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Abstract: Digital processing poses a considerable time delay on controllers of induction motor
(IM) driving system, which degrades the effects of torque/flux decoupling, slows the motor torque
response down, or even makes the entire system unstable, especially when operating at a low
switching frequency. The existing methods, such as feed-forward and feed-back decoupling methods
based on the proportional integral controller (PI), have an intrinsic disadvantage in the compromise
between high performance and low switching frequency. Besides, the digital delay cannot be well
compensated, which may affect the system loop and bring instability. Conventional complex vector
decoupling control based on an accurate IM model employs complicated decoupling loops that
may be degraded by digital delay leading to discrete error. This article aims to give an alternative
complex vector decoupling solution with a simple structure, intended for optimized decoupling and
improving the system dynamic performance throughout the entire operating range. The digital delay-
caused impacts, including secondary coupling effect and voltage vector amplitude/phase inaccuracy,
are specified. Given this, the digital delay impact is canceled accurately in advance, simplifying
the entire decoupling process greatly while achieving uncompromised decoupling performance.
The simulation and experimental results prove the effectiveness and feasibility of the proposed
decoupling technique.

Keywords: low switching frequency; induction motor; complex vector; delay compensation;
decoupling control

1. Introduction

Induction motors (IMs) are widely used in the industry due to their simple structure,
fast dynamic response, low moment of inertia, low torque ripple, high reliability, and low
costs of manufacture, repair, and maintenance. Particularly because of the multifarious
advantages in handling large voltages and currents, the induction motor continues to
be a preferred choice for multimegawatt, medium-voltage applications [1–3]. To achieve
better dynamic performance, more complex and sophisticated techniques were proposed
to control the motor [4]. These techniques include Field Oriented Control (FOC) [5], Direct
Torque Control (DTC) [6], and Indirect Stator Control (ISC) [7]. Field Oriented Control
is the most popular vector control method [8]. Previous studies have shown that due to
its high efficiency in controlling the induction motor, this vector control method is by far
the most widely used control scheme [9,10]. As shown in Figure 1, FOC is implemented
by modulating the torque component and field component of the stator current (isq and
isq) separately, through a synchronized change in supply voltage (usq and usq) amplitudes,
phase, and frequency [11]. FOC decomposes the stator current into mutually perpendicular
excitation current and torque current, thus realizing independent regulating of flux and
torque. Nevertheless, there is cross-coupling in the FOC, consisting of two parts, i.e., the

Electronics 2021, 10, 3048. https://doi.org/10.3390/electronics10233048 https://www.mdpi.com/journal/electronics

https://www.mdpi.com/journal/electronics
https://www.mdpi.com
https://orcid.org/0000-0003-1617-8949
https://doi.org/10.3390/electronics10233048
https://doi.org/10.3390/electronics10233048
https://creativecommons.org/
https://creativecommons.org/licenses/by/4.0/
https://creativecommons.org/licenses/by/4.0/
https://doi.org/10.3390/electronics10233048
https://www.mdpi.com/journal/electronics
https://www.mdpi.com/article/10.3390/electronics10233048?type=check_update&version=2


Electronics 2021, 10, 3048 2 of 23

cross-coupling drawn on the stator side by the rotating coordinate transformation and the
coupling of the back electromotive force (EMF) [12].

Figure 1. Control block diagram of Flux Oriented Control system.

Cross-coupling degrades current control performance. To solve this problem, control
methods including hysteresis control, Proportional Integral (PI) control, and predictive
control are modified to include decoupling terms based on the feed-back state [13–17].
However, the decoupling terms always lag actual cross-coupling terms. As a result, these
feed-back methods only attenuate rather than eliminate axes cross-coupling. In [18–20], a
decoupling method based on preprocessing reference current feed-forward was proposed
and improved. Feed-forward crossing terms are added onto the PI outputs to compensate
for cross-coupling components. Such feed-forward structures rely on coupling voltages
estimation and are extremely susceptible to parameter migrations, especially under the
situation of low switching frequency [21]. Furthermore, such PI-based decoupling con-
trollers cannot achieve expected high performance with a limited control bandwidth [22].
Evidently, the above decoupling methods are not suitable solutions to high-power IM ap-
plications like traction driver systems, where the switching frequency is limited to several
hundreds of hertz, typically 500 Hz or lower [23].

Alternatively, low switching frequency produces non-negligible digital delay, aggra-
vating the cross-coupling between the excitation and torque components. Inner current
loops are much faster than the outer flux/torque loops, which makes the current loops
more sensitive to the digital delay. The digital implementation of inner loop controllers
would present an inherent time delay between timing points of current sampling and
real gating signal acting. Taking the asymmetrical pulse width modulation (PWM) [24]
technique, for example, it feeds the output voltage twice every cycle. The delay will be as
large as a one-and-a-half sampling period corresponding to approximately 54 degrees in
the electric angle at a condition of 500 Hz switching frequency and 100 Hz synchronous fre-
quency. As such, the stator voltage references given by the controllers are not as expected,
which may cause motor instability. In [25], the authors propose a delay compensation
approach with a one-step prediction of the stator current. However, its employed latch
interface may degrade at very low sampling-to-fundamental frequency ratios. Due to the
fact that the complex–coefficient transfer function can easily analyze the cross-coupling of
axes, some researchers proposed the complex vector current controller to provide better
cross-coupling compensation [26–28]. The authors describe a contemporary estimating
strategy for IM, adopting relaxed discrete-time approximations. However, the technique
is somewhat complicated, and the tested sampling-to-fundamental frequency ratio was
not less than 25. Wang et al. proposed an accurate complex vector decoupling control
with a closed-loop current observer with a lower sampling-to-fundamental frequency ratio
of 8 [29]. However, the models are complicated and challenging for real-time industrial
applications.

This paper aims to find an alternative complex vector-based solution for the IM
drive system in which the decoupling effect is equal to the complex vector-based accurate
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solution while avoiding the complicated control implementation structure. This paper
proposes an improved complex vector control strategy based on the concept put forward
in [29]. By further analyzing the coupling effects considering digital delay, this method can
address the coupling issues to a full degree. Since the voltage error caused by digital control
delay is canceled, this method can also simplify the synchronous coordinate coefficients
model of the vector control system. Thus, the complex vector decoupling control can
meanwhile have a simple structure.

Section 2 of this paper analyzes the causes of coupling components at low switching
frequency conditions and their influence on motor control. In Section 3, the limitations
of conventional decoupling control strategies are discussed. In Section 4, the delay com-
pensation strategy with a simple structure is proposed and followed by the improved
complex vector control strategy. To validate the proposed technologies, the simulation and
experimental results are presented in Section 5. Section 6 concludes the whole paper.

2. Induction Motor Coupling Issues
2.1. Complex Vector Model and Torque/Flux Coupling Effects

The induction motor is commonly modeled as four sets of equations, i.e., flux equa-
tions, voltage equations, torque equations, and motion equations. It is a high-order, nonlin-
ear, and strongly coupled complex system in the three-phase static coordinate system (also
known as abc frame). The motor model can be greatly simplified by transforming the abc
frame into the synchronous one (also known as dq frame). As such, the voltage equations
can be expressed by Equations (1) and (2).{

usd = (Rs + σLss)isd − σLsω1isq +
Lm
Lr

sψrd − Lm
Lr

ω1ψrq

usq = (Rs + σLss)isq + σLsω1isd +
Lm
Lr

sψrq +
Lm
Lr

ω1ψrd
(1)

{
0 = Rrisd + sψsd + ω1ψsq + (ω1 −ωr)ψrq
0 = Rrird + sψrd + ω1ψrq + (ω1 −ωr)ψrd

(2)

where, usd and usq are stator voltages components in dq-Frame, isd and isq are dq-stator
currents, ird is d-axis rotor current, ψsd and ψsq are dq-stator fluxes, ψrd, ψrq are the dq-rotor
linkage fluxes, Rs and Ls are stator resistance and inductance, Rr and Lr are rotor resistance
and inductance, Lm is mutual magnetization inductance corresponding to the main flux
linkages, σ = 1− L2

m/(LsLr) is flux leakage coefficient, s is differential operator, ω1 is the
synchronous angular velocity, and ωr is the rotor angular velocity.{

ψsd = Lsisd + Lmird
ψsq = Lsisq + Lmirq

(3)

{
ψrd = Lmisd + Lrird
ψrq = Lmisq + Lrirq

(4)

Te =
3
2

npLm
(
isdird − irqisq

)
(5)

Equations (3) and (4) are the flux equations. The torque equation is expressed by (5),
where np is motor pole count. The dq-frame and the rotor linkage flux ψr are relatively
static. If d-axis is locked to the direction of rotor linkage flux ψr. It drives ψrd = ψr, ψrq = 0.
Then the stator voltage equation can be simplified as:{

usd = (Rs + σLss)isd − σLsω1isq +
Lm
Lr

sψr

usq = (Rs + σLss)isq + σLsω1isd +
Lm
Lr

ω1ψr
(6)

Further, the complex vector expression can be defined as:

us = (Rs + σLss)is + jσLsω1is +
Lm

Lr
sψr + j

Lm

Lr
ω1ψr (7)
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Similarly, the complex vector equation of rotor voltage can be obtained as follows:

0 = Rrir + sψr + jωsψr (8)

where,ωs = ω1 −ωr is the motor slip angle frequency. The complex vector equation of
the flux linkage can be written as:{

ψs = Lsis + Lmir
ψr = Lrir + Lmis

(9)

Since ir can be expressed by ψr and is as

ir =
1
Lr
ψr −

Lm

Lr
is (10)

Equation (8) can be rewritten as:

τrsψr +ψr = −jωsτrψr + Lmis (11)

where, τr = Lr/Rr is the rotor time constant, Equation (11) is the complex vector equation
of the rotor flux linkage in the rotating coordinate system. By substituting Equation (11)
for Equation (7), the stator voltage complex vector equation can be further expressed by
Equation (12):

us = (R′s + σLss)is + jσLsω1is −
LmRr

L2
r

(1− jωrτr)ψr (12)

where, R′s = Rs +(Lm/Lr)
2Rr is the equivalent stator resistance. By substituting Equation (11)

into Equation (12), a transfer function can be obtained as:

Gm =
is

us
=

τrs + jωsτr + 1
(R′s + σLss + jσLsω1)(τrs + jωsτr + 1)− k1(1− jωrτr)

(13)

where, k1 = L2
mRr/L2

r , ω1 is the synchronous angular frequency, ωr is the rotor angular
frequency, and ωs is the slip angular frequency. According to (13), the motor voltage equa-
tion in the synchronous rotation coordinate system contains the cross-coupling component
−jσLsω1is and the back-EMF component LmRr(1− jωrτr)ψr/L2

r . The signal flow diagram
of the induction motor in the dq-frame can be illustrated by Figure 2. Coupling parts
are caused by the complex factor j. The imaginary part of a complex transfer function
determines the degree of current cross-coupling [25]. As shown, there is a coupling factor
in the feed-back loop at the rotor side. Generally, the value of the slip angle frequency in
the whole speed range is tiny. The value of the rotor time constant is also small. Therefore,
the influence of this part of coupling on the motor’s dynamic performance can be ignored.

Figure 2. Complex vector signal flow diagram of induction motor in dq coordinate system.

The second coupling factor in the feed-back loop is at the stator side. The coupling
value increases with the increase in the synchronous angular frequency. That is why
the current coupling in the middle and high-speed section of the motor is aggravated.
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Lastly, there is a coupling component between the stator and rotor of the motor. Its degree
depends on the size of jωrτrψrLmRr/L2

r , which is proportional to the angular frequency
of the rotor. Therefore, the coupling of this part is also aggravated in the middle and
high-speed sections.

2.2. Impact of Digital Delay on Coupling Effects

The delay of digital control is another critical factor that can introduce cross-coupling
components between the d and q axis voltages. Figure 3 shows the digital control timing of
the current control loop, where Space Vector Pulse Width Modulation (SVPWM) is adapted.

Figure 3. The digital timing diagram for the current control loop.

Modulated vector voltages contain harmonics. However, the values of the harmonic
are crossing zero at midpoints of zero-vectors action time. Hence, the fundamental current
component can be obtained by sampling at the middle timing of each zero-vector action
interval [30]. At the same time, updating the modulation reference signal at the peak or
trough of the carrier wave can help avoid multiple actions within a cycle and false pulses.
Therefore, signal sampling and processing are usually carried out in the trough and peak
of the carrier wave.

The code execution of control algorithms needs to be completed in advance of the
updating of modulated wave data. In other words, the signal processing should be
completed before entering the next time step. If we define the current sampling period as
Ts then the delay time caused by digital control (Tcal) equals Ts.

Additionally, the phase delay caused by regular asymmetric sampling is shown
in Figure 4. The PWM signal to update is generated during the time interval between
two sampling points. An equivalent sine wave can be used to analyze the delay impact
caused by PWM modulation. The equivalent sine modulation wave phase is about half
a sampling cycle behind the standard sine modulation wave. Therefore, the PWM phase
delay caused by the asymmetric regular sampling modulation process is half a sampling
period TPWM = 0.5Ts. Therefore, the total delay time of the digital control system is
τd = Tcal + TPWM = 1.5Ts.

Figure 4. Time delay caused by the asymmetry sampling.
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The delay of the PWM waveform is directly reflected in the tracking delay of the
voltage imposed on the IM stators. Such a delay link can be represented by a transfer
function approximately equivalent to a first-order inertia link, as expressed by (14).

Gdelay =
us

u∗s
=

1
1 + τds

(14)

Equation (14) can be further expanded into a dynamic equation in the stationary
coordinate system as:

τd
dus

s
dt

+ us
s = us∗

s (15)

As shown in Figure 5, the voltage complex vector in the stationary coordinate system
can be expressed by a corresponding vector in the rotating coordinate system:{

us
s = ue

sejω1t

us∗
s = ue∗

s ejω1t (16)

Figure 5. Voltage complex vector expressions in different coordinate frames.

Substituting (16) into (15), the voltage equation in the synchronous rotating coordinate
system can be obtained as:

τd
due

s
dt

+ (1 + jω1τd)u
e
s = ue∗

s (17)

Therefore, the transfer function of the digital control delay link in the synchronous
rotating coordinate system can be obtained as:

Ge
delay =

ue
s

ue∗
s

=
1

1 + τds + jω1τd
(18)

Substituting ue
s = usd + jusq, ue∗

s = u∗sd + ju∗sq into Equation (18), we can get: usd =
u∗sd+ω1τdusq

τds+1

usq =
u∗sq−ω1τdusd

τds+1

(19)

Figure 6 shows the coupling effect of digital control delay in the rotating coordinate
system. Evidently, with the increase in the synchronous angular velocity, the voltage
coupling of the d and q axes increases. Although this coupling effect is straightforward as
analyzed, it is rarely mentioned in early research. In this paper, such a digital delay leading
to cross-coupling is put forward as one critical issue to handle.
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Figure 6. Coupling effect of digital control delay in the stationary/synchronous frame.

3. Conventional Current Decoupling Control Strategies
3.1. PI Current Controller-Based Decoupling

Equation (20) represents the transfer function between the stator current and the stator
voltage, derived from (7). It should be noted that the dynamics interval of the rotor flux is
often considered to be much shorter than that of the motor current. Hence, the coupling
components of the back electromotive force are often designated as external disturbances.
Therefore, (20) presents a simplified IM vector model in the synchronous coordinate system.

Gp =
is

us
=

1
R′s + σLss + jσLsω1

(20)

To decouple the torque and flux control, two representatives of the PI current regulator
with compensation were commonly used. One is to construct compensation terms using
the current reference value directly, which is called a feed-forward manner. The other is to
construct voltage decoupling terms using sampled real current value, known as feed-back
decoupling control.

3.1.1. Feed-Forward Decoupling Control

The block diagram of feed-forward decoupling control is shown in Figure 7. The
term jσLsω1i∗s is added to the output of the current controller to compensate for the cross-
coupling term. The closed-loop transfer function with PI feed-forward control is:

Gclo =
kps + ki

s(1 + τds + jω1τd)(R′s + σLss + jσLsω1) + kps + ki
(21)

Figure 7. Feed-forward current controller block diagram.

Figure 8 illustrates the zero-pole map of the system. It has one zero and three poles.
When the speed is zero, the system is not coupled (P2 and P3 are symmetrical about the
real axis). With the synchronization frequency increasing, the poles P2 and P3 are no longer
symmetrical to each other about the real axis. Both the pole P1 and the zero Z1 move
towards the imaginary axis with the increasing synchronous frequency. Furthermore, Z1
cannot fully offset P1. When the synchronous frequency is high enough, P1 appears at
the right unstable region. The system stability is disturbed. Therefore, the feed-forward
decoupling has its limitation.
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Figure 8. Closed-loop pole-zero map of feed-forward decoupling control.

3.1.2. Feed-Back Decoupling Control

The control block of feed-back decoupling control is shown in Figure 9. The closed-
loop transfer function can be derived as:

Gclo =
kps + ki

s(τds + 1 + jω1τd)(R′s + σLss + jσLsω1) + kps + ki − jω1σLss
(22)

Figure 9. Feed-back decoupling control block diagram.

The zero-pole distribution of the feed-back decoupling is illustrated in Figure 10.
With the increase in the synchronization frequency, both poles of P1 and P2 move to the
imaginary axis. The pole P2 even moves towards the right half-plane with higher speed.
Thus, the decoupling effect of feed-back decoupling control is also limited. The goal of
conventional decoupling methods is to compensate for the cross-coupling caused by the
rotation coordinate transformation. The digital delay leading coupling and the back-EMF
coupling is not considered. Hence, it is not hard to know why their decoupling effects are
not ideal.
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Figure 10. Closed-loop pole-zero map of feed-back decoupling control.

3.2. Complex Vector Current Controller-Based Accurate Motor Model

The two current controllers analyzed above are based on the simplified motor model
(see Equation (20)), where the back-EMF coupling component is considered an external
disturbance. However, with the increase in the motor speed, the EMF component gradually
increases. As such, this coupling part should not be ignored. The accurate mathematical
model of the induction motor, which considers all the coupling factors, can be employed to
design a current controller contributing more thoroughly to the decoupling effect. When
the delay link is taken further into account, the complex vector transfer function becomes:

Gp =
is

u∗s
=

1
τds + 1 + jω1τd

× τrs + jωsτr + 1
(R′s + σLss + jσLsω1)(τrs + jωsτr + 1)− k1(1− jωrτr)

(23)

According to the pole-zero cancellation principle, the complex vector current controller
can be designed as:

Gc = k0
τds + 1 + jω1τd

τds + 1
× (R′s + σLss + jσLsω1)(τrs + jωsτr + 1)− k1(1− jωrτr)

τis(τrs + jωsτr + 1)
(24)

In this way, the complex vector transfer function is changed into a real one. The
coupling of the system caused by the complex poles is therefore compensated. In (24),
if the molecule has higher order than the denominator, the controller is equivalent to a
differentiator that is easily interfered with by noise and may disturb the stable operation.

Therefore, a first-order lag link 1/(τds + 1) and integral link 1/τis are introduced. The
block diagram for the complex vector current controller of (24) is shown in Figure 11. Three
sub-loops contribute to decoupling. Specifically, Sub-loop 1 is used to cancel the complex
poles generated by the inverse electromotive force, Sub-loop 2 is used to cancel the complex
poles generated by the abc-dq transformation of the motor model, and Sub-loop 3 is used
to cancel the complex poles caused by the digital delay. Figure 12 shows the zero-pole
distribution of the precise motor model.
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Figure 11. Complex vector current controller-based accurate motor model block diagram.

Figure 12. Zero pole distribution diagram of the accurate motor model.

After employing the complex vector current control of (24), the zero-pole distribution
of the closed-loop transfer function of the system is shown in Figure 13. By comparing
Figures 12 and 13, it can be seen that, except for two conjugate poles, all the other complex
poles are offset by the zeros introduced by the complex vector current controller. The
complete decoupling is hence realized. The open-loop transfer function of the system can
be expressed as:

G0 = Gc·GP = k0
1

τis(τds + 1)
(25)

As such, the system turns to be a simple second-order one. The imaginary part of
transfer function becomes zero. The value of τi and k0 can be easily decided according to
the desired output characteristics.

Theoretically, the complex vector controller based on an accurate IM model has an
excellent decoupling effect. However, the discretization process can be highly complicated.
Furthermore, this method is greatly affected by the accuracy of the discretization method,
which is often not high at low switching frequencies. Hence, the effort in this paper
is to find an alternative complex vector-based solution for the IM drive system so that
the decoupling effect is equal to the complex vector-based accurate solution while the
complicated control implementation structure can be avoided.
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Figure 13. Zero-pole distribution of closed-loop transfer function for complex vector current
control system.

4. Proposed Improved Complex Vector Current Decoupling Control
4.1. Digital Control Delay Compensation

Regarding the space vector pulsed width modulation (SVPWM), due to the presence
of digital delay, the voltage space vector (taking a common vector Vr for example) sampled
at time t would not act on the power hardware until it enters the time interval between t +
Ts and t + 2Ts. Such an effect can also be stated as follow: when the reference space vector
Vs∗

r is aligned with Vr(t), the acting space vector Vs′
r is actually located inside the sector

between Vr (t − Ts) and Vr (t − 2Ts), as shown in Figure 14a. Note that the superscript (s)
is used to indicate the variable is in the static frame (αβ). Another superscript (e) will be
used to indicate the variable is the synchronous frame (dq) in the following analysis.

Figure 14. Vector diagrams. (a) Synchronous coordinate and voltage vector rotation. (b) Action effect
diagram of voltage vector.

The rotation speed of the voltage vector Vs∗
r is consistent with that of the synchronous

coordinate frame, so the transformed voltage vector in the synchronous coordinate frame
Ve∗

r (Ve∗
r = Vs∗

r e−jθ1) is constant and relatively static with the d-axis. Assuming that the
synchronous angular frequency ω1 is invariant during the delay period, from the view of
static coordinate system, when the voltage vector Vr is at the Vs∗

r position, the real acting
vector is Vs′

r , as shown in Figure 14b. Based on area equalization concept [31], the real
voltage vector acting on the motor can be expressed by (26):

Vs′
r =

1
Ts

∫ −Ts

−2Ts
Ve∗

r ej(ω1t+θ1)dτ = K(ω1, Ts)ej(θ1−1.5ω1Ts)Ve∗
r (26)
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Then it can be derived that the error caused by the digital delay on the voltage vector
Vr is:

Gerror =
Vs′

r
Vs∗

r
=

K(ω1, Ts)ej(θ1−1.5ω1Ts)Ve∗
r

Ve∗
r ejθ1

= K(ω1, Ts)e−j1.5ω1Ts (27)

where, K(ω1, Ts) =
2

ω1Ts
sin(ω1Ts

2 ). According to (27), the influence of digital control delay
on the voltage space vector can be summarized as follows:

(1) The voltage vector amplitude becomes K(ω1, Ts) times the reference value. Due to the
fact of K(ω1, Ts) < 1, the amplitude of the voltage vector turns smaller. However, if
ω1 is small enough, K(ω1, Ts) would be very close to 1. Hence, the voltage amplitude
changes very lightly in the low-speed region.

(2) The phase lag of the voltage vector occurs, and the lag time is one and a half of
sampling cycles. With the increase in the synchronous frequency, the lag angle
becomes larger.

By inverting the error formula, a compensation method of the digital delay can be
designed as follows:

Gc =
1

Gerror
=

ej1.5ω1Ts

K(ω1, Ts)
(28)

Such a method is very straightforward. By employing it to the voltage vector’s ampli-
tude in the stationary coordinate system and the phase correction angle, the magnitude of
the voltage vector becomes the same as the original value.

According to the above analysis, the digital delay can be approximately regarded as
a first-order inertia link in the static coordinate system. Figure 15 shows the induction
motor’s PI-based control block diagram after the delay compensation link (see (28)). In the
loop, the term Ve

s_ff is used to compensate for the back EMF coupling.

Ve
s_ff = ee

s = es
s = −

Lm

Lr
ωbrψr (29)

where, ωbr = Rr/Lr − jωr, es
s is the back-EMF component in the stationary coordinate

system, and ee
s is the back-EMF component in the synchronous coordinate system. These

two are actually same with each other.

Figure 15. PI-based current decoupling controller with delay compensation.

Affected by the delay, digitally controlled output voltage has specified phase lag and
amplitude attenuation compared with the command voltage. This will further cause the
output current amplitude attenuation and phase lag. Nevertheless, the inner current loop
PI controller can adjust the amplitude and phase of the voltage vector command value
so the voltage that can track its command well. That is to say, the current PI regulator
compensates for the error of the voltage vector. Inspired by this, the PI controller’s outputs
can be used to identify how large the error caused by the digital delay is.

Figure 16 shows the relationships of the output voltage commands of the current
PI controller with regarding to the increase of the motor speed with/ without imposing
the delay compensation strategy expressed in (28). In the figure, usdc and usqc are the d-
and q-axis command components generated by the current PI controller. The larger the
values of usdc, usqc are, the more significant the voltage error caused by the delay is. Back
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to Figure 16a, the values get larger with the increase of the motor speed, indicating that the
higher the speed is, the greater the output voltage error is. In contrast, after adopting the
delay compensation strategy, both values remain near 0, as shown in Figure 16b. Hence,
the delay compensation strategy adopted can effectively compensate for the voltage error
caused by the digital delay.

Figure 16. Simulation results of current controller outputs before and after delay compensation: (a)
Before compensation; (b) After compensation.

Further, Figure 17 shows the distribution of zero-pole points with/ without the delay
compensation. It can be seen that before the delay compensation, some poles of the system
will move to the unstable region (also the right plane of Pole-Zero Map) with the increase of
synchronization frequency. In contrast, after compensating the delay, all poles are located
in the left half plane. The system stability is therefore enhanced.

4.2. Improved Complex Vector Control

Using the delay compensation strategy to compensate for the digital control delay,
the cross-coupling introduced by the digital delay can be well canceled. Thus, the control
system is greatly simplified. According to the design idea of the complex vector current
controller, using the zero-pole cancellation principle, the current controller can be designed
in the following form:

Gc =
kc(σLss + R′s + jσLsω1)

s
(30)

Figure 18 shows the complex vector current control block diagram after delay com-
pensation, in which the voltage compensation component Ve

s_ff is used to compensate the
back-EMF coupling, and the complex vector controller is used to eliminate the control
object coupling.
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Figure 17. Zero pole distribution diagram before and after delay compensation:(a) Before compensa-
tion; (b) After compensation.

Figure 18. The proposed complex vector current control with delay compensation block diagram.

Thus, the closed-loop transfer function of the current loop becomes:

Gclo =
ie
s

ie∗
s

=
GcGp

1 + GcGp
=

1
s/kc + 1

(31)

The system turns to be a real first-order inertial one, and the value of kc can be
designed according to the bandwidth of the current loop. This decoupling method has
strong parameter robustness of the control structure. Furthermore, it has the same form as
the PI control (let kp = kc·σLs, ki = kc·R′s) while avoiding the complex PI tuning process.

Figure 19 presents the scalar implementation loop for the proposed complex vector
decoupling control. The proposed control uses offset current command value and the feed-
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back value of the voltage to build decoupling items. So, it achieves real-time adjustments
of both feed-back and feed-forward decoupling.

Figure 19. Scalar implementation loop for the proposed complex vector decoupling control.

5. Simulation and Experimental Verification
5.1. Simulation Results

In order to explore the performance of the proposed complex vector decoupling
technique, the simulation on a MATLAB/Simulink platform is conducted. An induction
motor drive system with the configuration shown in Figure 1 is applied in the simulation.
Parameters of the system are summarized in Table 1.

Table 1. Simulation and experimental parameters.

Symbol Parameter Value

Prated Rated power 3000 W
Urated Rated voltage 380 V
frated Rated frequency 50 HZ

P Pole count 3
RS Stator resistance 11.8140 Ω
Rr Rotor resistance 11.8429 Ω
LS Stator leakage inductance 0.1835 H
Lr Rotor leakage inductance 0.1835 H
Lm Mutual inductance 0.1733 H
fSw Switching frequency 500 Hz

Figure 20 shows waveforms of the proposed decoupling with exact motor parameter
values known in the control, i.e. σ̂L̂s = σLs, and R̂′s = R′s, where σ̂L̂s and R̂′s are estimation
values used in the control. The waveforms from top to bottom are about three-phase
currents, torque, d-axis current and q-axis current. As shown, when the q-axis current
changes by step, the d-axis current is just slightly disturbed and then quickly recovers to its
command value. The three-phase stator current and electromagnetic torque change steadily
as well as the d-axis current. The above means the current coupling degree between d-axis
and q-axis currents is significantly reduced.

Note that, due to manufacturing differences and different environmental conditions,
these IM parameter values have large or small errors with their practical values. Hence, it is
very necessary to examine the parameter robustness using the proposed decoupling scheme.
Consequently, four cases with reasonable parameter estimation errors are considered, i.e.
σ̂L̂s = 0.6σLsσ̂L̂s = 1.5σLs, R̂′s = 0.6R′s, and R̂′s = 1.5R′s.

Figure 21a–d provide their corresponding dq-axis current response curves. No matter
with any of the four cases, little difference can be observed compared with the accurate
one in Figure 20a, which indicates these inaccurate parameter estimations do not affect the
decoupling performance. Therefore, the decoupling control scheme proposed in this paper
has considerable parameter robustness.
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Figure 20. Current loop characteristics of the improved complex vector current decoupling con-
troller: (a) Three-phase stator current; (b) Electromagnetic torque sudden change process; (c) dq-axis
current response.

Figure 22 provides the comparison results between the feed-back decoupling and
feed-forward decoupling. It can be seen that the feed-forward control shows better dy-
namic performance. Consequently, the feed-forward control is taken as the conventional
representative to compare with our proposed scheme. The step response curves of the
feed-forward decoupling control under accurate parameter conditions and estimated pa-
rameter error conditions (motor speed is 600 rpm) are provided in Figure 23. The coupling
of d-q currents makes the transient d-axis current larger in the exact parameter condition
than the estimated parameter error condition. The parameter robustness of feed-forward
decoupling is not as good as the proposed scheme.
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Figure 21. dq-axis current response of improved complex vector controller with parameter estimation error: (a) σ̂L̂s = 0.6σLs;
(b) σ̂L̂s = 1.5σLs; (c) R̂′s = 0.6R′s; (d) R̂′s = 1.5R′s.

Figure 22. Step response of currents: (a) Feed-forward PI controller; (b) Feed-back PI controller.
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Figure 23. Step response of conventional feed-forward decoupling with changing parameters:
(a) Accurate parameters; (b) Estimated parameters (σ̂L̂s = 1.5σLs).

To further verify the validity of the proposed decoupling control, the comparison
between the feed-forward decoupling control with delay compensation and the proposed
complex vector controller is shown in Figure 24. After delay compensation, the coupling
degree of feed-forward decoupling control is reduced to some degree. However, the degree
is still high. In contrast, the proposed control shows much better decoupling performance.
Till now, the parameter robustness and the decoupling effect of the proposed control is
proved to be better than conventional ways.

5.2. Experimental Results

To investigate the effectiveness of the proposed control method, experiments were
conducted with two 3 kW induction motors and their drive systems. Two inverter-motor
systems are coaxially connected, as shown in Figure 25a. One IM (M1) serves as the motor
under test. Another IM (M2) is used to emulate a load. Specifically, M2 stabilizes the speed
at a constant value of 400 rpm. When the speed is stable, a command torque current of 5 A
is suddenly added onto M1. Once the excitation current isq reaches stable status, the torque
current isd changes from 0 A to 5 A in a step. Both drive systems are in a back-to-back
configuration, as shown in Figures 25b and 26. The Experiment parameters are the same as
shown in Table 1.
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Figure 24. Step response of currents: (a) Feed-forward controller with delay compensation;
(b) Improved complex vector control.

Figure 25. Experiment configuration: (a) Two coaxially connected inverter-motor systems; (b) Structure for the motor drive
system in experiments.
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Figure 26. Experimental platform.

The PI control without decoupling and feed-forward decoupling control are shown
in Figures 27 and 28, respectively. Compared with the traditional PI control, when the
q-axis current step changes, the amplitude of the current drop in the d-axis becomes
smaller, indicating that the coupling degree is reduced to some extent for the feed-forward
decoupling control.

Figure 27. Feed-forward PI controller experimental waveforms: (a) Motor A-phase current; (b) dq-axis current response.

Figure 28. Feed-back PI controller experimental waveforms: (a) A-phase stator current; (b) dq-axis current response.
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However, the q-axis current overshot is larger, indicating that the dq-axis current
coupling is still serious. Finally, Figure 29 shows the experimental waveforms of the
improved complex vector control scheme proposed in this paper. It can be seen that
when the q-axis current step changes, the d-axis current is only slightly disturbed, and the
command value is quickly tracked; there was no significant overshoot of the q-axis current
either. Compared with the previous control schemes, the system response speed was faster,
indicating that the complex vector control scheme has a better decoupling effect and better
dynamic performance.

Figure 29. Improved complex vector controller experimental waveforms: (a) A-phase stator current; (b) dq-axis
current response.

6. Conclusions

In this paper, a simple and effective complex vector decoupling is presented for the
IM drive system at limited switching frequency conditions. In this method, the secondary
effect on torque/flux coupling caused by digital control delay is specified and accurately
compensated. Compared with the conventional PI current controller-based decoupling,
it is immune to the digital delay and achieves optimized decoupling. Moreover, the
dynamic component caused by the digital delay is canceled, which greatly simplifies the
entire torque/flux decoupling process without compromising the system performance.
Compared with the accurate-model-based complex vector control, the proposed decoupling
has a simpler control structure and is easier to implement, making it more suitable for the
actual industrial practice. The simulation and experimental results demonstrate that the
decoupling control scheme proposed in this paper effectively improves the decoupling
capability of the current loop and enhances the dynamic response, thus alleviating a good
tradeoff between the system performance and implementation complexity.
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