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Abstract: In the semiconductor industry, positioning accuracy and acceleration are critical parameters.
To improve the acceleration speed of a motor, this paper proposes the moving-coil maglev planar
motor with a concentric winding structure. The coordinate system has been built for the multiple
degrees of freedom movement system. The Lorenz force method has been applied to solve its
electromagnetic model. The real-time solving of the generalized inverse matrix of factors can realize
the decoupling of the winding current. When the maglev height changes, the electromagnetic force
and torque decreases exponentially with the increase of the air gap. To decrease the influence on
control system performance by the internal model change and the external disturbance, this paper
proposes an improved active disturbance rejection control (ADRC) to design the controller. This new
controller overcomes the jitter phenomenon due to the turning point for the traditional ADRC, thus it
is more suitable for the maglev control system. The comparison between ADRC and the improved
ADRC has been conducted, the result of which shows the improved ADRC has greater robustness.
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1. Introduction

Lithography is the most important and complicated aspect in integrated circuit manufacturing; the
manufacturing accuracy determines the integration degree and performance of the manufactured chip.
The highly-accurate two-dimensional stepper is the core element of lithography. The two-dimensional
stepper driven directly by the maglev permanent magnet planar motor has many advantages, such as
quick response, high accuracy, and simple structure [1–4]. It can also work in a vacuum environment,
which can meet the requirement of next-generation ultraviolet lithography technology [5,6]. Thus,
it has caught the attention of many researchers in the field of high-accuracy planar directly-driven
lithography [7–12].

High thrust density is a very important factor in the design of the planar motor to achieve the
goal of high acceleration. Meanwhile, the simple winding structure is needed for easy manufacturing.
Therefore, a maglev core-less planar motor adopting the concentric winding structure is proposed in
this paper. The most common structure of the primary of the planar motor consists of multiple sets of
rectangular windings and the windings are deviated 90 degrees from each other [13]. The proposed
maglev planar motor adopts concentric windings with a square structure. The primary section of the
motor uses the same windings and they are arranged as a matrix. This motor has many advantages,
such as high winding utilization rate, good dynamic performance, and no cogging force [14],
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thus a motor of this structure is very suitable for the application in high-accuracy two-dimensional
movement. Meanwhile, the effective winding length is increased in the concentric winding structure.
Thus, on the condition that the whole system is controllable, fewer phases are needed for the same
mover area, reducing the required number of drive units accordingly. This is another significant
advantage of the proposed concentric winding structure.

The electromagnetic model of the traditional rectangle winding is simple, but its short edge
will not generate a horizontal force. As a result, to make this planar motor possible, other sets of
rectangular windings rotated 90 degrees are needed [15,16], while the concentric winding in the
proposed maglev planar motor adopts the square structure. The square structure leads to a more
complex electromagnetic model and, therefore, the decoupling control of the current in the concentric
winding is important for realizing the high-precision control of the whole drive system. It has to
be controlled in six degrees of freedom because of the active magnetic bearing, even though the
planar motor mover can only move relatively small distances in the x-y plane. Therefore, the maglev
permanent magnet synchronous planar motor control system is a strong coupling, nonlinear, and
multivariable system because the motion of the mover has multiple degrees of freedom and the
magnetic field produced by the permanent magnet decreases nonlinearly in the vertical direction.

The classical PID controller is the most commonly used controller in industrial automation for
its simple structure, high stability, high reliability, simple adjustment, etc. The extra external cable
disturbance can impact the performance of the planar motor directly; therefore, the external disturbance
force needs to be considered when designing the control system [17,18]. To solve this problem, active
disturbance rejection control (ADRC) is proposed for designing the controller [19–21]. ADRC has low
requirements for the modeling accuracy and it can observe the disturbance in multiple degrees of
freedom through the extended state observer and implement compensation for it. Thus, it has been
widely used in the control field.

The maglev planar motor system is a complex, multi-input, multi-output coupling system.
The active disturbance rejection control (ADRC) is very suitable for this system because it demands
a relatively low modeling accuracy, and the extended state observer can observe the coupling
disturbance in different degrees of freedom. Thus, the compensation can be achieved to decrease the
influence of the disturbance. The damping for the maglev system is close to 0, which requires the
controller to realize smooth control for stability. The nonlinear function curve of the traditional ADRC
inevitably causes the system jitter. The new nonlinear function can make the ADRC controller more
suitable for the maglev system.

First, this paper explains the working principle of the moving-coil maglev planar motor with the
winding structure, and then solves the planar motor electromagnetic model decoupling. Second,
an improved active disturbance rejection control (ADRC) is designed, considering the control
characteristic of the maglev planar motor. Finally, the disturbance is imposed on the traditional
and advanced controllers, respectively, to test their robustness to random disturbance.

2. Motor Structure and Working Principle

2.1. Structure

Figure 1 shows the core-less moving-coil maglev permanent magnet planar motor which has the
concentric winding structure. It consists of a mover, a stator, and the gap between them. The mover
consists of the base plate and the winding array, and the stator consists of the yoke plate and the
permanent magnet array. The winding array on the mover is made of 16 concentric windings, which
are arranged as a 4 × 4 matrix. The distance between the adjacent winding centers is 6.5 times the pole
pitch, which is the pole pitch of the permanent magnet array. An independent drive unit is applied to
each set of the windings and power is supplied by cables. The stator permanent magnet is arranged in
a Halbach structure, which can increase the flux density near the coils.
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Figure 1. The maglev planar motor structure.

2.2. Working Principle

The working principle of the proposed planar motor is described as follows: The permanent
magnet generates a magnetic field, in which the windings with current in them will generate
electromagnetic force and electromagnetic torque. There is no constraint on the motor mover, thus the
mover can move in six degrees of freedom. The electromagnetic force and torque on the winding are
not only related to the current in it, but also influenced by the relevant position change between the
stator and the mover. To realize the full control of the movement in six degrees of freedom, all of the
windings on the mover need to be controlled properly. After the 16 windings are fixed to the mover,
the position of the 16 windings relevant to the stator can be known by the relevant position between
the mover and the stator. Thus, the relationship between the electromagnetic forces (and torques)
and the respective current in the winding can be derived. Through the decoupling calculation, we
can obtain the needed current in each winding for the expected forces and torques. Therefore, the
multiple-degrees-of-freedom control of the proposed maglev planar motor can be realized.

3. Electromagnetic Model and Current Decoupling

3.1. Electromagnetic Model Analysis

3.1.1. Parameter and Coordinate Definition

Figure 2 shows the model of the concentric winding in the Halbach magnetic field. This can be
seen from Figure 2 that one set of concentric windings consists of the outer and inner coils. They
are connected in series, but the currents circulating in them are in opposite directions. To simplify
the calculation, each of them is simplified into four different cuboids. τn is the pole pitch; lw is the
equivalent linear length of the outer coil; ln is the equivalent linear length of the inner coil; wc is the
coil width; hc is the coil height; and ct and cb are the height coordinate positions of the coil.
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Two different coordinate systems are defined in Figure 2. The first one is the stator global
coordinate system denoted with the superscript m, which is fixed on the top face of the stator permanent
magnet. It can be expressed as:

mx =
[

mx my mz
]T

(1)

The second one is the mover local coordinate system denoted with the superscript c, which is
fixed on the mover bottom surface center. It can be expressed as:

cx =
[

cx cy cz
]T

(2)

The coordinate position of the j-th winding center in the mover local coordinate system can be
expressed as:

cxj =
[

cxj
cyj

czj

]T
(3)

The position vector transformation between the mover local coordinate system and the stator
global coordinate system is expressed as:

p =
[

px py pz

]T
(4)

3.1.2. Magnetic Flux Density Distribution

In general, only the first harmonic component is taken into account in the maglev planar motor
force and torque analytic model to realize the fast calculation. In Figure 2, under the stator global
coordinate system the permanent magnet magnetic flux density function [13,22] is shown as:

mB(mx) = −e−
π
τn

mz mBxy(
mx) = e−

π
τn

mz


Bxy√

2
sin
(

π
τn

mx
)

− Bxy√
2

sin
(

π
τn

my
)

Bz
2

(
cos
(

π
τn

mx
)
− cos

(
π
τn

my
))

 (5)

where Bxy and Bz are the magnetic flux density in the horizontal and vertical, respectively.
The magnetic flux density function in the global coordinate system can be transformed into that

of the mover local coordinate system, and it is expressed as:

cB(cx, p) = cRm
mB(mRc(

cx + p)) (6)

where:
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3.1.3. Electromagnetic Force and Torque

According to Lorenz’s law of force, the electromagnetic force and torque on the winding can be
derived as:

F = −
y

V

J× BdV (9)

T = −
y

V

r× (J× B)dV (10)

where B is the magnetic flux density of the magnet array , J is the volume current density in the coil,
V is the volume of the coil, and r is the vector from the point about which the torque is calculated.

In the model of Figure 2, the winding can be simplified into four cuboids, and the volume current
J can be equated into the surface current Js. The volume integral of the force and torque can be split
into an integral over cz and a surface integral over cx and cy. In the mover local coordinate system,
the electromagnetic force and torque can be derived as:

cFj = −Cz

x

s

cJs × cBxy(
cx, p)dcxdcy (11)

cTj = −Cz

x

s

 cx
cy
crz

× (cJs × cBxy(
cx, p)

)
dcxdcy (12)

where:

Cz =

cb∫
ct

e−
π
τn

mzdmz =

cb∫
ct

e−
π
τn (

cz+pz)dcz (13)

and crz is the equivalent force arm in the cz-direction.
The positive current direction is assumed the same as the positive axis direction. The methods

to calculate the forces on the inner and outer coils are the same. Taking the outer coil as an example,
the force and torque can be calculated as:

cFjout = −Cz

 cyj−
lw
2 + wc

2∫
cyj−

lw
2 −

wc
2

cxj+
lw
2∫

cxj−
lw
2

 Js

0
0

× cBxy(
cx, p)dcxdcy

+

cyj+
lw
2∫

cyj−
lw
2

cxj+
lw
2 + wc

2∫
cxj+

lw
2 −

wc
2

 0
Js

0

× cBxy(
cx, p)dcxdcy

+

cyj+
lw
2 + wc

2∫
cyj+

lw
2 −

wc
2

cxj+
lw
2∫

cxj−
lw
2

 −Js

0
0

× cBxy(
cx, p)dcxdcy

+

cyj+
lw
2∫

cyj−
lw
2

cxj−
lw
2 + wc

2∫
cxj−

lw
2 −

wc
2

 0
−Js

0

× cBxy(
cx, p)dcxdcy



(14)
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cTjout = −Cz

 cyj−
lw
2 + wc

2∫
cyj−

lw
2 −

wc
2

cxj+
lw
2∫

cxj−
lw
2

 cx
cy
crz

×

 Js

0
0

× cBxy(
cx, p)

dcxdcy

+

cyj+
lw
2∫

cyj−
lw
2

cxj+
lw
2 + wc

2∫
cxj+

lw
2 −

wc
2

 cx
cy
crz

×

 0

Js

0

× cBxy(
cx, p)

dcxdcy

+

cyj+
lw
2 + wc

2∫
cyj+

lw
2 −

wc
2

cxj+
lw
2∫

cxj−
lw
2

 cx
cy
crz

×

 −Js

0
0

× cBxy(
cx, p)

dcxdcy

+

cyj+
lw
2∫

cyj−
lw
2

cxj−
lw
2 + wc

2∫
cxj−

lw
2 −

wc
2

 cx
cy
crz

×

 0
−Js

0

× cBxy(
cx, p)

dcxdcy



(15)

Solving Equations (14) and (15), we can obtain the forces and torques on the winding as follows:

cFxj = C1Cz JsBzsin
(
π

τn

(
cxj + px

))
(16)

cFyj = −C1Cz JsBzsin
(
π

τn

(
cyj + py

))
(17)

cFzj =
√

2C1Cz JsBxy

(
cos
(

π

τn

(
cxj + px

))
− cos

(
π

τn

(
cyj + py

)))
(18)

cTxj =
cyj

cFzj − crz
cFyj +

√
2Cz JsBxysin

(
π

τn

(
cyj + py

))
(C1 − C2)

τn

π
(19)

cTyj = −cxj
cFzj +

crz
cFxj +

√
2Cz JsBxysin

(
π

τn

(
cxj + px

))
(C1 − C2)

τn

π
(20)

cTzj =
cFyj

cxj − cFxj
cyj (21)

where:

C1 = 2
τn

π
sin
(
π

τn

wc

2

)(
lwsin

(
π

τn

lw
2

)
− lnsin

(
π

τn

ln
2

))
(22)

C2 = sin
(

π
τn

wc
2

)(
l2
wcos

(
π
τn

lw
2

)
− l2

ncos
(

π
τn

ln
2

))
+ wccos

(
π
τn

wc
2

)(
lwsin

(
π
τn

lw
2

)
− lnsin

(
π
τn

ln
2

))
(23)

3.2. Current Decoupling

From the system perspective, the input of the motor drive system is the current in each of the
16 windings, and the output is the force and torque in the six degrees of freedom. It is a multi-input and
multi-output coupling system. Thus, the decoupling current control of each winding is particularly
critical to realize the overall performance of the control system. In the proposed maglev planar motor,
there are 16 sets of independent windings. Each set of windings can generate the forces and torques in
different directions. The total force and torque on the mover mass center can be seen as the sum of
those on the 16 sets of windings. The electromagnetic force and torque on each set of winding can be
expressed as:

W =
[

Fx Fy Fz Tx Ty Tz

]T
(24)

Based the above derived electromagnetic force and torque equation, the relation of them with the
current can be expressed as:

W = K(p)i (25)

i =
[

i1 i2 · · · i16

]T
(26)
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K(p) =



Fx1(p) Fx2(p) · · · Fx16(p)
Fy1(p) Fy2(p) · · · Fy16(p)
Fz1(p) Fz3(p) · · · Fz16(p)
Tx1(p) Tx2(p) · · · Tx16(p)
Ty1(p) Ty2(p) · · · Ty16(p)
Tz1(p) Tz2(p) · · · Tz16(p)


(27)

where p is the position vector and K(p) is a coefficient matrix about the electromagnetic force and
torque relevant to the position.

It can be seen from Equation (25) that the forces and the torques can be calculated when the
current in the winding is known. In practical control, however, the current in each winding needs to be
derived based on the expected forces and torques. The currents can be derived through the generalized
inverse matrix method. In general, more than one answer can be obtained in the above process. To get
only one answer for the practical control, we still need to add extra constraints. The heat loss has a
significant impact on the performance of the control system and, therefore, we choose the answer that
can generate the least heat loss. This extra constraint is expressed as:

i = argmin
i
‖i‖2 (28)

The Moore-Penrose generalized inverse matrix of K(p) is shown as:

K−(p) = K(p)T
(

K(p)K(p)T
)−1

(29)

Thus, we can derive the current in each winding as:

i = K−(p)W (30)

From Equation (30) the needed current in each winding to obtain the desired forces and torques
can be derived, and the derived current is the input of the maglev planar motor.

3.3. Dynamics Model

The dynamics model of the mover can be seen as linear. It can be simply expressed as:

M
..
p + G = W (31)

M =



m 0 0 0 0 0
0 m 0 0 0 0
0 0 m 0 0 0
0 0 0 Ix 0 0
0 0 0 0 Iy 0
0 0 0 0 0 Iz


(32)

G =
[

0 0 mg 0 0 0
]

(33)

..
p =

[
..
x

..
y

..
z

..
ϕ

..
θ

..
φ
]T

(34)

where m is the mover mass; g is the gravitational acceleration; Ix, Iy, and Iz are the rotary inertia.
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4. Control System Design

4.1. Control System Structure

To realize the control on the six degrees of freedom for the maglev planar motor control
system, the closed loop control for each degree of freedom is needed. After adopting the above
decoupling method to decouple the winding current, the six position inputs can control the six outputs
independently with an independent controller, respectively, as shown in Figure 3a. In Figure 3a, pref is
the given position vector; Wref is the needed force and torque on each degree of freedom; iref is the
needed current in each of the 16 windings; W is the generated forces and torques on the six degrees
of freedom; s is the disturbance on each degree of freedom; and p is the displacement vector of the
planar motor.
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ADRC is an advanced new non-linear control technology developed in recent years based on
the nonlinear PID control [23–25]. ADRC mainly consists of a tracking differentiator (TD), extended
state observer (ESO), and nonlinear states error feedback (NLSEF). To realize the position parameter
adjusting, this paper adopts the second-order ADRC controller shown in Figure 3b.

4.2. ADRC Controller Design

A TD is used to handle the transient process and obtain the differential signal. This paper adopts
the fastest discrete state observer and the algorithm is shown as:{ .

r1 = r2
.
r2 = −1.76Rr2 − R2(r1 − r)

(35)

where r is the input signal, r1 is the tracking signal of r, r2 is the differential signal of r1, and R is the
speed factor.

The ESO is the core part of the ADRC. The function of it is to estimate the object state based on
the system output. The system external disturbance and the model internal disturbance are treated as
the total disturbance; ESO can observe the extended state of the nonlinear uncertain object to realize
the feedback control and disturbance compensation. The second-order ADRC adopts the third-order
ESO, the mathematic model of which is shown as:
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ε = v1 − p
.
v1 = v2 + β1fal(ε,α1, δ1)
.
v2 = v3 + β2fal(ε,α2, δ2) + b0u(t)
.
v3 = −β3fal(ε,α3, δ3)

(36)

fal(e,α, δ) =

{
|e|αsign(e) |e| > δ

e
δ1−α |e| ≤ δ (37)

where p is the system output, v1 is the tracking signal of p, v2 is the differential signal of v1, v3 is the
tracking signal of the system disturbance, ε is the deviation signal, b0 is the disturbance compensation
coefficient, u(t) is the compensation control input, α is the nonlinear factor, and δ is the filtering
factor (δ > 0).

The nonlinear factor α is normally 0.5, 0.25, or 0.125. The parameters β1, β2, and β3 are determined
by the sampling step. They can be set as:

β1 = 1/h,β2 = 1/
(

3h2
)

,β3 = 2/
(

64h3
)

(38)

where h is sampling step length.
The core point of the feedback is to eliminate the deviation through the deviation feedback.

NLSEF adopts the deviation nonlinear combination instead of the linear combination in the traditional
PID, which can increase the control accuracy of the control system. The algorithm is shown as:

e1 = r1 − v1, e2 = r2 − v2, e0 =
∫

e1dt
u0 = k0fal(e0,αI, δI) + k1fal(e1,αP, δP) + k2fal(e2,αD, δD)

u(t) = u0 − v3/b0

(39)

where k0, k1, and k2 are the deviation, differential, and integration gains, respectively.

4.3. Improved ADRC Controller

In the traditional ADRC, the function fal(•) is shown as Equation (37). When δ is equal to 0.3, and
α is equal to 0.3, 0.4, and 0.5, the characteristic of the function fal(•) is shown in Figure 4a. fal(•) is a
nonlinear function; the gain decreases when the deviation increases. It can be seen from Figure 4a that
the function fal(•) characteristic curve is not smooth with turning points. A lot of simulation result has
shown that this non-smooth characteristic will cause the vibration.
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It can be seen from Equation (13) that the electromagnetic force and torque decrease exponentially
with the increase of the relative air gap height. Thus, the stable control of the air gap height is essential
for the planar motor performance. Considering the electromagnetic force and torque characteristics of
the maglev planar motor, this paper proposes a new function newfal(•), which is shown in Figure 4b.
For the new function, the deviation decreases with the increase of the gain; the characteristic curve is
also very smooth. The new function is shown as:

newfal(e,α,β,γ) = γ

(
1− 1

(αe)β + 1

)
sign(e) (40)

where γ, α, and β are the adjusting factors.

5. Validation and Analysis

The calculation results of this electromagnetic model can be validated by using the harmonic
model [26,27], and the characteristics of the control system are verified in MATLAB/Simulink (2014a,
Mathworks, Natick, MA, USA)with motor parameters shown in Table 1. There are three main purposes
for the validation. The first is to validate the electromagnetic model. The second is to validate the
decoupling control of the improved ADRC. The third is to compare the control performance of the
improved ADRC and the traditional ADRC when there is an external disturbance.

Table 1. The planar motor parameters.

Parameter Value Unit

Pole pitch τn 17.68 mm
Winding width wc 11.8 mm
Winding height hc 7 mm

Outer coil equivalent length lw 76.7 mm
Inner coil equivalent length ln 41.3 mm

Air gap h 1 mm
x-axis moment of inertia Ix 0.268 kg·m2

y-axis moment of inertia Iy 0.268 kg·m2

z-axis moment of inertia Iz 0.533 kg·m2

Mover mass m 20 kg
Vertical component of magnetic flux density Bz 0.8 T

Horizontal component of magnetic flux density Bxy 0.566 T
Acceleration of gravity g 9.8 m/s2

Number of turns N 180 -

5.1. Electromagnetic Model Validation

The computation model of the maglev planar motor is verified by comparison with the harmonic
model. The harmonic coefficient is set to be 1, the current of ±1 A is imposed on certain groups of
windings and the range of motion is set be ±37.56 mm in both x and y direction.

The peak values calculated by the harmonic model are 59.78 N for Fx and Fy, 119.56 N for Fz,
7.47 N·m for Tx and Ty, and 2.49 N·m for Tz. It can be seen from Figure 5 that the error of the deduced
model of the maglev planar motor in this paper is minor, and the maximum of the error is 1.33% for
the force and torque. Compared with the well-known harmonic model, the proposed model has high
accuracy and can easily realize practical application, as well.
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5.2. Decoupling Validation

The position step signal is given as the reference signal into the six inputs of the control system,
respectively. The decoupling can be validated by observing the influence of one input reference signal
on the other five degrees of freedom. The simulation time is set to be 0.07 s. One millimeter or 1 mrad
is given as the reference signal and they are provided at 0 s, 0.01 s, 0.02 s, 0.03 s, 0.04 s, and 0.05 s,
respectively. The simulation result is shown in Figure 6.
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It can be seen from the simulation result that when the position of each axis changes, other sets
of axes show little fluctuation. For instance, when the y-axis increases from 0 mm to 1 mm at 0.02 s,
the position of φ-axis fluctuates between 10−6 mm intervals according to its angle curve with step
response. When φ-axis increases from 0 mrad to 1 mrad at 0.03 s, the position of θ-axis fluctuates
between 10−6 mm intervals seen from its angle curve with step response. Thus, it can be seen that the
output of each degree of freedom only responds to its respective input and, thus, the decoupling of the
proposed developed ADRC is validated.

5.3. Disturbance Analysis

To compare the performance under external disturbance of the improved ADRC and the
traditional ADRC controller, a random disturbance with the amplitude of 10 N or 1 N·m is put
into the control system. The simulation time is set to be 0.1 s; the six reference signals are all kept
constant at 0. The simulation result is shown in Figure 7.
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It can be seen from Figure 7 that under the random external disturbance, the position fluctuation
for the developed ADRC is much smaller than that of the traditional ADRC. The root mean square
deviation method is applied to make the quantitative analysis for the data in Figure 7a. The value of the
x-axis is 0.0386 µm, y-axis is 0.0351 µm, z-axis is 0.0336 µm, φ-axis is 0.0588 µrad, θ-axis is 0.0612 µrad,
and the φ-axis is 0.0768 µrad. The same method is applied for the data in Figure 7b, the value of the
x-axis is 0.0149 µm, y-axis is 0.0132 µm, z-axis is 0.0121 µm, φ-axis is 0.0382 µrad, θ-axis is 0.0335 µrad,
and the φ-axis is 0.0481 µrad. It can be seen that, through the deviation analysis, the influence on the
planar motor position from force and torque disturbances is weakened by applying the improved
ADRC. Thus, it can be concluded that the proposed developed ADRC has better anti-disturbance
performance compared with the traditional ADRC.
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6. Conclusions

This paper builds a multi-degree, real-time electromagnetic model for a maglev planar motor
with concentric windings. Decoupling the 16 input winding current allows the control system possible
to work in the six degrees of freedom independently. After the decoupling, the position controller
can be designed for each degree of freedom. To improve the system robustness to the disturbance,
this paper proposes an improved ADRC controller taking the maglev characteristics into account.
It overcomes the non-smooth characteristics of the nonlinear function and decreases the amount of
the system jitter. Thus, it is more suitable for the control of the maglev planar motor system. The step
disturbance signal is imposed on one degree of freedom to test the influence on the other five degrees
of freedom. Furthermore, the disturbance has been applied on the load side to test the robustness of
the traditional ADRC and the improved ADRC. The result shows that the improved maglev control
system has higher robustness than that of the traditional ADRC. The proposed maglev planar motor
is applied in position servo systems. Further study will be focused on the trajectory planning of this
system and the optimization of the dynamic performance of the controller.
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