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Abstract: The problem of ship collision avoidance path planning is one of the key problems in the
ship motion control field. Aiming at the high computational time problem of path planning in
multi-ship encounter situations and the impact of the target ship’s action changes on path planning,
this paper proposes a dynamic path-planning method based on dynamic cluster analysis (DCA),
which is used to dynamically cluster target ships with similar attributes into a group ship, reducing
the number of calculated targets and improving the efficiency of path planning. Taking into full
consideration the action requirements of the International Regulations for Preventing Collisions at
Sea (COLREGs), the course alteration action matrix (CAAM) for collision avoidance is established
to limit the space of candidate solutions. On the basis of the rapid optimization capability of the
deterministic optimization algorithm (DOA), a dynamic monitoring mechanism is introduced to
establish a multi-ship encounter intelligent collision avoidance decision-making model that meets
the needs of real-time collision avoidance. The simulation results showed that the method can obtain
a dynamic collision avoidance path that is safe and feasible.

Keywords: multi-ship encounter; collision avoidance; path planning; dynamic cluster analysis

1. Introduction

Multi-ship encounter collision avoidance path planning is a hot research topic in the
field of ship motion control. Many methods have been used to solve this problem. As
early as the 1980s and 1990s, a knowledge-based system was used for multi-ship encounter
collision avoidance path planning [1,2]. The problems of decision-making blind spots and
low decision-making efficiency are affected by the collision avoidance knowledge base and
reasoning mechanism.

Analytical geometry methods are also used for collision avoidance path optimization.
In [3], a cooperative path planning algorithm was proposed, and the concept of ship priority
was used in the algorithm. However, only three typical encounter situations (the overtaking,
head-on, and crossing situations) were considered, and Rule 18 and 19 of the COLREGs
were not considered. For the multi-ship encounter situation, the uncertainty of the target
ship’s action makes this cooperative collision avoidance difficult to achieve in the practice
of ship collision avoidance. In [4], a deterministic collision avoidance path optimization
algorithm TBA (Trajectory Base Algorithm) was proposed, which effectively shortened the
calculation time but did not consider the action changes of the target ship. The CCDWA
(COLREG-compliant dynamic window approach) was used to solve the collision avoidance
problem in ref. [5]. However, this method only considers three typical encounter situations
between the two ships and does not consider the changes in the action of the target ship.

Control theory methods are also used for collision avoidance path optimization [6–8].
In [9], a concept of a ship collision avoidance system based on model predictive control was
proposed. This algorithm considers the action changes of the target ship and the constraints
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of the COLREGs. With an increase in the number of target ships, the computational
complexity of the algorithm increases, which affects the decision-making time. A combined
nonlinear model predictive control (NMPC) method was used for trajectory tracking and
collision avoidance [10]. However, this approach only considers three typical encounter
situations and does not take into account the collision-avoidance action requirements of
the COLREGs.

Fuzzy logic methods are used for collision avoidance path optimization. Aiming at
the problem of collision avoidance in complex multi-ship encounter situations, ref. [11]
proposed a Fuzzy–Bayesian ship intelligent collision avoidance decision-making model to
achieve continuous collision avoidance actions. In addition, this method was upgraded in
ref. [12], but the action changes of the target ship were not considered. In [13–15], Fuzzy
theory was employed to infer the collision risk index for collision avoidance, but Rules 18
and 19 of the COLREGs were not considered.

Artificial Potential Field (APF) has been used for collision avoidance path optimization
in some studies [16–18]; the principle is to guide the target to avoid obstacles through the
action rules of Virtual Field Force (VFF). Ref. [19] proposed a multi-vessel cooperative
path planning method based on APF, which makes collision avoidance decisions according
to the priority of target vessels. Additionally, the uncertainty of the action of the target
ship makes it difficult to realize the coordinated path planning scheme. Ref. [20] proposed
a COLREGs-constrained real-time path-planning method for autonomous ships using
modified artificial potential fields; this method has high decision-making efficiency, but it
only considers three typical encounter situations.

Evolutionary algorithms are also used for multi-ship encounter collision avoidance path
optimization. In [21], the decision to avoid the four target ships took about 900 s. A multi-
vessel path planning method based on an evolutionary algorithm was proposed [22,23]
called ESoSST (Evolutionary Sets of Safe Ship Trajectories). Subsequently, the method was
used in TSS (Traffic Separation Scheme) waters [24], as well as in waters with restricted
visibility [25]. ESoSST is a cooperative path planning method, and the computational time
is about 10–30 s.

The swarm intelligence optimization algorithm has been used for collision avoidance
path optimization. A method of ship collision avoidance path planning based on the ant
colony optimization (ACO) algorithm has been proposed [26,27], which assumes that target
ships maintain their course and speed. The simulation results show that the decision-
making time to avoid four target ships and eight target ships can reach up to 29 s and 57 s,
respectively. In [28], particle swarm optimization (PSO) was used for the path planning
problem of unmanned surface vehicles with currents effects, but the targets were static.

The differential game theory method is also used for collision avoidance path op-
timization [29,30]. The method takes into account the action changes of the target ship.
However, the drawback is that the high computational complexity in multi-ship encounters
reduces the decision-making efficiency.

Distributed decision-making methods are used for collision avoidance path optimiza-
tion [31,32]. These methods rely on information exchange and negotiation between ship
agents to make collision avoidance decisions, but they are not applicable to non-agent ships.

The velocity obstacle (VO) method, based on the relative motion principle in physics, is
also used for ship collision avoidance path optimization. In [33], VO was used for avoiding
dynamic targets, but only three typical encounter situations were considered. Ref. [34] used
VO to avoid target ships with predictable trajectories, but the constraints of the COLREGs
were not considered.

With the rapid development of artificial intelligence technology, there has been re-
lated research on the application of machine learning in the field of ship collision avoid-
ance [35,36]. In [37], a concise deep reinforcement learning obstacle avoidance method
was presented, but the target ships were static. Ref. [38] proposed an automatic collision
avoidance of multiple ships method based on deep Q-learning, but only three typical
encounter situations were considered. In [39], deep reinforcement learning was used for
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AUV (autonomous underwater vehicle) obstacle avoidance planning, but the constraints of
the COLREGs were not considered. Moreover, when machine learning deals with complex
problems, it is often inefficient because of the high amount of computation.

In view of the above literature review, this paper presents a DCA-based collision
avoidance path planning method for marine vehicles in presence of a multi-ship encounter
situation. The proposed method fully takes into account the constraints of the COLREGs
and the changes in the action of the target. The purpose of the method is to give an optimal
collision avoidance path quickly and dynamically. The rest of the paper is organized as
follows. In Section 2, a simplification of an encounter situation based on DCA is presented.
The multi-ship encounter intelligent collision avoidance decision-making method is given
in Section 3. Simulation results are shown in Section 4, and conclusions are given in
Section 5.

2. Simplification of Encounter Situation Based on DCA

In practice at sea, in fishing areas, in TSS waters, or in habitual waterways, for a group of
ships with a similar course, speed and position are often encountered (e.g., a fleet of fishing
vessels). In the process of collision avoidance, the officer on watch (OOW) usually considers
such a group of ships as one target. On the basis of this collision avoidance logic, it is possible
to simplify the multi-ship encounter situation. In this paper, a dynamic cluster analysis (DCA)
method is used to classify the target ships with similar attributes as group ships.

2.1. Cluster Analysis Method

In this paper, the Hierarchical Clustering Method (HCM) is used. The method divides
the n samples into n classes, and then, the two classes with the closest attributes are merged
into a new class by calculating the distance DG. After multiple clustering, all samples are
merged into one class, and then a dendrogram is drawn. Finally, the number of classes and
the sample composition of classes are determined.

2.1.1. Calculation of Distance between Samples

Suppose there are n samples Xi (i = 1, 2, . . . , n), and each sample has m attributes; xij
(j = 1, 2, . . . , m) represents the j-th attribute value of the i-th sample.

dij is the Euclidean distance between Xi and Xj.

dij =

[
m

∑
k=1

(xim − xjm)
2

]1/2

(1)

xj and sj represent the sample mean and standard deviation of the j-th attribute value,
respectively. The calculation formula is as follows.

xj =
1
n

n

∑
i=1

xij (2)

sj =

[
1

n− 1

n

∑
i=1

(
xij − xj

)2
]1/2

(3)

x′ij represents the normalized data of each attribute value.

x′ij =
xij − xj

sj
(4)

The standardized Euclidean distance d′ij can be obtained by calculation Formula (5).

d′ij =
[

m

∑
k=1

(x′im − x′jm)2

]1/2

(5)
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2.1.2. Calculation of the Distance between Classes

In this paper, the Group Average Method was used to calculate the distance between
classes. There are two classes, Gp1 and Gp2, containing qp1 and qp2 samples, respectively.

The distance DG between two classes is calculated as follows.

DG(p1, p2) =
1

qp1 · qp2

qp1

∑
i=1

qp2

∑
j=1

d′ij (6)

2.2. Group Ship Model

Suppose the target ship’s course is Cts, the speed is Vts, the distance to own ship (OS) is
Dts, and the true bearing is TBts. Take each target ship (TS) as the sample of cluster analysis,
choose Cts, Vts, Dts, and TBts as characteristic indices, and multiple target ships with a close
course, speed, and position are classified into one group ship (GS).

The constraints of the cluster analysis are as follows. If the course difference of the
target ships is more than Ec degrees, the speed difference of the target ships is more than Ev
knots, or the distance between the target ships is greater than 2SD (safe distance), these
three cases cannot be classified as one class. Ec, Ev, and SD are not fixed and can be
determined according to specific encounter situations.

N target ships (TS1–TSn) are classified into K (K ≤ N) group ships (GS1–GSk) on
the basis of the HCM. GSp (p = 1, 2, . . . k) contains qp (1 ≤ qp ≤ N, q1 + . . . + q2 = N)
target ships. The domain of GSp is a circle, the central position is (xgsp, ygsp), the radius is
Rgsp, the course is Cgsp, the speed is Vgsp, DCPAgsp is the distance to the closest point of
approach (DCPA) from the center of GSp to OS, and the passing distance to OS is SDgsp.
The calculation formula of each variable of GSp is as follows.

xgsp = (max(xtsqp) + min(xtsqp))/2
ygsp = (max(ytsqp) + min(ytsqp))/2

Rgsp = ((max(xgsp)−min(xgsp))
2 + (max(ygsp)−min(ygsp))

2)
1/2

Cgsp = average(Ctsqp)
Vgsp = average(Vtsqp)

SDgsp = abs(DCPAgsp)− Rgsp

(7)

where xtsqp is the X coordinate value of each target ship in GSp; ytsqp is the Y coordinate
value of each target ship in GSp; Ctsqp is the course of each target ship in GSp; Vtsqp is the
speed of each target ship in GSp.

Two samples of the group ship are shown in Figure 1.
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2.3. Dynamic Cluster Analysis

The cluster analysis method was introduced for the collision avoidance problem [40],
but it does not consider the action changes of the target ship. Actually, when the action of
the target ship changes, it may be necessary to re-cluster the target ships to simplify the
encounter situation. In order to realize the dynamic cluster analysis of the target ships, it
is necessary to detect the action changes of the target ship, and the detection period is set
as Tc. When it is detected that the course difference between the target ships exceeds the
threshold Ec or the speed difference exceeds the threshold Ev, the clustering analysis is
performed again. A flow chart of the DCA of the target ships is shown in Figure 2.
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3. Multi-Ship Encounter Intelligent Collision Avoidance Decision-Making
3.1. Course Alteration Action Matrix

In order to determine the course-altering direction of the collision avoidance path, this
paper establishes the course alteration action matrix (CAAM) model AM.

AM =


a11 a12 · · · a1n
a21 a22 · · · a1n
...

...
...

...
am1 am2 · · · amn

 (8)

where the rows represent the relative bearing (RB) of the target ship, the columns represent the
type of the target ship, amn is action value, and the range of action values is (−1, 0, 1). A value
of −1 indicates that OS should change course to the port side, 0 means that either a change to
the port side or starboard is possible, and 1 means that OS should change course to starboard.

When encountering multiple ships, according to the RB of each target ship and the ship
type, the action vector AT of the ship’s course alteration to avoid collision is constructed.

AT = [AM1, AM2, · · · AMN ] (9)

The priority of the action value is from high to low: 1, −1, 0. If a value of 1 appears in
AT, it is limited to altering the course to starboard. Then, whether there is a −1 value is
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judged, and if so, it is limited to altering the course to the port side. If the values in AT are
all 0, it means that OS can change course to the port side or to starboard.

3.1.1. CAAM in Sight of One Another

In sight of one another, considering the constraints of the COLREGs (Rules 13, 14, 15,
17, and 18) and good seamanship, the encounter situation is divided as shown in Figure 3a.
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Figure 3. Encounter situation division (A, B, C, D, E, F represent the target ships): (a) Encounter
situation division in sight of one another; (b) encounter situation division not in sight of one another.

OS is a regular power-driven vessel (PDV). For a vessel being overtaken (A), the action
value is 0. For an overtaken vessel (B), the action value is −1. For a head-on vessel (C),
the action value is 1. For a crossing vessel from starboard (D), the action value is 1. For a
crossing vessel from the port side (E), the action value is 1. For the other types of vessels
in Rule 18, the action value is 0. For an abeam vessel (F), OS should avoid altering course
toward it. Based on these, the CAAM in sight of one another is shown in Table 1.

Table 1. CAAM in sight of one another.

RB\TS NUC RAM VEF SV PDV1 PDV2

[355.0, 005.0] 0 0 0 0 0 1
[005.0, 067.5] 0 0 0 0 0 1
[067.5, 112.5] −1 −1 −1 −1 0 −1
[112.5, 247.5] −1 −1 −1 −1 0 −1
[247.5, 292.5] 1 1 1 1 0 1
[292.5, 355.0] 0 0 0 0 0 1

NUC is a vessel not under command, RAM is a vessel restricted in her ability to
maneuver, VEF is a vessel engaged in fishing, SV is a sailing vessel, PDV1 is overtaken
PDV, and PDV2 is not overtaken PDV.

3.1.2. CAAM Not in Sight of One Another

Not in sight of one another, considering constraints of the COLREGs (Rule 19) and
good seamanship, the encounter situation is divided as shown in Figure 3b.

OS is a regular power-driven vessel (PDV). For a vessel being overtaken (A), the action
value is 0. For vessels forward of the beam (B, C), the action value is 1. For a vessel abeam
(D) or abaft the beam (E), OS should avoid altering course towards it. Based on these, the
CAAM not in sight of one another is shown in Table 2.

3.2. Deterministic Optimization Algorithm
3.2.1. Problem Description

At time t0, OS is at position (x0, y0) with initial course Coi and speed Voi encountering
N target ships (TS1–TSn), and a risk of collision (ROC) exists. To pass these target ships at
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a safe distance (SD), OS intends to take action to avoid a collision at time ts taking steer
course Co1 to sail Dco1 n miles and steer course Co2 at time tr to sail Dco2 n miles to the goal
position (xe, ye) and return to the initial course Coi at time te. The values of t0, (x0, y0), Coi,
and Voi can be obtained from OS. The data for the target ship’s Cts, Vts, Dts, and TBts are
available from radar (these data are assumed to be known in this paper). The value of ts
and (xe, ye) can be preset according to a specific encounter situation.

Table 2. CAAM not in sight of one another.

RB\TS Overtaken Vessel Other Vessel

[292.5, 067.5] 0 1
[067.5, 090.0] 0 1
[090.0, 180.0] 0 −1
[180.0, 270.0] 0 1
[270.0, 292.5] 0 1

The problem of collision avoidance path planning can be presented by an optimization
problem, namely searching for the optimal (Co1, tr, Co2) among the candidate solutions,
which make OS pass target ships at a safe distance, and voyage losses are minimal under the
constraints of COLREGs. Figure 4a shows the process of path planning for collision avoidance.
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3.2.2. Determination of Candidate Solutions

The side to be steered can be determined on the basis of CAAM. A rectangular area on
the side to be steered is defined, and the length (Lc) and width (Bc) of the area are determined
according to the specific encounter situation. Candidate waypoints are determined at equal
intervals along the length and width of the rectangular area. The value of the interval (Dwp)
is determined according to own ship’s length overall (LOA); the larger the LOA, the larger
the interval, and vice versa. Each candidate waypoint corresponds to a (Co1, tr, Co2), which
is a candidate solution for the collision avoidance path, as shown in Figure 4b.

3.2.3. Objective Function

In the algorithm, each group ship is used as the calculation target, and a global search
is performed in the candidate solutions. The optimal collision avoidance path should satisfy
the following conditions.

• The SDgsp of each group ship is not to be less than SD
• The course change is at least 30 degrees
• The sum of Dco1 and Dco2 takes the minimum value
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3.2.4. Steps of the Algorithm

Pseudocode for collision avoidance path planning on the basis of the deterministic
optimization algorithm (DOA); see Algorithm 1.

Algorithm 1: Pseudocode for collision avoidance path planning on the basis of DOA.

Input: Coi, Voi, Cts, Vts, Dts, TBts, SDgsp

Process:
1: Initialization: (x0, y0), t0, ts, (xe, ye), Lc, Bc
2: Calculate the sum of Dco1 and Dco2
3: If SDgsp >=SD && course change is at least 30 degrees
4: keep the candidate solution
5: Else
6: abandon the candidate solution
7: End if
8: Search for a solution in which the sum of Dco1 and Dco2 goes to

the minima

Output: Co1, tr, Co2

3.3. Collision Avoidance Decision-Making Model

Aiming at the action changes of the target ship, this paper introduces a dynamic monitor-
ing mechanism to realize dynamic collision avoidance path planning. When the action of the
target ship leads to a new ROC, the collision avoidance decision needs to be updated, that is,
the collision avoidance path of OS needs to be re-planned. If the action change of the target
ship does not form a new ROC, the current collision avoidance path will be maintained.

The multi-vessel encounter intelligent collision avoidance decision-making model
established in this paper includes three modules: the encounter situation simplification
module, the ship collision avoidance decision-making module, and the dynamic monitoring
and evaluation module. The model is shown in Figure 5.
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4. Simulation and Analysis

To verify the validity of the decision-making model, two simulation cases were imple-
mented using MATLAB software; one case is for in sight of one another, and the other is
for not in sight of one another.

4.1. Experimental Conditions and Explanations

The simulation tests were conducted on the basis of a computer with an Intel(R) Core
(TM) i7-3770 3.4GHz processor, 4G RAM, and a 32-bit Windows 7 Professional system. The
simulation results are presented in the form of data tables and ship trajectory graphs.

The following parameter values were used in the simulation: Ec = 1◦, Ev = 0.5 kn,
Tc = 5 s, SD = 1 nm, LOA = 116 m, Lc = 4 nm, Bc = 2 nm, and Dwp = 0.2 nm. In the simulation
cases, the initial data of OS and target ships were considered to be known, and the process
of acquiring data from the radar is not considered in this paper.

In the simulation cases, DCPA and TCPA (time to the closest point of approach) were
used to determine the ROC. When an ROC exists, all target ships with approximate TCPA
values were considered to give the optimal collision avoidance path.

4.2. Path Planning in Sight of One Another
4.2.1. Initial Situation of the Encounter

In sight of one another, OS’s course is 000, the initial speed is 13.2 kn, the initial position
is (0,0), and the initial time is 0000. OS encounters 10 target ships, TS1–TS10; TS1–TS6 are
fishing vessels propelled by machinery but not engaged in fishing. The data of the target
ships at 0000 are known, as shown in Table 3. It can be determined that a ROC exists, and
the TCPA values for each TS are approximate.

Table 3. Data of target ships at 0000.

Data Cts (◦) Vts (kn) Dts (nm) TBts (◦) DCPAts (nm) TCPAts (h) Type

TS1 270 7.80 4.20 028 0.1890 0.2737 PDV
TS2 270 7.80 4.50 026 0.3593 0.2926 PDV
TS3 270 7.80 4.40 032 −0.1091 0.2869 PDV
TS4 270 7.80 4.70 030 0.0475 0.3065 PDV
TS5 270 7.80 4.60 036 −0.4346 0.2987 PDV
TS6 270 7.80 4.90 034 −0.2924 0.3190 PDV
TS7 180 4.70 6.10 003 0.3192 0.3403 VEF
TS8 180 4.70 5.80 001 0.1012 0.3240 VEF
TS9 160 4.60 4.50 325 −2.2411 0.2218 VEF
TS10 160 4.60 4.50 320 −2.5727 0.2099 VEF

4.2.2. Simulation Process and Analysis

A cluster analysis was performed, and target ships (TS1–TS10) were classified into
three group ships (GS1–GS3). The distribution of target ships and group ships at 0000 is
shown in Figure 6.

According to the CAAM in sight of one another, OS should alter course to starboard.
The candidate solution area is on OS’s starboard. The action time ts is 0002, and the goal
position is (0, 7). The optimal collision avoidance decision is to steer course 032 at 0002
(C0002 = 032), 329.2 at 0019 (C0019 = 329.2), and 000 at 0037 (C0037 = 000).

At 0005, TS5 and TS6 change their course to 245, and their speed remains unchanged.
The trajectories of each ship from 0000 to 0005 are shown in Figure 7a.
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The course changes of TS5 and TS6 lead to a new ROC, so OS should update the
collision avoidance decision. The data of the target ships at 0005 are shown in Table 4.

Table 4. Data of target ships at 0005.

Data Cts (◦) Vts (kn) Dts (nm) TBts (◦) DCPAts (nm) TCPAts (h) Type

TS1 270 7.8 2.8820 19.7558 1.5752 0.1301 PDV
TS2 270 7.8 3.2007 17.7361 1.8428 0.1411 PDV
TS3 270 7.8 3.0434 25.9978 1.3765 0.1463 PDV
TS4 270 7.8 3.3586 23.7444 1.6356 0.1581 PDV
TS5 245 7.8 3.2155 32.0471 0.6739 0.1557 PDV
TS6 245 7.8 3.5268 29.6075 0.8852 0.1691 PDV
TS7 180 4.7 4.7054 359.6280 −1.9233 0.2473 VEF
TS8 180 4.7 4.4197 356.7759 −2.0050 0.2268 VEF
TS9 160 4.6 3.6436 309.7770 −3.4124 0.0777 VEF
TS10 160 4.6 3.7496 303.9154 −3.6276 0.0577 VEF

After the re-clustering analysis, the target ships (TS1–TS10) were classified into four
group ships (GS1–GS4). The distribution of target ships and group ships at 0005 is shown
in Figure 7b.

According to the CAAM in sight of one another, OS should alter course to starboard.
The candidate solution area is on OS’s starboard. The action time ts is 0007, and the goal
position is (0, 7). The optimal collision avoidance decision is to steer course 068.9 at 0007
(C0007 = 068.9), 333.5 at 0016 (C0016 = 333.5), and 000 at 0041 (C0041 = 000).

At 0010, TS9 and TS10 change their courses to 180, and their speed remains unchanged.
The trajectories of each ship from 0000 to 0010 are shown in Figure 7c.

The course changes of TS9 and TS10 do not lead to a new ROC, so OS should maintain
the current collision avoidance decision.

At 0018, TS7 and TS8 change their course to 065, and their speed remains unchanged.
The trajectories of each ship from 0000 to 0018 are shown in Figure 7d.

The course changes of TS7 and TS8 lead to a new ROC, so OS should update the
collision avoidance decision. The data of the target ships at 0018 are shown in Table 5.
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Figure 7. Simulation results: (a) Ship trajectories (0000–0005); (b) distribution of target ships and
group ships at 0005; (c) ship trajectories (0000–0010); (d) ship trajectories (0000–0018); (e) distribution
of target ships and group ships at 0018; (f) ship trajectories (0000–0044).
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Table 5. Data of target ships at 0018.

Data Cts (◦) Vts (kn) Dts (nm) TBts (◦) DCPAts (nm) TCPAts (h) Type

TS1 270 7.80 2.8973 295.4838 2.7809 0.0679 PDV
TS2 270 7.80 3.0563 301.1898 2.8336 0.0957 PDV
TS3 270 7.80 2.5883 299.3745 2.4293 0.0746 PDV
TS4 270 7.80 2.7554 305.7158 2.4653 0.1029 PDV
TS5 245 7.80 1.8101 287.5982 1.7628 0.0271 PDV
TS6 245 7.80 1.9084 297.7328 1.7532 0.0497 PDV
TS7 65 4.70 2.9474 318.9801 0.2520 0.2079 VEF
TS8 65 4.70 2.8918 311.8991 −0.1098 0.2045 VEF
TS9 180 4.60 4.5747 268.6760 4.3404 0.0829 VEF
TS10 180 4.60 4.8970 265.9638 4.7142 0.0760 VEF

After the re-clustering analysis, target ships (TS1–TS10) were classified into four group
ships (GS1–GS4). The distribution of target ships and group ships at 0018 is shown in
Figure 7e.

According to the CAAM in sight of one another, OS altering course to starboard or the
port side is acceptable. To pass the stern of TS7 and TS8, OS chooses to alter course to the
port side, and the candidate solution area is on OS’s port side. The action time ts is 0020,
and the goal position is (0, 7). The optimal collision avoidance decision is to steer course
299.8 at 0020 (C0020 = 299.8), 356.6 at 0030 (C0030 = 356.6), and 000 at 0044 (C0044 = 000).

From that point to time 0044, the actions of each TS remain unchanged. The trajectories
of each ship from 0000 to 0044 are shown in Figure 7f.

During the period from 0000 to 0044, OS changes its course to C0002, C0007, C0016, C0020,
and C0030 successively. The DCPA values of target ships corresponding to different courses
are shown in Table 6. As shown in the table, the absolute value of all DCPA is greater than
the SD value, indicating that all target ships can pass OS at a safe distance.

Table 6. DCPA of target ships.

DCPA C0002 C0007 C0016 C0020 C0030

TS1 1.5738 2.1656 2.7917 1.9259 2.0922
TS2 1.8413 2.4926 2.8444 1.7616 2.0825
TS3 1.3750 2.1052 2.4401 1.6003 1.7320
TS4 1.6342 2.4308 2.4761 1.4194 1.7078
TS5 1.1425 −1.5959 1.7736 1.5948 1.8884
TS6 1.3925 −1.8967 1.7639 1.4232 1.5925
TS7 −1.9216 −3.4719 1.0840 1.3743 1.3631
TS8 −2.0033 −3.3727 1.3876 1.0325 1.0443
TS9 −3.4105 3.4895 3.9984 3.5225 3.5229
TS10 −3.6257 3.6497 4.3814 3.9110 3.9127

4.3. Path Planning Not in Sight of One Another
4.3.1. Initial Situation of the Encounter

Not in sight of one another, OS’s course is 000, the initial speed is 12.8 kn, the initial
position is (0,0), and the initial time is 0000. OS encounters 10 target ships, TS1–TS10;
TS1–TS5 are fishing vessels propelled by machinery but not engaged in fishing. The data of
the target ships at 0000 are known, as shown in Table 7. It can be determined that an ROC
exists, and the TCPA values for each TS are approximate.
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Table 7. Data of target ships at 0000.

Data Cts (◦) Vts (kn) Dts (nm) TBts (◦) DCPAts (nm) TCPAts (h) Type

TS1 249 8.20 4.20 035 −0.6615 0.2370 PDV
TS2 249 8.20 4.40 037 −0.8442 0.2467 PDV
TS3 249 8.20 4.10 028 −0.1475 0.2341 PDV
TS4 249 8.20 4.30 030 −0.3046 0.2451 PDV
TS5 249 8.20 4.50 032 −0.4752 0.2557 PDV
TS6 181 4.60 5.40 356 0.4015 0.3095 VEF
TS7 181 4.60 5.50 359 0.1214 0.3160 VEF
TS8 181 4.60 5.20 349 1.0157 0.2931 VEF
TS9 181 4.60 5.00 353 0.6322 0.2851 VEF
TS10 135 14.1 4.40 330 −0.4869 0.1759 PDV

4.3.2. Simulation Process and Analysis

A cluster analysis was performed, and target ships (TS1–TS10) were classified into
three group ships (GS1–GS3). The distribution of the target ships and group ships at 0000 is
shown in Figure 8a.

According to the CAAM not in sight of one another, OS should alter course to starboard.
The candidate solution area is on OS’s starboard. The action time ts is 0002, and the goal
position is (0, 7). The optimal collision avoidance decision is to steer course 048 at 0002
(C0002 = 048), 337.3 at 0015 (C0015 = 337.3), and 000 at 0039 (C0039 = 000).

At 0004, TS1 and TS2 change their course to 220, and their speed remains unchanged.
The trajectories of each ship from 0000 to 0004 are shown in Figure 8b.

The course changes of TS1 and TS2 lead to a new ROC, so OS should update the
collision avoidance decision. The data of the target ships at 0004 are shown in Table 8.

Table 8. Data of target ships at 0004.

Data Cts (◦) Vts (kn) Dts (nm) TBts (◦) DCPAts (nm) TCPAts (h) Type

TS1 220 8.20 2.9905 31.9752 −0.6682 0.1391 PDV
TS2 220 8.20 3.1837 34.9236 −0.5508 0.1497 PDV
TS3 249 8.20 2.9305 22.0352 1.6450 0.1174 PDV
TS4 249 8.20 3.1159 25.1585 1.6059 0.1292 PDV
TS5 249 8.20 3.3037 28.1626 1.5520 0.1411 PDV
TS6 181 4.60 4.4285 350.916 −3.1409 0.1917 VEF
TS7 181 4.60 4.5048 354.6700 −2.9802 0.2074 VEF
TS8 181 4.60 4.2967 342.1831 −3.4720 0.1554 VEF
TS9 181 4.60 4.0573 346.7227 −3.0791 0.1622 VEF
TS10 135 14.10 3.0653 322.7536 −1.7946 0.1340 PDV

After the re-clustering analysis, target ships (TS1–TS10) are classified into four group
ships (GS1–GS4). The distribution of target ships and group ships at 0004 is shown in
Figure 8c.

According to the CAAM not in sight of one another, OS should alter course to starboard.
The candidate solution area is on OS’s starboard. The action time ts is 0006, and the goal
position is (0, 7). The optimal collision avoidance decision is to steer course 083.6 at 0006
(C0006 = 083.6), 338.0 at 0014 (C0014 = 338.0), and 000 at 0043 (C0043 = 000).

At 0016, TS6 and TS7 change their course to 121, their speed increases to 7.8 kn, and
they are not engaged in fishing; TS8 and TS9 change their courses to 186, and their speeds
remain unchanged. The trajectories of each ship from 0000 to 0016 are shown in Figure 8d.

The course changes of TS8 and TS9 do not lead to a new ROC, but the course and speed
changes of TS6 and TS7 lead to a new ROC, so OS should update the collision avoidance
decision. The data of the target ships at 0016 are shown in Table 9.
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Table 9. Data of target ships at 0016.

Data Cts (◦) Vts (kn) Dts (nm) TBts (◦) DCPAts (nm) TCPAts (h) Type

TS1 220 8.20 1.4046 287.5424 1.3501 0.0214 PDV
TS2 220 8.20 1.2074 294.3046 1.1132 0.0258 PDV
TS3 249 8.20 2.6274 298.9221 2.4994 0.0538 PDV
TS4 249 8.20 2.4886 303.5264 2.2981 0.0634 PDV
TS5 249 8.20 2.3531 308.5622 2.0853 0.0724 PDV
TS6 121 7.80 3.6635 315.1114 −0.5767 0.1846 PDV
TS7 121 7.80 3.5559 319.5975 −0.2834 0.1809 PDV
TS8 186 4.60 3.9493 305.8532 2.5107 0.1794 VEF
TS9 186 4.60 3.5576 307.6149 2.1762 0.1656 VEF
TS10 135 14.10 1.7820 256.6961 −1.6666 0.0240 PDV

After the re-clustering analysis, the target ships TS1–TS10 were classified into five
group ships (GS1–GS5). The distribution of target ships and group ships at 0016 is shown
in Figure 8e.

According to CAAM not in sight of one another, OS should alter course to starboard.
The candidate solution area is on OS’s starboard. The action time ts is 0018, and the goal
position is (0, 7). The optimal collision avoidance decision is to steer course 010 at 0018
(C0018 = 010), 323.4 at 0027 (C0027 = 323.4), and 000 at 0045 (C0045 = 000).

From then to time 0045, the actions of each TS remained unchanged. The trajectories
of each ship from 0000 to 0045 are shown in Figure 8f.

During the period from 0000 to 0045, OS changed its course to C0002, C0006, C0014, C0018,
and C0027 successively. The DCPA values of the target ships corresponding to different
courses are shown in Table 10. As shown in the table, the absolute value of all DCPA is
greater than the SD value, indicating that all target ships can pass OS at a safe distance.

Table 10. DCPA of target ships.

DCPA C0002 C0006 C0014 C0018 C0027

TS1 1.2238 −1.4464 1.3535 1.3676 3.8540
TS2 1.1519 −1.4198 1.1166 1.1217 3.6474
TS3 1.6425 −2.1703 2.5029 2.5182 4.1397
TS4 1.6035 −2.2246 2.3015 2.3421 3.8922
TS5 1.5496 −2.2655 2.0887 2.1664 3.6401
TS6 −3.1381 −3.9930 1.7759 −1.5933 −1.3650
TS7 −2.9774 −3.9748 1.4752 −1.2931 −1.0871
TS8 −3.4691 −4.0002 2.4454 −3.2954 3.4485
TS9 −3.0763 −3.7086 2.1162 −2.8951 3.1648
TS10 −1.7920 −2.2157 −1.6690 1.6848 4.4668

5. Conclusions

In this paper, a method to simplify the encounter situation based on dynamic cluster
analysis was proposed to improve the efficiency of collision avoidance path planning.
Target ships with similar properties were dynamically classified into one group ship,
the model of the group ship was given, and the number of computational targets was
effectively reduced. Fully considering the constraints of the COLREGs, a course alteration
action matrix model (CAAM) was established to determine the side of course changing,
which narrows the range of candidate solutions and helps improve the efficiency of the
decision-making. In order to realize dynamic collision avoidance path planning, a dynamic
monitoring mechanism was introduced, and a multi-ship encounter intelligent collision
avoidance decision-making model was established. The simulation results show that
the dynamic path planning method in this paper is safe and feasible. However, in the
simulation tests, the ship’s maneuverability was not considered; this will be taken into
account in subsequent studies.



J. Mar. Sci. Eng. 2022, 10, 529 16 of 17

Author Contributions: Methodology, J.Y. and Z.L.; software, J.Y.; validation, J.Y.; writing—original
draft preparation, J.Y. and Z.L.; writing—review and editing, J.Y. and X.Z.; supervision, Z.L. and X.Z.
All authors have read and agreed to the published version of the manuscript.

Funding: This research was funded by the high-tech ship project of MIIT of China, grant number
80116003, and the Fundamental Research Funds of General Program for the Educational Department
of Liaoning Province of China, grant number LJKZ0043.

Institutional Review Board Statement: Not applicable.

Informed Consent Statement: Not applicable.

Conflicts of Interest: The authors declare no conflict of interest.

References
1. Iijima, Y.; Hagiwara, H.; Kasai, H. Results of Collision Avoidance Manoeuvre Experiments Using a Knowledge-Based Autonomous

Piloting System. J. Navig. 1991, 44, 194–204. [CrossRef]
2. Coenen, F.P.; Smeaton, G.P.; Bole, A.G. Knowledge-based Collision Avoidance. J. Navig. 1989, 42, 107–116. [CrossRef]
3. Tam, C.K.; Bucknall, R. Cooperative path planning algorithm for marine surface vessels. Ocean Eng. 2013, 57, 25–33. [CrossRef]
4. Lazarowska, A. A new deterministic approach in a decision support system for ship’s trajectory planning. Expert Syst. Appl. 2017,

71, 469–478. [CrossRef]
5. Kim, H.G.; Yun, S.J.; Choi, Y.H.; Ryu, J.K.; Suh, J.H. Collision Avoidance Algorithm Based on COLREGs for Unmanned Surface

Vehicle. J. Mar. Sci. Eng. 2021, 9, 863. [CrossRef]
6. Zheng, H.; Negenborn, R.R.; Lodewijks, G. Predictive path following with arrival time awareness for waterborne AGVs. Transp.

Res. Part C Emerg. Technol. 2016, 70, 214–237. [CrossRef]
7. Hagen, I.B.; Kufoalor, D.K.M.; Brekke, E.F.; Johansen, T.A. MPC-based Collision Avoidance Strategy for Existing Marine Vessel

Guidance Systems. In Proceedings of the 2018 IEEE International Conference on Robotics and Automation (ICRA), Brisbane,
Australia, 21–25 May 2018.

8. Xie, S.; Garofano, V.; Chu, X.; Negenborn, R.R. Model predictive ship collision avoidance based on Q-learning beetle swarm
antenna search and neural networks. Ocean Eng. 2019, 193, 106609. [CrossRef]

9. Johansen, T.A.; Perez, T.; Cristofaro, A. Ship Collision Avoidance and COLREGS Compliance Using Simulation-Based Control
Behavior Selection With Predictive Hazard Assessment. IEEE Trans. Intell. Transp. Syst. 2016, 17, 3407–3422. [CrossRef]

10. Abdelaal, M.; Fränzle, M.; Hahn, A. Nonlinear Model Predictive Control for trajectory tracking and collision avoidance of
underactuated vessels with disturbances. Ocean Eng. 2018, 160, 168–180. [CrossRef]

11. Perera, L.P.; Carvalho, J.P.; Soares, C.G. Intelligent Ocean Navigation and Fuzzy-Bayesian Decision/Action Formulation. IEEE J.
Ocean. Eng. 2012, 37, 204–219. [CrossRef]

12. Perera, L.P.; Carvalho, J.P.; Soares, C.G. Solutions to the Failures and Limitations of Mamdani Fuzzy Inference in Ship Navigation.
IEEE Trans. Veh. Technol. 2014, 63, 1539–1554. [CrossRef]

13. Lee, H.J.; Rhee, K.P. Development of collision avoidance system by using expert system and search algorithm. Int. Shipbuild. Prog.
2001, 48, 197–212.

14. Zhao, Y.; Li, W.; Shi, P. A real-time collision avoidance learning system for Unmanned Surface Vessels. Neurocomputing 2016, 182,
255–266. [CrossRef]

15. Namgung, H. Local Route Planning for Collision Avoidance of Maritime Autonomous Surface Ships in Compliance with
COLREGs Rules. Sustainability 2022, 14, 198. [CrossRef]

16. Zhu, Z.; Lyu, H.; Zhang, J.; Yin, Y. An Efficient Ship Automatic Collision Avoidance Method Based on Modified Artificial Potential
Field. J. Mar. Sci. Eng. 2022, 10, 3. [CrossRef]

17. Singh, Y.; Sharma, S.; Sutton, R.; Hatton, D. Towards use of Dijkstra Algorithm for Optimal Navigation of an Unmanned Surface
Vehicle in a Real-Time Marine Environment with results from Artificial Potential Field. TransNav Int. J. Mar. Navig. Saf. Sea Transp.
2018, 12, 125–131. [CrossRef]

18. Mousazadeh, H.; Jafarbiglu, H.; Abdolmaleki, H.; Omrani, E.; Monhaseri, F.; Abdollahzadeh, M.; Mohammadi-Aghdam, A.;
Kiapei, A.; Salmani-Zakaria, Y.; Makhsoos, A. Developing a navigation, guidance and obstacle avoidance algorithm for an
Unmanned Surface Vehicle (USV) by algorithms fusion. Ocean Eng. 2018, 159, 56–65. [CrossRef]

19. Xue, Y.; Clelland, D.; Lee, B.S.; Han, D. Automatic simulation of ship navigation. Ocean Eng. 2011, 38, 2290–2305. [CrossRef]
20. Lyu, H.; Yin, Y. COLREGS-Constrained Real-time Path Planning for Autonomous Ships Using Modified Artificial Potential Fields.

J. Navig. 2019, 72, 588–608. [CrossRef]
21. Tam, C.K.; Bucknall, R. Path-planning algorithm for ships in close-range encounters. J. Mar. Sci. Technol. 2010, 15, 395–407.

[CrossRef]
22. Szlapczynski, R. Evolutionary Sets of Safe Ship Trajectories: A New Approach to Collision Avoidance. J. Navig. 2011, 64, 169–181.

[CrossRef]
23. Szlapczynski, R.; Szlapczynska, J. On evolutionary computing in multi-ship trajectory planning. Appl. Intell. 2012, 37, 155–174.

[CrossRef]

http://doi.org/10.1017/S0373463300009930
http://doi.org/10.1017/S0373463300015125
http://doi.org/10.1016/j.oceaneng.2012.09.003
http://doi.org/10.1016/j.eswa.2016.11.005
http://doi.org/10.3390/jmse9080863
http://doi.org/10.1016/j.trc.2015.11.004
http://doi.org/10.1016/j.oceaneng.2019.106609
http://doi.org/10.1109/TITS.2016.2551780
http://doi.org/10.1016/j.oceaneng.2018.04.026
http://doi.org/10.1109/JOE.2012.2184949
http://doi.org/10.1109/TVT.2013.2288306
http://doi.org/10.1016/j.neucom.2015.12.028
http://doi.org/10.3390/su14010198
http://doi.org/10.3390/jmse10010003
http://doi.org/10.12716/1001.12.01.14
http://doi.org/10.1016/j.oceaneng.2018.04.018
http://doi.org/10.1016/j.oceaneng.2011.10.011
http://doi.org/10.1017/S0373463318000796
http://doi.org/10.1007/s00773-010-0094-x
http://doi.org/10.1017/S0373463310000238
http://doi.org/10.1007/s10489-011-0319-7


J. Mar. Sci. Eng. 2022, 10, 529 17 of 17

24. Szlapczynski, R. Evolutionary Sets of Safe Ship Trajectories Within Traffic Separation Schemes. J. Navig. 2013, 66, 65–81. [CrossRef]
25. Szlapczynski, R. Evolutionary Planning of Safe Ship Tracks in Restricted Visibility. J. Navig. 2015, 68, 39–51. [CrossRef]
26. Lazarowska, A. Ship’s Trajectory Planning for Collision Avoidance at Sea Based on Ant Colony Optimisation. J. Navig. 2015, 68,

291–307. [CrossRef]
27. Lazarowska, A. Multi-criteria ACO-based Algorithm for Ship’s Trajectory Planning. TransNav Int. J. Mar. Navig. Saf. Sea Transp.

2017, 11, 31–36. [CrossRef]
28. Ma, Y.; Hu, M.; Yan, X. Multi-objective path planning for unmanned surface vehicle with currents effects. ISA Trans. 2018, 75,

137–156. [CrossRef]
29. Lisowski, J. The dynamic game theory methods applied to ship control with minimum risk of collision. WIT Trans. Ecol. Environ.

2006, 91, 293–302.
30. Lisowski, J. Computational intelligence methods of a safe ship control. Procedia Comput. Sci. 2014, 35, 634–643. [CrossRef]
31. Zhang, J.; Zhang, D.; Yan, X.; Haugen, S.; Soares, C.G. A distributed anti-collision decision support formulation in multi-ship

encounter situations under COLREGs. Ocean Eng. 2015, 105, 336–348. [CrossRef]
32. Kim, D.; Hirayama, K.; Okimoto, T. Distributed Stochastic Search Algorithm for Multi-ship Encounter Situations. J. Navig. 2017,

70, 699–718. [CrossRef]
33. Kuwata, Y.; Wolf, M.T.; Zarzhitsky, D.; Huntsberger, T.L. Safe Maritime Autonomous Navigation with COLREGS, Using Velocity

Obstacles. IEEE J. Ocean. Eng. 2014, 39, 110–119. [CrossRef]
34. Huang, Y.; van Gelder, P.H.A.J.M.; Wen, Y. Velocity obstacle algorithms for collision prevention at sea. Ocean Eng. 2018, 151,

308–321. [CrossRef]
35. Xu, Q.; Yang, Y.; Zhang, C.; Zhang, L. Deep Convolutional Neural Network-Based Autonomous Marine Vehicle Maneuver. Int. J.

Fuzzy Syst. 2018, 20, 687–699. [CrossRef]
36. Lin, C.; Wang, H.; Yuan, J.; Yu, D.; Li, C. An improved recurrent neural network for unmanned underwater vehicle online obstacle

avoidance. Ocean Eng. 2019, 189, 106327. [CrossRef]
37. Cheng, Y.; Zhang, W. Concise deep reinforcement learning obstacle avoidance for underactuated unmanned marine vessels.

Neurocomputing 2018, 272, 63–73. [CrossRef]
38. Shen, H.; Hashimoto, H.; Matsuda, A.; Taniguchi, Y.; Terada, D.; Guo, C. Automatic collision avoidance of multiple ships based

on deep Q-learning. Appl. Ocean Res. 2019, 86, 268–288. [CrossRef]
39. Yuan, J.; Wang, H.; Zhang, H.; Lin, C.; Yu, D.; Li, C. AUV Obstacle Avoidance Planning Based on Deep Reinforcement Learning. J.

Mar. Sci. Eng. 2021, 9, 1166. [CrossRef]
40. Yu, J.; Liu, Z.; Bu, R.; Gao, X.; Li, W. A Novel Fast Decision-making Method for Ship’s Course Altering for Collision Avoidance. In

Proceedings of the 2020 Chinese Automation Congress (CAC), Shanghai, China, 6–8 November 2020.

http://doi.org/10.1017/S0373463312000422
http://doi.org/10.1017/S0373463314000587
http://doi.org/10.1017/S0373463314000708
http://doi.org/10.12716/1001.11.01.02
http://doi.org/10.1016/j.isatra.2018.02.003
http://doi.org/10.1016/j.procs.2014.08.145
http://doi.org/10.1016/j.oceaneng.2015.06.054
http://doi.org/10.1017/S037346331700008X
http://doi.org/10.1109/JOE.2013.2254214
http://doi.org/10.1016/j.oceaneng.2018.01.001
http://doi.org/10.1007/s40815-017-0393-z
http://doi.org/10.1016/j.oceaneng.2019.106327
http://doi.org/10.1016/j.neucom.2017.06.066
http://doi.org/10.1016/j.apor.2019.02.020
http://doi.org/10.3390/jmse9111166

	Introduction 
	Simplification of Encounter Situation Based on DCA 
	Cluster Analysis Method 
	Calculation of Distance between Samples 
	Calculation of the Distance between Classes 

	Group Ship Model 
	Dynamic Cluster Analysis 

	Multi-Ship Encounter Intelligent Collision Avoidance Decision-Making 
	Course Alteration Action Matrix 
	CAAM in Sight of One Another 
	CAAM Not in Sight of One Another 

	Deterministic Optimization Algorithm 
	Problem Description 
	Determination of Candidate Solutions 
	Objective Function 
	Steps of the Algorithm 

	Collision Avoidance Decision-Making Model 

	Simulation and Analysis 
	Experimental Conditions and Explanations 
	Path Planning in Sight of One Another 
	Initial Situation of the Encounter 
	Simulation Process and Analysis 

	Path Planning Not in Sight of One Another 
	Initial Situation of the Encounter 
	Simulation Process and Analysis 


	Conclusions 
	References

