of the Pinatubo eruption, which revealed inconsistencies between
satellite imagery of the ash cloud and the reanalysis NWP wind direction [4,5], we rotate the
ERA-Interim wind fields anticlockwise by 30 degrees. Following Costa et al. [4] and Mastin et al. [5],
we take N = 0.02 s−1 and assume a 9 h release with an umbrella cloud top at 25 km asl, in agreement
with Geostationary Meteorological Satellite (GMS) observations [12].

The outline of the observed umbrella cloud at hourly intervals starting at 05:40 UTC on 15 June
1991 is shown in Figure 1a [12]. Corresponding predicted ash clouds obtained from NAME simulations
are shown in Figure 1b–i. Model simulations without representing the lateral spread within the
umbrella cloud are shown in Figure 1b,c. In Figure 1b, a uniform release between the vent and
37 km avl is represented. (The vent is taken to be 1.7455 km asl.) The “Upper” simulation in Figure 1c
uses a uniform release over an elevated layer with a vertical extent of 5.55 km and a top at 25 km asl,
corresponding to the umbrella cloud top observed in satellite images.

Figure 1d–i shows NAME model predictions using the umbrella cloud parameterisation with
different estimates of Q (as given in Table 3) and an umbrella cloud top at 25 km asl. Figure 1f
uses an average volume flow rate of Q = 5.8× 1010 m3 s−1 determined by Mastin et al. [5] from
estimates of the erupted volume. In comparison, Costa et al. [4] subdivided the climactic phase into
three intervals: (i) 04:40–07:10 UTC with an eruption height of 37 km avl and a volume flow rate of
1.29× 1011 m3 s−1; (ii) 07:10–11:40 UTC with an eruption height of 31.5 km avl and a volume flow rate
of 9.5× 1010 m3 s−1; and (iii) 11:40–14:40 UTC with an eruption height of 26 km avl and a volume flow
rate of 3.7× 1010 m3 s−1. The largest estimated volume flow rate into the Pinatubo umbrella cloud
in Table 3 is 6.56× 1011 m3 s−1 and is obtained using the plume model of Devenish [35], assuming a
plume height of 37 km avl. This plume model includes the effects of moisture and the ambient wind.
Other estimates in Table 3 of the volume flow rate into the Pinatubo umbrella cloud are determined
using Equations (15) and (16), assuming HT = 37 km and N = 0.02 s−1.
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Figure 1. Observed (a) and modelled (b–i) growth of the Pinatubo umbrella cloud at hourly
intervals from 05:40 to 14:40 UTC on 15 June 1991. Simulations (b,c) do not use the umbrella cloud
parameterisation and are described in Section 5. Simulations (d–i) use the umbrella parameterisation
with different estimates of the volume flow rate, Q. The modelled ash contour denotes ash column
loads of 0.5 g m−2 (approximately the ash detection level of satellite instrumentation) and indicates an
outline of the predicted umbrella cloud. Satellite observations are digitised from Holasek et al. [12].
The volcano location is marked by a green triangle.
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Table 3. Volume flow rates of material (gas and ash) into the umbrella cloud, estimated from
observations, from the maximum plume height (HT) or from plume models. The sources of data
are indicated using symbols as follows:- ♥[24], [[33], ][35], †[4], ‡[5], ?from −50 ◦C and −30 ◦C
11 µm brightness temperature contours [36] and ♦[32] with N = 0.014 s−1 (4with N = 0.02 s−1).
The constant of proportionality in Equation (15) is determined from large-eddy and plume model
simulations described in §[11] and \[14].

Volume Flow Rate (km3 s−1)

Eruption From From HT From HT Plume
Observations (Equation (15) ♥) (Equation (16) [) Model ]

Pinatubo
129 †, 58 ‡ 9.4 §, 35–72 \ 128 656(1991)

Kelud 12.7–17.3 ? 2.7 §, 9.9–20 \ 14 33(2014)

Calbuco (i) 5.5 ♦ (3.9 4)
1.7 §, 4.3–15 \ 6.5 15

(2015) (ii) 7.8 ♦ (5.5 4)

Eyjafjallajökull – 0.1 §, 0.3–0.9 \ 0.05 0.4(2010)

5.2. Kelud

An explosive eruption of the Kelud volcano (7.93◦ S, 112.308◦ E) occurred at 15:50 UTC on 13
February 2014. The initial lateral blast was followed by a brief pause before a short-lived (<3 h)
explosive eruption resulted in a stratospheric ash plume and the formation of an umbrella cloud.
Satellite imagery indicated an overshooting plume top reaching a height exceeding ∼26 km and a
rapidly expanding umbrella cloud with a top around 18–19 km asl [30]. From analysis of the growth
rate of the umbrella cloud, Hargie et al. [36] determined that the emission of ash for this phase of the
eruption began ∼16:09 UTC.

For modelling the eruption of Kelud on 13 February 2014, we assume an overshooting plume top
of 26 km asl [30]. We take N = 0.02 s−1 and assume a release from 16:09 to 18:59 UTC with an umbrella
cloud top at 19 km asl, in line with satellite observations [30].

Figure 2 compares NAME model simulations of the February 2014 Kelud ash cloud with satellite
data at 18:19 UTC from MTSAT geostationary satellites. Model simulations without representing the
lateral spread within the umbrella cloud are shown in Figure 2a,b. In Figure 2a, a uniform release
between the vent and 26 km asl is represented. (The vent is taken to be 1.731 km asl.) The “Upper”
simulation in Figure 2b uses a uniform release within a layer with a vertical extent of 3.54 km and a
top at 19 km asl, corresponding to the umbrella cloud observed in satellite images.
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Figure 2. Modelled ash column loads (filled contours in g m−2) and 11 µm brightness temperature
satellite observations (orange open contour: 210 K) of the Kelud umbrella cloud at 18:19 UTC on
13 February 2014 (2 h, 10 min after the eruption start). Model simulations in (a,b) do not use the
umbrella cloud parameterisation and are described in Section 5. Simulations in (c–h) use the umbrella
parameterisation with different estimates of the volume flow rate, Q. The volcano location is marked
by a green triangle. Satellite data are from MTSAT [36].

Figure 2c–h compares satellite observations, of the Kelud umbrella cloud at 18:19 UTC on
13 February 2014, with NAME model predictions obtained using the umbrella cloud parameterisation
with different estimates of Q (as given in Table 3) and an umbrella cloud top at 19 km asl. Figure 2f uses
an average volume flow rate obtained from the umbrella cloud expansion rate determined from satellite
imagery [36] and assuming N = 0.02 s−1. Other estimates of Q are obtained using the plume model of
Devenish [35] and Equations (15) and (16) with N assumed to be 0.02 s−1 and HT = 24.269 km avl.

5.3. Calbuco

The eruption of Calbuco volcano (41.33◦ S, 72.618◦ W) in southern Chile on 22 and 23 April 2015
occurred with little warning. Two explosive phases occurred in the initial stages of the eruption,
with maximum plume heights of at least 23 km asl recorded by weather radar [31]. The ash cloud was
transported north-eastwards and observed by satellite. Phase 1 began at 21:04 UTC on 22 April 2015
and ended at 22:35 UTC. Phase 2 began a few hours later at 03:54 UTC on 23 April 2015 and ended at
10:00 UTC, with a drop in activity sometime between 05:38 and 06:38 UTC. The height of the umbrella
clouds were reported to be 14.5–15.5 km asl (Phase 1) and 16.9–17.3 km asl (Phase 2) [32].
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Fall deposits were analysed and used to obtain mass eruption rates and total bulk volume
estimates of ash [32]. These estimates could be used to infer the volume flow rate into the umbrella
cloud. Here, we use, instead, umbrella cloud expansion rates calculated by Van Eaton et al. [32] from
infrared images from the GOES-13 satellite. Using Equation (4), a calculated buoyancy frequency of
0.014 s−1 and λ = 0.2, Van Eaton et al. [32] obtained volume flow rate estimates from the observed
umbrella cloud expansion rates. The estimated volume flow rates for both phases are given in Table 3.
The buoyancy frequency used by Van Eaton et al. [32] is an average atmospheric value over the eruption
column, calculated as described in Equation (10) of Mastin [26]. The value of N required in Equation (4)
is, however, the atmospheric value at the level of the intrusion which, for large stratospheric eruptions,
is expected to be approximately 0.02 s−1. Using N = 0.02 s−1, the observed lateral spread can be
obtained with slightly lower estimates of the volume flow rate: Q = 3.9× 109 m3 s−1 for Phase 1 and
5.5 ×109 m3 s−1 for Phase 2. (Note that the assumed value of λ also contributes some uncertainty
to the estimated Q.) The precise value of Q is, of course, only relevant for comparing the estimated
volume flow rate to other estimates. Provided that the product λNQ has the required value, the correct
lateral spread will be predicted by the model.

For modelling the two phases of the eruption of Calbuco on 22 and 23 April 2015, we assume
an overshooting plume top of 23 km asl [31,32]. We take N = 0.02 s−1 and assume a release during
21:04–22:34 UTC on 22 April 2015 with an umbrella cloud top at 16 km asl for Phase 1 and, for Phase 2,
a release during 04:00–10:00 UTC on 23 April 2015 with an umbrella cloud top at 17 km asl. We assume
a steady eruption throughout each phase.

Figure 3 compares NAME model simulations of the ash cloud from the two-phase eruption of
Calbuco in April 2015 with satellite data from GOES-13 at 07:08 UTC on 23 April 2015. Figure 3a,b
shows model simulations without representing the lateral spread within the umbrella cloud.
In Figure 3a, a uniform release between the vent and 23 km asl is represented. (The vent is taken to be
2.003 km asl.) The “Upper” simulation in Figure 3b releases ash within an elevated layer, with a vertical
extent of 3.15 km (both phases) and a top at 16 km asl for Phase 1 and at 17 km asl for Phase 2. There
is an offset in the downwind position of the satellite observed and model predicted ash cloud from
Phase 1. Van Eaton et al. [32] estimated that the observed ash clouds from GOES-13 were displaced
approximately 15 km south, due to parallax from the oblique view of the satellite, but without any
substantial distortion of their shape or area. This only partially accounts for the discrepancy in the
downwind location of the observed and modelled ash cloud from Phase 1 and errors in the modelled
ash cloud must also exist. These “modelling errors” may be inaccuracies in the timing or height of the
ash release, or errors in the input meteorological data.

Figure 3c–g compares satellite observations to NAME model predictions obtained using the
umbrella cloud parameterisation with different estimates of Q (as reported in Table 3). There is
a disagreement in the orientation of the ash cloud from Phase 2, with the modelled cloud from
Phase 2 heading northeastwards and the observed ash cloud heading in a more northerly direction.
Atmospheric wind shear is evident in this case and the downwind direction is strongly influenced by
the ash release height. The discrepancy in the orientation of the ash cloud may be indicative of a slight
error either in the NWP model winds or in the height and/or depth of the modelled umbrella cloud.
Better agreement is obtained if the umbrella cloud top for Phase 2 is assumed to be approximately
19–20 km asl. Figure 3e uses an average volume flow rate determined (as described above) from the
umbrella cloud expansion rate obtained from satellite observations by Van Eaton et al. [32]. Other
estimates of Q are obtained using the plume model of Devenish [35] and Equations (15) and (16) with
N assumed to be 0.02 s−1 and HT = 21.997 km avl.
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Figure 3. Modelled ash column loads (filled contours in g m−2) and GOES-13 brightness temperatures
in the 11 µm channel (open contours: yellow (225 K) and red (255 K)) of the Calbuco ash cloud at
07:08 UTC on 23 April 2015 (3 h 8 min after the start of Phase 2). Model simulations in (a,b) do not
use the umbrella cloud parameterisation and are described in Section 5. Simulations in (c–g) use the
umbrella parameterisation with different estimates of the volume flow rate, Q. The volcano location is
marked by a green triangle.

5.4. Eyjafjallajökull

It is important that the umbrella cloud parameterisation is well behaved for all scales of eruptions,
representing well the lateral and upwind spread within umbrella clouds formed during large explosive
eruptions and, at the same time, having negligible effect for small scale eruptions. The scale of the
eruption of the Icelandic volcano Eyjafjallajökull (63.63◦ N, 19.62◦ W) in April and May 2010 was
relatively small, with no reports of umbrella cloud formation and maximum plume heights up to
10 km asl. To assess the performance of the umbrella cloud parameterisation for such small-scale
eruptions, we study a period in early May when explosive activity began to increase again and the
resulting ash cloud was well observed by satellites.

For simulating this period of the eruption of Eyjafjallajökull, we model an overshooting plume
top of 10 km asl starting at 18:30 UTC on 5 May 2010 [34]. The vent is taken to be 1.666 km asl. As no
umbrella cloud formation was reported, we use an elevated layer estimated by default from HT by
the parameterisation, namely ash is released uniformly between 7.083 and 8.333 km asl. For small
eruptions without an overshooting plume, the user could choose to set the “umbrella cloud top” to the
maximum plume height, thereby releasing ash in a layer at the top of the plume. We take, as before,
N = 0.02 s−1, although we note that, for this tropospheric eruption, this may be a little too large and
consequently the predicted lateral spread may be overdone.

Figure 4 compares NAME model simulations of the Eyjafjallajökull ash cloud at 13:00 UTC on
6 May 2010 with SEVIRI satellite data. Differences between the modelled ash clouds in the simulations
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are very small (cf. Figure 4a–g). We note that the modelled ash clouds are transported further
downwind from the source than the ash cloud observed by SEVIRI. This may be because atmospheric
cloud was obscuring the ash cloud, some atmospheric ash was below levels detectable by SEVIRI or,
alternatively, the release of ash from this phase of the eruption either began later than 18:30 UTC or
occurred lower in the atmosphere where wind speeds were less.

Figure 4a,b shows model simulations in which the lateral spread of any umbrella cloud is not
represented. Figure 4a has a uniform release of ash from the vent to 10 km asl, and, in Figure 4b,
an elevated release between 7.083 and 8.333 km asl is used. The NAME model predictions in
Figure 4c–g are obtained using the umbrella cloud parameterisation with different estimates of Q (as
given in Table 3). The estimated volume flow rates into the “umbrella cloud” are small in comparison
to the other eruptions studied and are obtained assuming HT = 8.334 km avl (10 km asl). Similarities
between the NAME predicted ash clouds in Figure 4a–g indicate that transport and dispersion by the
atmospheric mean wind and turbulence dominates here. Furthermore, these plots suggest that precise
estimates of the volume flow rate and the buoyancy frequency of the atmosphere at the ash injection
level are not important for eruptions on this scale.
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Figure 4. Modelled (filled contours in g m−2) and SEVIRI satellite observations (orange open contour
corresponding to ash retrievals of 0.5 g m−2) of the Eyjafjallajökull ash cloud at 13:00 UTC on
6 May 2010. Model simulations in (a,b) do not use the umbrella cloud parameterisation and are
described in Section 5. Simulations in (c–g) use the umbrella parameterisation with different estimates
of the volume flow rate, Q. The volcano location is marked by a green triangle.
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5.5. A Summary of the Simulation Results

For large umbrella-cloud-forming eruptions, model simulations without representation of the
umbrella cloud dynamics do not capture the observed radial spread of the ash cloud. In these
simulations, transport of the predicted ash cloud is primarily governed by the atmospheric winds
and the ash release height. There are noticeable differences between the “Uniform” and “Upper”
simulations due to the release of ash at different heights in the model atmosphere. For Pinatubo,
the “Uniform” simulation (Figure 1b) has more downwind transport than the “Upper” simulation
(Figure 1c) (indicative of higher wind speeds aloft) and some upwind spread (signalling a different
wind direction at lower levels in the atmosphere). The modelled Kelud ash cloud from the “Uniform”
simulation (Figure 2a) has both northeasterly and southwesterly transport (indicative of different wind
directions at different levels of the atmosphere), whereas the ash cloud from the “Upper” simulation
(Figure 2b) is transported southwesterly from the vent. During the second phase of the Calbuco
eruption, atmospheric wind shear is clearly evident, with ash being transported in different directions
at different heights. This wind shear produces significant lateral spread in the ash cloud from the
“Uniform” release scenario and the modelled ash cloud agrees quite well with satellite observations,
despite having no representation of the umbrella cloud dynamics (see Figure 3a). The observed upwind
transport of the Calbuco ash cloud is not, however, predicted.

The volume flow rate (Q) into the umbrella cloud increases with the scale of the eruption.
Estimated volume flow rates, obtained for a particular eruption using the different methods, vary in
excess of an order of magnitude (see Table 3). Model simulations, conducted using the umbrella cloud
parameterisation, show that the predicted lateral spread has significant sensitivity to the estimated
volume flow rate. Values of Q obtained from observations (for example, from estimates of erupted
volume or from analyses of umbrella cloud growth rates) give predicted ash clouds which agree well
with satellite observations (see Figures 1f, 2f and 3e). The estimated volume flow rate into the Pinatubo
umbrella cloud given by Costa et al. [4] results in an overprediction of the lateral spread of the ash
cloud (see Figure 1h). We note, however, that this value of Q applies only for the initial period from
04:40 to 07:10 UTC [4], whereas it has been used here throughout the climactic phase. Costa et al. [4]
suggested lower values of Q (and eruption height) after 07:10 UTC but, as implemented in NAME,
the umbrella cloud scheme does not allow such a decrease in Q to be represented. Hence, it may be
more appropriate to adopt an average volume flow rate over the climactic phase, such as employed by
Mastin et al. [5].

The methods used to estimate the volume flow rate into the umbrella cloud from the observed
maximum height of the ash plume (HT) give a range of values for Q, which lead to significant variation
in the radial spread of the ash cloud. The smallest estimates of Q are obtained using Equation (15),
with the constant of proportionality determined from the large-eddy simulations described by Rooney
and Devenish [11]. Using this estimate of Q, we find that the lateral and/or upwind spread of the
umbrella cloud is underpredicted (see Figures 1d, 2c and 3c). The largest values of Q are obtained using
the plume model of Devenish [35] and lead to an overestimation in the lateral and upwind spread
predicted by the umbrella cloud parameterisation, excessively so for Pinatubo (Figures 1i, 2h and 3g).
In an intercomparison exercise of 1D and 3D volcanic plume models, however, mass eruption rates
obtained by the plume model of Devenish [35] were found to be in line with rates determined by other
models, for strong eruptions similar in scale to Pinatubo in 1991 [37]. The excessive spread seen in
Figure 1i may be partly caused by the fact that, as discussed above, the assumed eruption height of
37 km avl is only appropriate for the initial few hours of the climactic eruption.

There is better agreement between satellite observations and model simulations of the ash clouds
when the volume flow rate in the umbrella cloud parameterisation is obtained from Equation (15)
with the constant of proportionality determined from the 3D plume model simulations in Suzuki
and Koyaguchi [14]. For Pinatubo and Kelud, the 3D plume model simulations “T3” and “T1” by
Suzuki and Koyaguchi [14], conducted in a tropical atmosphere, are used to give lower and upper
estimates, respectively, of the volume flow rate. For Pinatubo, the lower estimate of Q underpredicts
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the lateral spread of the ash cloud (see Figure 1e), whereas the modelled ash cloud using the upper
estimate (Figure 1g) shows good agreement with satellite imagery. We note that the “T1” plume model
simulation (used for the upper estimate in Figure 1g) is similar in scale to the 1991 eruption of Pinatubo,
with an overshooting plume top of 37.4 km and an umbrella cloud with a height of 23.3 km [14].
For Kelud, we see that the modelled ash clouds using both these lower and upper estimates of
Q agree reasonably well with satellite imagery of the umbrella cloud (Figure 2d,g). For Calbuco,
the midlatitude 3D plume model simulations “M3” and “M1” [14] are used to obtain lower and upper
estimates, respectively, of the volume flow rate. The ash cloud using this upper estimate of Q (Figure
3g) overpredicts the lateral and upwind spread of the umbrella cloud. Conversely, using this lower
estimate of Q (Figure 3d), we find that the lateral and upwind spread of the predicted ash cloud region
with ash column loads above 5 g m−2 agrees reasonably well with the extent of the satellite brightness
temperature contours, aside from the discrepancy in the orientation of the ash cloud.

The volume flow rates estimated using Equation (16) concur with those obtained from other
observations (see Table 3). The modelled ash clouds using estimates of Q from Equation (16) agree well
with satellite observations for both the Kelud and Calbuco eruptions (Figures 2e and 3f). Compared to
the satellite imagery, the lateral and upwind spread of the Pinatubo umbrella cloud in Figure 1h is a
little excessive. However, this may be due, at least partly, to modelling a sustained eruption height
of 37 km avl throughout the climactic phase. In general, for the three large eruptions studied here,
volume flow rates estimated using Equation (16) appear to give the most accurate predictions of lateral
spread when only the maximum plume height is known and further information on the volume flow
rate is not available. We also observe that the umbrella cloud scheme has minimal effect for modelling
small eruptions when transport of the ash cloud is governed by the ambient winds (Figure 4c–g).

6. Discussion

The volume flow rate into the umbrella cloud (Q) is known to govern the rate of lateral spreading
and the umbrella cloud scheme introduced into NAME requires this input variable to be specified or
estimated. Different ways of obtaining Q from either basic information or more detailed observations
have been explored. Estimates of Q vary by at least an order of magnitude (see Table 3). In turn,
for large explosive eruptions, the predicted lateral spread has a strong dependency on the estimated
volume flow rate, resulting in significantly different ash cloud extents.

In an operational setting, information concerning the eruption is likely to be limited, at least in the
initial stages. Consequently, empirical equations to estimate Q from basic information concerning the
maximum plume height HT have been tested. Equation (15) is obtained from the 1D integral plume
model of Morton et al. [24]. Various plume model and large-eddy simulations from the literature have
been used to determine the constant of proportionality. The largest constant of proportionality (and
hence the largest estimated volume flow rate from Equation (15)) is derived from a 3D plume model
simulation on the scale of the 1991 climactic phase of the eruption of Pinatubo [14]. This estimate of
Q results in a good prediction of the lateral spread of the 1991 Pinatubo umbrella cloud. However,
we found that the lateral spread of umbrella clouds from smaller scale eruptions is overestimated.
Conversely, when the constant of proportionality was derived from smaller scale plume model
simulations, the lateral spread of the Pinatubo umbrella cloud was underestimated. In other words,
the constant of proportionality in Equation (15) appears to be eruption-scale dependent. Further
work is required to explain this but we note that Equation (15) was originally developed for idealised
single-phase Boussinesq plumes in linearly stratified environments.

On the other hand, the empirical equation of Bursik et al. [33] (Equation (16)), obtained from a fit
to data, was seen to work reasonably well over a wide range of eruption scales, with the increased
exponent of HT (which is ∼5 in Equation (16), compared with 3 in Equation (15)) ensuring an increase
in Q (and in the lateral spread) for large eruptions but a decrease for small eruptions. For this reason,
the operational implementation of the umbrella cloud parameterisation in NAME uses, as default,
the Bursik et al. [33] formulation to estimate Q.
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The use of 1D volcanic plume models to estimate Q has also been explored. These types of models
account for the effects of the ambient wind, moisture, etc. in the ash plume. Relatively large volume
flow rates were estimated using the model of Devenish [35] and the subsequent modelled lateral
spread of the umbrella cloud was generally overpredicted. Further work is required to understand
the large estimates for Q obtained using plume models, particularly for the large-scale eruptions.
Coupling an umbrella cloud scheme to a plume model would then be worth exploring at a later date.

We show how additional observations, including mapped deposits and a series of satellite images,
can be used, as they become available, to refine estimates of the volume flow rate into the umbrella
cloud from an initial first guess and to improve model predictions.

Modelling of the eruption of Calbuco in 2015 highlighted the importance of accurately
representing the height of the umbrella cloud within the modelling. Atmospheric wind shear and
higher wind speeds aloft can translate errors in the ash release height into errors in the orientation of
the modelled umbrella cloud, in the upwind stagnation point and in the distance travelled downwind.
Fortunately observations of the umbrella cloud height are often promptly available. However,
for situations when this is not the case, we suggest in this paper an ash release height range, based
on the maximum plume height HT . Both this emission height range estimate and the method for
estimating the volume flow rate from the maximum plume height would, no doubt, benefit from
further validation and from testing in an operational context during an eruption.

The parameterisation in its current form assumes a steady eruption in which Q is constant
throughout. This has the benefits of a simple and efficient parameterisation. In reality, however, there
are likely to be changes in activity over time. Changes to the volume flow rate into the umbrella
cloud will result in an adjustment to the growth rate of the umbrella cloud. A limitation of the simple
parameterisation implemented here in NAME is that it cannot reproduce this change in behaviour.
The change in activity is also likely to be accompanied with a modification to the maximum plume
height and potentially to the height of the umbrella cloud. This suggests a complex situation where
the injection of ash may or may not feed into the previously formed umbrella cloud. Knowing details
of the variation of plume properties over time and developing a parameterisation to make use of this
information and to accurately predict the changing behaviour of the growth of the umbrella cloud
seems very challenging, particularly in an operational modelling context.

The derivation of the equations determining the rate of lateral spread of the umbrella cloud
(Equations (4) and (5)) assumes a thinning of the umbrella cloud depth with time (dh̄/dt or
dhR/dt < 0). The implementation here does not thin the umbrella cloud over time; there is no
vertical motion within the umbrella cloud, aside from the usual components due to the atmospheric
mean vertical wind, atmospheric turbulence and gravitational settling. Thinning of the umbrella
cloud over time is similarly not included in umbrella cloud parameterisations in other VADTMs [4,5].
This means that the parameterisation is not divergence free and hence ash concentrations within the
umbrella cloud may be less accurately predicted than column loads. Modelling the thinning of the
umbrella cloud in the NAME parameterisation is the subject of future work.

Aside from all of this, the simple implementation has been seen to be useful in an
operational modelling setting, enabling predictions of the position of the ash cloud from large
umbrella-cloud-forming explosive eruptions to be greatly improved in a timely fashion.

7. Conclusions

A parameterisation to represent the lateral spread within umbrella clouds has been introduced
into the Lagrangian model NAME, resulting in substantial improvements to ash cloud predictions
from large explosive eruptions. Results are in good agreement with other umbrella cloud modelling
studies using Eulerian models [4,5]. Satellite observations of ash clouds from past eruptions have been
invaluable for model validation.

The scheme has been designed for operational use with no impact seen on model runtime.
Reasonable model agreement with satellite observations is obtained using only basic information
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on the eruption to estimate the required input parameters. As more information and observations
become available, these input parameters can be refined, leading to improvements in the ash cloud
predictions. The scheme has the potential to greatly improve forecasts of the predicted ash cloud
location and extent issued by the VAACs during large explosive umbrella-cloud-forming eruptions.
Further validation would increase confidence and give a better understanding of performance for
different eruptions. Furthermore, testing of the parameterisation during an actual eruption would
enable operational forecasters to gain familiarity and see the benefits for themselves.

8. Data Statement

Model output from the NAME simulations appear in the Supplementary Materials to this paper.
Satellite retrievals from SEVIRI observations shown in Figure 4 also appear in the Supplementary
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Abbreviations

The following abbreviations are used in this manuscript:

asl above sea level
avl above vent level
ECMWF European Centre for Medium-Range Weather Forecasts
GMS Geostationary Meteorological Satellite
GOES Geostationary Operational Environmental Satellite
IMO Icelandic Meteorological Office
MTSAT Multi-functional Transport Satellites
NAME Numerical Atmospheric-dispersion Modelling Environment
NWP Numerical Weather Prediction
SEVIRI Spinning Enhanced Visible and InfraRed Imager
UTC Coordinated Universal Time
VAAC Volcanic Ash Advisory Centre
VATDM Volcanic Ash Transport and Dispersion Model

Appendix A. Particle Accumulation

Lagrangian models are prone to particle accumulation issues in regions with discontinuities in
the modelled flow or turbulence field. Figure A1 shows NAME predicted ash column loads within
the Pinatubo ash cloud at 09:40 UTC on 15 June 1991 obtained with a step change in the umbrella
cloud radial velocity: u(r) = uR at r = R (Equation (5)) and u(r) = 0 for r > R, where R is the
umbrella cloud radius at time t given by Equation (4). Model particles can accumulate along this
discontinuity resulting in unrealistically high predicted ash column loads and air concentrations along
the downwind edge of the theoretical predicted umbrella cloud (Equation (4)).
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Figure A1. Modelled ash column loads within the Pinatubo ash cloud at 09:40 UTC on 15 June 1991
showing issues with particle accumulation on the leading edge of the theoretical umbrella cloud radius
predicted by Equation (4). The volcano location is marked by a green triangle.
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