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Abstract: This paper aims toward the improvement of the limitations of traditional failure mode
and effect analysis (FMEA) and examines the crucial failure modes and components for railway
train operation. In order to overcome the drawbacks of current FMEA, this paper proposes a novel
risk prioritization method based on cumulative prospect theory and type-2 intuitionistic fuzzy
VIKOR approach. Type-2 intuitionistic VIKOR handles the combination of the risk factors with
their entropy weight. Triangular fuzzy number intuitionistic fuzzy numbers (TFNIFNs) applied
as type-2 intuitionistic fuzzy numbers (Type-2 IFNs) are adopted to depict the uncertainty in the
risk analysis. Then, cumulative prospect theory is employed to deal with the FMEA team member’s
risk sensitiveness and decision-making psychological behavior. Finally, a numerical example of the
railway train bogie system is selected to illustrate the application and feasibility of the proposed
extended FMEA model in this paper, and a comparison study is also performed to validate the
practicability and effectiveness of the novel FMEA model. On this basis, this study can provide
guidance for the risk prioritization of railway trains and indicate a direction for further research of
risk management of rail traffic.

Keywords: risk prioritization; type-2 IFNs; VIKOR; cumulative prospect theory; railway
train operation

1. Introduction

As a kind of reliability analysis and risk management technique, failure mode and effect analysis
(FMEA) has been widely used in rail traffic risk analysis [1,2]. In practice, the risk prioritization of
every failure mode can be obtained by a risk priority number (RPN) through three risk factors of
occurrence (O), severity (S) and detection (D). Then, the key components can be identified by the fusion
of the RPN of each failure mode [3].

Despite the simplicity and understandability of the RPN method for the railway train risk analysis
and prioritization, it still possesses many drawbacks. The most criticized drawbacks are presented
as follows [4–7]:

• The multiplication for the RPN can be questionable and sensitive to the variations in risk
factors calculation.

• Different combination of the risk factor O, S and D can produce the same RPN value, which is not
effective in practical risk management.
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• The risk factor O, S and D can be difficult to determined precisely in many real-world scenarios.
• The relative importance among the risk factor O, S and D can be overlooked in the conventional

FMEA approach.

The most important and urgent business is to determine the criticality of the system component
in the operation of railway train. Later, the maintenance optimization and improvement can be put
into practice for the safety and reliability operation.

As stated above, there is a pressing need to further improve the conventional FMEA approach for
the railway train risk analysis and prioritization. In order to overcome the shortcomings of traditional
FMEA approach, some applications employed the risk information judgments with linguistic terms
of fuzzy set theory. Triangular fuzzy numbers [8,9], interval fuzzy numbers [10], hesitant fuzzy
numbers [11,12] and intuitionistic fuzzy numbers (IFNs) [13,14] have been adopted with MCDM
methods to deal with the risk prioritization problems. By comparison, IFNs can be characterized by
the membership function (MF) and non-membership function (NMF) to illustrate the positive and
negative degree, respectively, which can be more flexible than other fuzzy terms. Nevertheless, it can
be a challenge to determine the accurate data of their MFs and NMFs. Hence, type-2 IFNs have been
put forward to handle the fuzzy problems in a way. Type-2 IFNs possess many advantages over IFNs,
as their MFs and NMFs are themselves fuzzy, making it possible to model and minimize the effects of
indeterminacy in fuzzy matters. Yu, Wang and Wang [15] extended IFNs with interval numbers as
an application of type-2 IFNs for the uncertainty in the site-selection problem. Wei et al. [16] applied
interval valued IFNs with entropy measures to overcome the existing entropy matters. However,
the terminal point of MFs and NMFs can be difficult to determine and further enlarge the interval area
after arithmetic operation. Therefore, Liu and Yuan [17] proposed TFNIFNs as another application of
type-2 IFS to describe uncertainty and fuzziness. Compared with interval valued IFNs, TFNIFNs [18]
can be better utilized in the fields of fuzziness as the triangular fuzzy number between 0 and 1,
which can make TFNIFNs more flexible and reasonable.

On the other hand, some papers regarded the risk prioritization as a multi-criteria decision making
(MCDM) problem [19–24]. Consequently, the MCDM model has been widely applied to solve the
drawbacks in FMEA. Among the different MCDM technologies, TOSPIS and VIKOR methods are the
widely used applications. Liu et al. [25] developed FMEA and VIKOR method to identify the risk of
general anesthesia process. Lo et al. [26] proposed a novel FMEA model based on TOPSIS method for
the equipment product risk identification. Furthermore, Mandal et al. [27] present a FMEA framework
with fuzzy VIKOR approach for safety critical resources identification and risk mitigation purposes.
Li et al. [28] tried to identify, evaluate and eliminate potential failures of the spindle box system by
an advanced FMEA combined with fuzzy TOPSIS. According to the above researches, the solution
obtained by the VIKOR method [29] is an aggregation of all the criteria, the relative importance of the
criteria, and a balance between total and individual satisfaction. However, the solution determined
by TOPSIS method considers the distances from the ideal point and negative-ideal point without
considering their relative importance. Therefore, the comparison cases indicate that the VIKOR method
can be slightly better than the TOPSIS method [30,31].

Although, to some extent, these efforts have eliminated the shortcomings of the conventional
FMEA, there is a crucial issue that has not been fully coped with, namely, experts’ risk sensitiveness
and decision-making psychological behavior. In order to solve this problem, prospect theory [32–35]
combined with MCDM methods can be used to conduct risk prioritization in FMEA model by the
consideration of experts’ risk sensitiveness and decision-making psychological behavior. However,
traditional prospect theory also has the unacceptable drawback about violations of dominance.
Consequently, cumulative prospect theory [36] has been proposed to handle this matter. In cumulative
prospect theory, the probability weight is replaced by cumulative probability weight and makes it a
clear logic as well as a relatively simple computation procedure, thus, cumulative prospect theory can
be extensively applied in various MCDM problems [37–40].
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According to the discussion above, in this paper, we develop an extended FMEA model based
on cumulative prospect theory and type-2 intuitionistic fuzzy VIKOR for the railway train risk
prioritization. In order to handle such situations where experts with different risk sensitiveness and
decision-making psychological behavior towards different failure modes of railway train, cumulative
prospect theory combined with TFNIFNs is adopted to depict the different risk sensitiveness and
psychological behavior of experts. In addition, the VIKOR approach associated with entropy weight
method is also carried out to fuse the risk information under different risk factors. Therefore, the final
risk prioritization order can be obtained based on the compromise results of VIKOR. At last, a case
study of railway train bogie system is utilized to illustrate the proposed extended FMEA model.

In the light of the above analysis, the contributions of this paper can be summarized as follows:

• The proposed risk component prioritization model based on FMEA framework considers all
possible failure modes of railway train without losing any valid state information.

• The extended FMEA model combined with cumulative prospect theory considers the experts’ risk
sensitiveness and decision-making psychological behavior which can obtain a relatively objective
and reasonable risk prioritization outcome.

• The application of triangular fuzzy number intuitionistic fuzzy geometric (TFNIFG) operator
as reference point can integrate all the risk score information comprehensively to determine the
cumulative prospect value of each failure mode.

The rest of this paper can be organized as follows. In Section 2, the basic theories related to type-2
intuitionistic fuzzy numbers, VIKOR and cumulative prospect theory are briefly introduced. Section 3
presents the extended FMEA model based on cumulative prospect theory and type-2 intuitionistic
fuzzy VIKOR for the railway train risk prioritization. In Section 4, a case study of the railway train bogie
system is selected to illustrate the application and effectiveness of the proposed method. In Section 5,
the conclusions and future research directions of this study are provided.

2. Preliminaries

This paper develops an extended FMEA model based on cumulative prospect theory and type-2
intuitionistic fuzzy VIKOR for the railway train risk prioritization. In this section, the basic concepts
of TFNIFNs, VIKOR method and cumulative prospect theory are briefly introduced, which will be
utilized in the subsequent sections.

2.1. TFNIFNs

Definition 1 ([41]). Let X be a fixed set, an IFN A in X can be defined as

A =
{ 〈

x, uA(x), vA(x)
〉∣∣∣x ∈ X

}
(1)

In which uA(x): X→[0, 1] and vA(x): X→[0, 1] is MF and NMF, respectively, satisfying 0 ≤ uA(x) + vA(x) ≤ 1,
∀x ∈ X. The number uA(x) and vA(x) shows the degree of MF and NMF of x to A, for all x ∈ X, respectively.

Definition 2 ([18]). A triangular fuzzy number C = (l, m, r) in X is a special fuzzy number, its MF can be
defined as

uC(x) =


(x− l)/(m− l), l ≤ x ≤ m

(x− r)/(m− r), m ≤ x ≤ r

0, otherwise

(2)

In which 0 ≤ l ≤ m ≤ r ≤ 1, m is the barycenter of triangular fuzzy number C, if l = m = r, then C is an
accurate number.
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As for a triangular fuzzy number C, its fuzzy mean E(C) and standard deviation σ(C) can be defined as

E(C) =
l + 2m + r

4
(3)

σ(C) =
3l2 + 4m2 + 3r2

− 4lm− 2lr− 4mr
80

(4)

Definition 3 ([18]). Let Ã =
{〈

x, uÃ(x), vÃ(x)
〉∣∣∣∣x ∈ X

}
be a TFNIFN, and its MF uÃ(x) and NMF vÃ(x) is

a triangular fuzzy number, respectively.

Let Ã =
{〈

x, uÃ(x), vÃ(x)
〉∣∣∣∣x ∈ X

}
be a TFNIFN, then the score function and variation function of Ã can

be defined as

S
(
Ã
)
= E

(
µÃ

)1 + E
(
µÃ

)
− E

(
νÃ

)
2

(
1− E

(
µÃ

)
− E

(
νÃ

))
(5)

G
(
Ã
)
= σ

(
µÃ

)
+ σ

(
νÃ

)
(6)

Let Ã1 and Ã2 be two TFNIFNs, we can define that:
If S

(
Ã1

)
< S

(
Ã2

)
, then Ã1 < Ã2;

If S
(
Ã1

)
= S

(
Ã2

)
and G

(
Ã1

)
= G

(
Ã2

)
, then Ã1 = Ã2;

If S
(
Ã1

)
= S

(
Ã2

)
and G

(
Ã1

)
> G

(
Ã2

)
, then Ã1 < Ã2.

Definition 4 ([18]). Let Ãi = ((ali, ami, ari), (bli, bmi, bri)) be a set of TFNIFNs, i = 1, 2, . . . , N.
The TFNIFG operator r̃ can be defined as

r̃ =
(
Ã1

)1/N
⊗

(
Ã2

)1/N
⊗ · · · ⊗

(
ÃN

)1/N

=

((
N∏

i=1
(ali)

1/N,
N∏

i=1
(ami)

1/N,
N∏

i=1
(ari)

1/N
)
,((

1−
N∏

i=1
(1− bli)

1/N
)
,
(
1−

N∏
i=1

(1− bmi)
1/N

)
,
(
1−

N∏
i=1

(1− bri)
1/N

))) (7)

Definition 5 ([42]). Let Ã1 = ((al1, am1, ar1), (bl1, bm1, br1)) and Ã2 = ((al2, am2, ar2), (bl2, bm2, br2)) be
two TFNIFNs. The Hamming distance between Ã1 and Ã2 can be defined as

d
(
Ã1, Ã2

)
=

1
8
(|al1 − al2|+ 2|am1 − am2|+ |ar1 − ar2| +|bl1 − bl2|+ 2|bm1 − bm2|+ |br1 − br2|) (8)

2.2. VIKOR Approach

The VIKOR approach proposed by Opricovic in 1998 is a widely used MCDM technique [27].
VIKOR approach is a compromise sorting method that can compromise ranking of a finite decision
scheme by maximizing group utility and minimizing individual regret. The key idea of the VIKOR
method is to select the optimal solution based on the closeness degree by each evaluation value, positive
ideal solution and negative ideal solution. The procedure of VIKOR approach can be given below.

Step 1: Determine the positive ideal solution f+
j

and negative ideal solution f−
j

from the
evaluation matrix.

f+
j

= max fi j, f−
j
= min fi j (9)

Step 2: Determine the maximizing group utility Si and minimizing individual regret Ri from the
evaluation matrix.

Si =
m∑

j=1

w j

d
(

f+
j

, fi j
)

d
(

f+j , f−
j

) (10)
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Ri = max
j

w j

d
(

f+
j

, fi j
)

d
(

f+j , f−
j

) (11)

In which wj is the weight of criteria.
Step 3: Determine the compromise solution Qi.

Qi = ν
(Si − S∗)
(S− − S∗)

+ (1− ν)
(Ri −R∗)
(R− −R∗)

(12)

In which v is the weight of the strategy of “the majority of criteria”. The value of v lies in the range
of 0–1. Normally, the value of v can be considered as 0.5. The intermediate parameters S*, S−, R* and
R− can be given below.

S∗ = min
i

Si, S− = max
i

Si, R∗ = min
i

Ri, R− = max
i

Ri (13)

Step 4: Determine the prioritization order of alternatives according to ascending order by the
compromise solution Qi.

2.3. Cumulative Prospect Theory

Cumulative prospect theory put forward by Tversky and Kahneman in 1992 is an extended
method of prospect theory [36]. It is a useful tool for assessment and decision making under risk
and uncertainties in consideration of experts’ risk sensitiveness and decision-making psychological
behavior. The significant enhancement of cumulative prospect theory compared with prospect theory
is that the weight function is an inverse S-type curve. In cumulative prospect theory, the cumulative
prospect value V can be determined as

V =
0∑

i=−m

v
(
∆xi j

)
Π−i +

n∑
i=1

v
(
∆xi j

)
Π+

i (14)

In which v
(
∆xi j

)
is the value function and demonstrates the gains or losses of the alternative.

It can be determined as:

v
(
∆xi j

)
=


(
xi j − x j

)α
, xi j ≥ x j

−λ
(
xi j − x j

)β
, xi j < x j

(15)

where xij is the outcome of the alternative ij, xj is the reference point of the alternative ij under the
criterion j. α and β are the exponential parameters related to gains and losses. λ is the risk aversion
parameter, and it represents the characteristic of steeper for losses than for gains. Based on the
experiment validation [36], these parameters can be provided as α = β = 0.88, λ = 2.25.

Π−i and Π+
i are the decision weight and can be expressed as follows when the value function

v
(
∆xi j

)
> 0 and v

(
∆xi j

)
< 0, respectively.

Π+
i = w+(pi + pi+1 + · · ·+ pn) −w+(pi+1 + pi+2 + · · ·+ pn) (16)

Π−i = w−(p−m + p−m+1 + · · ·+ pi) −w−(p−m + p−m+1 + · · ·+ pi−1) (17)

where w+ and w− are the weight functions and are strictly increasing functions from the unit interval
into itself. The weight function w+ and w− can be expressed as

w+(p) =
pγ[

pγ + (1− p)γ
] 1
γ

(18)
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w−(p) =
pδ[

pδ + (1− p)δ
] 1
δ

(19)

where γ and δ are the attitude parameters for gains and losses. Generally, the values of γ and δ can be
provided as 0.61 and 0.69, respectively [36].

3. The Proposed FMEA Model for Railway Train Risk Prioritization

In this section, a comprehensive FMEA model based on cumulative prospect theory and
type-2 intuitionistic fuzzy VIKOR is developed to analyze the risk of railway train and rank the
crucial components.

The risk prioritization in FMEA model can be treated as a MCDM problem, and the risk factor O,
S and D can be regarded as a group of decision criteria. As a result, the procedure of resolving this
FMEA problem can be considered as a process of risk prioritization where uncertainty and FMEA team
members’ preference and psychological behavior are both taken into account. The general steps for
this proposed FMEA model can be illustrated as Figure 1 and the systematic procedures can be briefly
introduced as follows.

3.1. Determine and Aggregate the FMEA Decision Value by Type-2 Intuitionistic Fuzzy Number

In the process of failure mode and component risk prioritization, we can assume that there are
m alternatives, namely system components denoted by Ai (i = 1, 2, . . . , m), t failure modes for a
component Ai, presented by FMis (is = 1, 2, . . . , t), 3 criteria, namely risk factor O, S and D, indicated by
Cj (j = 1, 2, 3), and l decision makers, namely FMEA team members, expressed by DMk (k = 1, 2, . . . , l).
Let rk

is j be the decision value for the failure mode FMis on criterion Cj about the FMEA team member
DMk. Moreover, in light of uncertainty of the risk factor O, S and D, the decision value can be expressed

by TFNIFNs presented as rk
is j =

((
alkis j, amk

is j, ark
is j

)
,
(
blkis j, bmk

is j, brk
is j

))
.

Every FMEA team member is required to give the risk score of the failure mode FMis on criterion
Cj by TFNIFNs, as provided in Tables 1–3, respectively.

Table 1. Linguistic variables for the risk factor occurrence (O).

Linguistic Variables Rank TFNIFNs

Very low 1, 2 ((0.1,0.1,0.2), (0.9,1.0,1.0))
Low 3, 4 ((0.2,0.3,0.4), (0.7,0.8,0.9))

Medium 5, 6 ((0.4,0.5,0.6), (0.5,0.6,0.7))
High 7, 8 ((0.6,0.7,0.8), (0.3,0.4,0.5))

Very high 9, 10 ((0.8,0.9,1.0), (0.1,0.2,0.3))

Table 2. Linguistic variables for the risk factor severity (S).

Linguistic Variables Rank TFNIFNs

Very minor 1, 2 ((0.1,0.1,0.2), (0.9,1.0,1.0))
Minor 3, 4 ((0.2,0.3,0.4), (0.7,0.8,0.9))

Medium 5, 6 ((0.4,0.5,0.6), (0.5,0.6,0.7))
Major 7, 8 ((0.6,0.7,0.8), (0.3,0.4,0.5))

Hazardous 9, 10 ((0.8,0.9,1.0), (0.1,0.2,0.3))

With respect to the different FMEA team members, the different risk score information needs to be
aggregated based on the team members’ weight. In the literature [43], there are various approaches
to calculate the importance weight of different expert, such as AHP method [44], distance-based
method [45], SWARA method [46] and entropy weight method [23,30], etc. The entropy weight
method has been widely used in the MCDM problems, and it can illustrate relative information more
objectively [23,30]. Therefore, the entropy weight method is applied to determine the weights of FMEA
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team members in this paper. The process to determine the FMEA team members’ weights can be briefly
explained as follows.

Table 3. Linguistic variables for the risk factor detection (D).

Linguistic Variables Rank TFNIFNs

Very easy 1, 2 ((0.1,0.1,0.2), (0.9,1.0,1.0))
Easy 3, 4 ((0.2,0.3,0.4), (0.7,0.8,0.9))

Medium 5, 6 ((0.4,0.5,0.6), (0.5,0.6,0.7))
Hard 7, 8 ((0.6,0.7,0.8), (0.3,0.4,0.5))

Very hard 9, 10 ((0.8,0.9,1.0), (0.1,0.2,0.3))
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Step 1: Determine the TFNIFG operator r̃k
j of each FMEA team member under different risk factors.

r̃k
j =

((
N∏

is=1

(
alkis j

)1/N
,

N∏
is=1

(
amk

is j

)1/N
,

N∏
is=1

(
ark

is j

)1/N
)
,((

1−
N∏

is=1

(
1− blkis j

)1/N
)
,
(
1−

N∏
is=1

(
1− bmk

is j

)1/N
)
,
(
1−

N∏
is=1

(
1− brk

is j

)1/N
))) (20)
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Step 2: Determine the risk score information entropy of each FMEA team member under different
risk factors.

ek
j = −

1
ln(N)

N∑
is=1

d
(
rk

is j, r̃k
j

)
∑N

is=1 d
(
rk

is j, r̃k
j

) ln


d
(
rk

is j, r̃k
j

)
∑N

is=1 d
(
rk

is j, r̃k
j

)
 (21)

Step 3: Determine the importance weight of different FMEA team member under different
risk factors.

wk
j =

1− ek
j∑l

k=1 1− ek
j

(22)

Consequently, the aggregated risk score information of failure mode FMis can be gathered as
ris j =

((
alis j, amis j, aris j

)
,
(
blis j, bmis j, bris j

))
.

3.2. Determine the Cumulative Prospect Value of Each Component

In this part, different failure modes of a component can be regarded as the different performance
states of the component. As for the component risk, it refers to the different performance states of a
component with different probability. As a result, the component risk associated with different failure
modes can be determined based on the cumulative prospect theory. The procedure to calculate the
cumulative prospect value of each component can be summarized as follows.

Step 1: Determine the reference points under different risk factors.
With respect to the risk score information of different failure mode, it expresses as TFNIFN.

Consequently, the reference points can be designed as the TFNIFG operator for a set of risk score
information. Let rj = ((alj, amj, arj), (blj, bmj, brj)) be the reference point under risk factor Cj. rj can be
expressed as

r̃ j =

((
N∏

is=1

(
alis j

)1/N
,

N∏
is=1

(
amis j

)1/N
,

N∏
is=1

(
aris j

)1/N
)
,((

1−
N∏

is=1

(
1− blis j

)1/N
)
,
(
1−

N∏
is=1

(
1− bmis j

)1/N
)
,
(
1−

N∏
is=1

(
1− bris j

)1/N
))) (23)

Step 2: Determine and construct the gain or loss matrix.
After determining the reference point, the gain or loss value of a failure mode can be constructed

based on Hamming distance between aggregated risk score information and reference point.

v
(
∆ris j

)
=


d
(
ris j, r j

)0.88
, ris j ≥ r j

−2.25d
(
ris j, r j

)0.88
, ris j < r j

(24)

Consequently, the gain or loss matrix of the failure modes can be expressed as follows.

C1 C2 · · · Cn

V =

A1 FM11

A1 FM12
...

Am FMmt


v(∆r111) v(∆r112) · · · v(∆r11n)

v(∆r121) v(∆r122) · · · v(∆r12n)
...

...
. . .

...
v(∆rmt1) v(∆rmt2) · · · v(∆rmtn)


(25)

Step 3: Determine the cumulative prospect weight of each failure mode for a component.
Based on the step 2, the importance weight of each failure mode for a component can be obtained

based on the cumulative prospect theory. The cumulative prospect weight is the promotion of the
traditional prospect weight as it considers the cumulative probability rather than a single probability.
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Therefore, the order of gain or loss value of failure modes for a component can be determined by
increasing ranking. Let −m ≤ is ≤ n, the ranking order can be denoted as v(∆r−m) ≤ v(∆r−m+1) ≤ . . . ≤
v
(
∆ris j

)
≤ . . . ≤ v(∆rn−1) ≤ v(∆rn). The failure mode FMis and probability pis under the risk factor Cj is

associated with v
(
∆ris j

)
. Thus, the cumulative prospect weight of each failure mode can be determined

as follows.

Π+
is = w+(pis + pis+1 + · · ·+ pn) −w+(pis+1 + pis+2 + · · ·+ pn), 0 ≤ is < n

Π−is = w−(p−m + p−m+1 + · · ·+ pis) −w−(p−m + p−m+1 + · · ·+ pis−1),−m < is ≤ 0
(26)

In which the weight function w+ and w− can be determined in accordance with
Equations (18) and (19), Π+

n = w+(pn) and Π−m = w−(pm).
Step 4: Determine the cumulative prospect value of each component.
Based on the gain or loss matrix and cumulative prospect weight of the failure modes,

the cumulative prospect value of a component can be expressed as follows.

VAi j =
0∑

is=−m

v
(
∆ris j

)
Π−is +

n∑
is=1

v
(
∆ris j

)
Π+

is (27)

3.3. Determine the Component Risk Prioritization by VIKOR

After determining the cumulative prospect value of each component under different risk factors,
the comprehensive risk ranking and prioritization of the system component can be determined based on
the VIKOR method. The importance weight of different risk factors can be calculated by entropy weight
method [23]. The procedure to determine the comprehensive risk prioritization of each component can
be summarized as follows.

Step 1: Determine the importance weight of risk factor O, S and D.
Based on the cumulative prospect value of components, the risk information entropy of different

factors can be expressed as follows.

e j = −
1

ln(m)

m∑
i=1

d
(
VAi j , VA j

)
∑m

i=1 d
(
VAi j , VA j

) ln

 d
(
VAi j , VA j

)
∑m

i=1 d
(
VAi j , VA j

)  (28)

In which VAi j is the cumulative prospect mean value of each component and can be calculated
as follows.

VA j =
1
m

m∑
i=1

VAi j (29)

Hence, the importance weight of risk factor O, S and D can be determined as

w j =
1− e j∑n

j=1 1− e j
(30)

Step 2: Determine the positive ideal solution and negative ideal solution.
Based on the Equation (9), the positive ideal solution V+

A j
and negative ideal solution V−A j

under

risk factor O, S and D can be obtained.
Step 3: Determine the maximizing group utility, minimizing individual regret and

compromise solution.
Based on the Equation (10) to Equation (13), the maximizing group utility Si, minimizing individual

regret Ri and compromise solution Qi can be obtained.
Step 4: Determine the risk ranking and prioritization of each component.
The risk ranking and prioritization order of each component can be obtained based on the

ascending order by the compromise solution Qi.
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4. An Illustrative Example

In this section, an illustrative risk analysis case study of a specific railway train bogie system has
been applied to demonstrate the application and feasibility of the proposed FMEA model. Further-more,
a comparison study is also conducted to validate the effectiveness of the new FMEA model.

4.1. Calculation of the Risk Prioritization for Railway Train Bogie System

Step 1: Determine and aggregate the FMEA decision value.
Bogie system is one of the most major complex mechatronic part of railway train and can be easily

prone to fail. Bogie system can account for a substantial 21.1% based on accumulation of failure data
in a couple years [47]. In this paper, a specific railway train bogie system is applied to cope with the
proposed FMEA model. Twenty-eight components and seventy-three failure modes are selected for
the calculation, which can be Ai (i = 1, 2, . . . , 28) and FMis (is = 1, 2, . . . , t, i*is = 73). The components
and failure modes can be provided in Tables 4 and 5, respectively. A FMEA team consists of three
members: design manufacturer, train crew and maintenance personnel. They are invited to give the
risk score of the failure mode under risk factor O, S and D, and can be expressed by DMk (k = 1, 2, 3).

Based on the Tables 1–3, every FMEA team member gives the risk score of the failure mode
FMis under the risk factor O, S and D. Table 6 provides the risk score of partial failure modes. Then,
importance weights of the FMEA team member can be calculated as 0.2822, 0.3268 and 0.3910 under
risk factor O, 0.2455, 0.2406 and 0.5139 under risk factor S and 0.3678, 0.3538 and 0.2784 under risk
factor D, respectively. As a result, the aggregated risk score of partial failure modes can be obtained
according to Equations (20)–(22) in Section 3.1. Table 7 provides the aggregated risk score of partial
failure modes.

Table 4. Bogie system components selected for the calculation.

No. Component No. Component

1 Frame assembly 15 Coupling
2 Axle 16 Traction motor
3 Wheel 17 Drawbar
4 Axle box body 18 Traction frame
5 Bearing 19 Central axis
6 Primary spring 20 Central pin
7 Vertical shock absorber 21 Lateral buffer device
8 Lateral stop 22 Tread Braking Unit
9 Air spring 23 Parking brake unit
10 Height adjustment device 24 Brake pad
11 Differential pressure valve 25 Flange lubrication device
12 Lateral shock absorber 26 Grounding device
13 Anti-rolling torsion bar 27 RFID
14 Gearbox assembly 28 Temperature sensor

Step 2: Determine the cumulative prospect value of each component.
On account of the aggregated risk score of all the failure modes, the reference points under risk

factor O, S and D can be determined as ((0.21,0.25,0.37), (0.74,1.0,1.0)), ((0.45,0.55,0.65), (0.45,0.55,0.65))
and ((0.33,0.42,0.52), (0.58,1.0,1.0)), respectively. Then, the gain or loss matrix of failure modes can be
obtained based on the Hamming distance between the aggregated risk scores and reference points.
Table 8 provides the gain or loss matrix of partial failure modes.

According to the increasing ranking order of gain or loss value of the failure modes for a
component, the cumulative prospect weight of each failure mode can be determined in accordance
with Equations (26) and (27) in Section 3.2. The cumulative prospect weight of partial failure modes
can be shown in Table 9. Thus, the cumulative prospect value of each component can be obtained
based on the gain or loss matrix and cumulative prospect weight of failure modes. Table 10 provides
the cumulative prospect value of partial bogie system components.
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Step 3: Determine the component risk prioritization.
Based on the Equation (28) to Equation (30), we can obtain the weight under risk factor O, S and D

as 0.25, 0.18 and 0.57. Then, the maximizing group utility Si, minimizing individual regret Ri and
compromise solution Qi can be determined by the VIKOR approach, which can be shown in Figure 2.
Table 11 provides the Si, Ri and Qi value of partial bogie system components. Therefore, the risk
ranking and prioritization order can be obtained by the increasing order of Qi value.
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On the basis of the increasing order of the compromise solution Qi of bogie system components,
the risk prioritization ranking result of the top ten components can be Frame assembly > Axle >

Drawbar > Wheel > Bearing > Central axis > Parking brake unit > Air spring > Gearbox assembly >

Anti-rolling torsion bar. Consequently, the component frame assembly has the top risk prioritization,
because frame assembly is the main body of railway train bogie system. Any failures will cause
the derailment of the train and results in irretrievable damage. Thus, reliability design of the frame
assembly has been always attached great importance.

Table 5. Bogie system components selected for the calculation.

No. Component No. Failure Mode No. Component No. Failure Mode

1 1 Microcrack 38 14 Oil leak
2 1 Crack 39 14 Low oil level
3 2 Microcrack 40 14 Microcrack
4 2 Crack 41 14 Crack
5 3 Crack 42 14 Abnormal sound
6 3 Tread scratch 43 14 Gear damage
7 3 Tread peeling 44 14 Gear crack
8 3 Tread crack 45 15 Microcrack
9 3 Wheel wear 46 15 Crack

10 4 Microcrack 47 15 Loosening
11 4 Wear 48 16 Abnormal vibration
12 4 Crack 49 16 Over-temperature



Entropy 2020, 22, 1418 12 of 19

Table 5. Cont.

No. Component No. Failure Mode No. Component No. Failure Mode

13 4 Abnormal temperature 50 16 Bearing crack
14 5 Scratch 51 16 Internal wiring damage
15 5 Microcrack 52 16 Stop turning
16 5 Crack 53 17 Crack
17 5 Abnormal temperature 54 17 Microcrack
18 6 Wear 55 17 Wear
19 6 Microcrack 56 18 Crack
20 6 Crack 57 18 Microcrack
21 7 Loosening 58 19 Crack
22 7 Oil leak 59 19 Microcrack
23 8 Microcrack 60 20 Wear
24 8 Crushed 61 20 Microcrack
25 9 Scratch 62 20 Crack
26 9 Crack 63 21 Crack
27 9 Air leak 64 21 Microcrack
28 10 Block 65 22 Brake failure
29 10 Loosening 66 23 Brake failure
30 11 Block 67 24 Wear
31 12 Oil leak 68 24 Unable to brake
32 12 Ageing 69 25 No oil supply
33 13 Loosening 70 25 Stent crack
34 13 Deformation 71 26 Open circuit
35 13 Microcrack 72 27 Unable to transmit
36 13 Crack 73 28 Unable to detect
37 14 Abnormal oil

Furthermore, the crack of axle and drawbar can also lead to the derailment of the train.
The microcrack of axle and drawbar can cause the decline of the railway train operation stability and
endanger the safety of passengers. The wear of the drawbar counts a large proportion of the fault
record and sometimes affect the railway train operation. As a consequence, the component axle and
drawbar has the second and third risk prioritization.

In addition, the parking brake unit is an important component to prevent sliding at the parking
time when passengers are getting on and off the train. Once the parking brake fails, it can bring about
train sliding, and subsequently, passenger injuries. Therefore, FMEA team members give it a high-risk
score, and the parking brake has the seventh risk prioritization.

4.2. Comparisons and Discussion

To verify the efficiency of the extended FMEA model, a comparison study is performed with
other approaches based on the example mentioned above. The extended FMEA model based on
cumulative prospect theory and type-2 intuitionistic fuzzy VIKOR approach has been proposed to
improve the accuracy of conventional FMEA by considering the uncertainty, experts’ risk sensitiveness
and decision-making psychological behavior. As a result, the conventional FMEA model (conventional
model), the multilevel FMEA based on VIKOR model (multilevel VIKOR model), multilevel FMEA
with TFNIFS VIKOR model (multilevel TFNIFS VIKOR model) and FMEA with cumulative prospect
theory, TFNIFS and TOPSIS model (CPT TFNIFS TOPSIS model) are selected for comparison study
to find out the advantages of the proposed FMEA model. The risk prioritization outcomes of the
illustrative models are represented in Figure 3.
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Table 6. Bogie system components selected for the calculation.

No. Component No. p DM1 for
Factor O

DM1 for
Factor S

DM1 for
Factor D

DM2 for
Factor O

DM2 for
Factor S

DM2 for
Factor D

DM3 for
Factor O

DM3 for
Factor S

DM3 for
Factor D

3 2 0.9 ((0.6,0.7,0.8),
(0.3,0.4,0.5))

((0.6,0.7,0.8),
(0.3,0.4,0.5))

((0.6,0.7,0.8),
(0.3,0.4,0.5))

((0.4,0.5,0.6),
(0.5,0.6,0.7))

((0.6,0.7,0.8),
(0.3,0.4,0.5))

((0.6,0.7,0.8),
(0.3,0.4,0.5))

((0.4,0.5,0.6),
(0.5,0.6,0.7))

((0.6,0.7,0.8),
(0.3,0.4,0.5))

((0.4,0.5,0.6),
(0.5,0.6,0.7))

4 2 0.1 ((0.1,0.1,0.2),
(0.9,1.0,1.0))

((0.8,0.9,1.0),
(0.1,0.2,0.3))

((0.6,0.7,0.8),
(0.3,0.4,0.5))

((0.1,0.1,0.2),
(0.9,1.0,1.0))

((0.8,0.9,1.0),
(0.1,0.2,0.3))

((0.6,0.7,0.8),
(0.3,0.4,0.5))

((0.1,0.1,0.2),
(0.9,1.0,1.0))

((0.8,0.9,1.0),
(0.1,0.2,0.3))

((0.6,0.7,0.8),
(0.3,0.4,0.5))

5 3 0.05 ((0.6,0.7,0.8),
(0.3,0.4,0.5))

((0.6,0.7,0.8),
(0.3,0.4,0.5))

((0.6,0.7,0.8),
(0.3,0.4,0.5))

((0.6,0.7,0.8),
(0.3,0.4,0.5))

((0.4,0.5,0.6),
(0.5,0.6,0.7))

((0.4,0.5,0.6),
(0.5,0.6,0.7))

((0.4,0.5,0.6),
(0.5,0.6,0.7))

((0.4,0.5,0.6),
(0.5,0.6,0.7))

((0.4,0.5,0.6),
(0.5,0.6,0.7))

6 3 0.05 ((0.4,0.5,0.6),
(0.5,0.6,0.7))

((0.8,0.9,1.0),
(0.1,0.2,0.3))

((0.6,0.7,0.8),
(0.3,0.4,0.5))

((0.2,0.3,0.4),
(0.7,0.8,0.9))

((0.8,0.9,1.0),
(0.1,0.2,0.3))

((0.4,0.5,0.6),
(0.5,0.6,0.7))

((0.2,0.3,0.4),
(0.7,0.8,0.9))

((0.8,0.9,1.0),
(0.1,0.2,0.3))

((0.4,0.5,0.6),
(0.5,0.6,0.7))

7 3 0.05 ((0.2,0.3,0.4),
(0.7,0.8,0.9))

((0.6,0.7,0.8),
(0.3,0.4,0.5))

((0.6,0.7,0.8),
(0.3,0.4,0.5))

((0.2,0.3,0.4),
(0.7,0.8,0.9))

((0.6,0.7,0.8),
(0.3,0.4,0.5))

((0.6,0.7,0.8),
(0.3,0.4,0.5))

((0.1,0.1,0.2),
(0.9,1.0,1.0))

((0.4,0.5,0.6),
(0.5,0.6,0.7))

((0.4,0.5,0.6),
(0.5,0.6,0.7))

8 3 0.84 ((0.8,0.9,1.0),
(0.1,0.2,0.3))

((0.4,0.5,0.6),
(0.5,0.6,0.7))

((0.4,0.5,0.6),
(0.5,0.6,0.7))

((0.8,0.9,1.0),
(0.1,0.2,0.3))

((0.4,0.5,0.6),
(0.5,0.6,0.7))

((0.4,0.5,0.6),
(0.5,0.6,0.7))

((0.8,0.9,1.0),
(0.1,0.2,0.3))

((0.4,0.5,0.6),
(0.5,0.6,0.7))

((0.4,0.5,0.6),
(0.5,0.6,0.7))

9 3 0.01 ((0.1,0.1,0.2),
(0.9,1.0,1.0))

((0.8,0.9,1.0),
(0.1,0.2,0.3))

((0.6,0.7,0.8),
(0.3,0.4,0.5))

((0.1,0.1,0.2),
(0.9,1.0,1.0))

((0.8,0.9,1.0),
(0.1,0.2,0.3))

((0.8,0.9,1.0),
(0.1,0.2,0.3))

((0.1,0.1,0.2),
(0.9,1.0,1.0))

((0.8,0.9,1.0),
(0.1,0.2,0.3))

((0.8,0.9,1.0),
(0.1,0.2,0.3))

Table 7. Aggregated risk score of partial failure modes.

No. Component No. p O S D

3 2 0.9 ((0.45,0.55,0.65), (0.44,0.54,0.64)) ((0.6,0.7,0.8), (0.3,0.4,0.5)) ((0.54,0.64,0.74), (0.35,0.45,0.55))
4 2 0.1 ((0.1,0.1,0.2), (0.9,1.0,1.0)) ((0.8,0.9,1.0), (0.1,0.2,0.3)) ((0.6,0.7,0.8), (0.3,0.4,0.5))
5 3 0.05 ((0.52,0.62,0.72), (0.37,0.47,0.57)) ((0.45,0.55,0.65), (0.44,0.54,0.64)) ((0.47,0.57,0.67), (0.42,0.52,0.62))
6 3 0.05 ((0.26,0.36,0.46), (0.64,0.74,0.84)) ((0.8,0.9,1.0), (0.1,0.2,0.3)) ((0.47,0.57,0.67), (0.42,0.52,0.62))
7 3 0.05 ((0.16,0.22,0.32), (0.77,0.87,0.93)) ((0.49,0.59,0.69), (0.40,0.50,0.60)) ((0.54,0.64,0.74), (0.35,0.45,0.55))
8 3 0.84 ((0.8,0.9,1.0), (0.1,0.2,0.3)) ((0.4,0.5,0.6), (0.5,0.6,0.7)) ((0.4,0.5,0.6), (0.5,0.6,0.7))
9 3 0.01 ((0.1,0.1,0.2), (0.9,1.0,1.0)) ((0.8,0.9,1.0), (0.1,0.2,0.3)) (0.72,0.82,0.92), (0.17,0.27,0.37)
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Table 8. Gain or loss matrix of partial failure modes.

No. Component No. p O S D

3 2 0.9 0.38 0.19 0.37
4 2 0.1 −0.28 0.41 0.44
5 3 0.05 0.45 −0.03 −0.69
6 3 0.05 0.17 0.40 −0.69
7 3 0.05 −0.20 0.08 0.38
8 3 0.84 0.71 −0.14 −0.51
9 3 0.01 −0.28 0.40 0.56

Table 9. Cumulative prospect weight of partial failure modes.

No. Component No. p O S D

3 2 0.9 0.71 0.81 0.81
4 2 0.1 0.17 0.19 0.19
5 3 0.05 0.05 0.06 0.11
6 3 0.05 0.07 0.09 0.06
7 3 0.05 0.09 0.05 0.09
8 3 0.84 0.64 0.71 0.66
9 3 0.01 0.04 0.05 0.06

Table 10. Cumulative prospect weight of partial components.

Component No. O S D

1 0.468144 −0.04211 −0.39385
2 0.298719 −0.09364 −0.60525
3 0.281249 −0.22827 −0.42217
4 0.336425 −0.1147 −0.5351
5 0.030094 −0.15011 −0.5314
6 0.052312 −0.0584 −0.46359
7 0.098971 −0.40377 −0.41591
8 0.468144 −0.04211 −0.39385
9 0.298719 −0.09364 −0.60525

Table 11. Si, Ri and Qi value of partial components.

Component No. O S D

1 0.468144 −0.04211 −0.39385
2 0.298719 −0.09364 −0.60525
3 0.281249 −0.22827 −0.42217
4 0.336425 −0.1147 −0.5351
5 0.030094 −0.15011 −0.5314
6 0.052312 −0.0584 −0.46359
7 0.098971 −0.40377 −0.41591
8 0.468144 −0.04211 −0.39385
9 0.298719 −0.09364 −0.60525
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As shown in Figure 3, the overall prioritization trend of the proposed model essentially agrees
with the illustrative models. There are some differences among these models, and the explanations can
be given as follows.

The first comparison study is conducted with the outcome derived based on the conventional
FMEA model. There are significant differences between the risk prioritization outcomes by the two
FMEA models. For instance, the component primary spring has the second risk prioritization in the
conventional model, however, it ranks thirteenth when the proposed model is used. The failure of
the primary spring practically affects the passenger comfort instead of operation safety. Moreover,
the component central axis and drawbar has the fourteenth and fifteenth risk prioritization in the
conventional model, which is inconsistent with the actual situation. Central axis and drawbar are the
crucial components associated with the safety operation. Based on the proposed model, central axis
and drawbar ranks sixth and third, respectively. Therefore, the outcome derived from the conventional
model can be inaccurate to some extent. The inaccurate outcomes can be explained as follows:

• The uncertainty, experts’ risk sensitiveness and decision-making psychological behavior are not
considered in the conventional model.

• The multiplication of risk factor O, S and D can be questionable.

The second comparative analysis is performed with the outcome obtained by the multilevel
VIKOR model. There are also numerous distinctions between the two models. For example, the major
difference is that the component frame assembly ranks fifth in the multilevel VIKOR model. However,
it has the top risk prioritization when the proposed method is adopted, which is consistent with the
other three models. In addition, the component primary spring still has the second risk prioritization in
the multilevel VIKOR model and is inconsistent with the actual situation. Furthermore, the component
axle box body and traction motor have the eighth and seventh risk prioritization in the multilevel
VIKOR model, respectively. The failure of axle box body merely affects the passenger comfort and
the failure of traction motor will decline the operation stability. According to the proposed model,
the axle box body and traction motor rank seventeenth and fifteenth, respectively, which is consistent
with the actual situation. The component brake pad has a significant relationship with the operation
safety. It ranks eleventh in the proposed model while it barely ranks twenty-second in the multilevel
VIKOR model. As a result, the distinction between the two models is that the multilevel VIKOR model
considers the VIKOR for multiplication of risk factors but does not think about the uncertainty, experts’
risk sensitiveness and decision-making psychological behavior.
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The third comparative analysis is implemented with multilevel TFNIFS VIKOR model. The major
difference between the two models is that the component central axis and drawbar has the eighteenth
and twenty-first risk prioritization in the multilevel TFNIFS VIKOR model, respectively, and is
inconsistent with the actual situation. Moreover, the component air spring has the twenty-second risk
prioritization in the multilevel TFNIFS VIKOR model while it ranks eighth in the proposed model.
The air spring is the significant component related to operation safety, that needs much attention to
keep its reliability. Consequently, the difference between the two models indicates the importance
of considering the experts’ risk sensitiveness and decision-making psychological behavior in risk
analysis. The last comparative analysis is carried out with CPT TFNIFS TOPSIS model. From Figure 3,
the two models share the same risk prioritization about the top four components. However, the risk
prioritization of the component air spring and anti-rolling torsion bar in the CPT TFNIFS TOPSIS model
vary significantly with the outcomes in the proposed model. As important as air spring, the anti-rolling
torsion bar ensure the operation safety when train is travelling and negotiating curve. Air spring
and anti-rolling torsion bar ranks eighth and tenth when proposed method is adopted. However, air
spring and anti-rolling torsion bar ranks fifteenth and nineteenth in the CPT TFNIFS TOPSIS model,
respectively. Hence, the similarities between the two models are that they both consider the same FMEA
framework with the MCDM method, uncertainty, experts’ risk sensitiveness and decision-making
psychological behavior. Nevertheless, the difference between them is that the VIKOR approach is
adopted as the MCDM method in the proposed model as opposed to TOPSIS for the other. Fei et al and
Hsu [30,31] illustrates the superiority and flexibility of the VIKOR approach compared with TOPSIS.

Therefore, the comparison studies mentioned above confirm the validity of the proposed
FMEA model. The improvement of the enhanced FMEA model based on type-2 intuitionistic fuzzy
numbers, VIKOR and cumulative prospect theory can well cope with uncertainty, experts’ risk
sensitiveness, decision-making psychological behavior and risk factor fusion problem for the railway
train risk prioritization.

5. Conclusions

In this paper, an extended FMEA model is proposed for the railway train risk prioritization based
on cumulative prospect theory and type-2 intuitionistic fuzzy VIKOR approach. Firstly, the FMEA
framework is applied to examine the vital and risky failure modes and components for the railway train
operation. Then, the three risk factors O, S and D are evaluated based on the triangle fuzzy number
intuitionistic fuzzy numbers to handle the uncertainty in the risk evaluation for each failure mode.
Next, cumulative prospect theory is utilized because it can take into account the FMEA team members’
risk sensitiveness and psychological behavior in the analysis process. Then, TFNIFG operator is applied
as the reference point to determine the cumulative prospect value of each failure mode. In addition,
the VIKOR method is used for information fusion of the risk factor O, S and D. Furthermore, the entropy
weighting method is also adopted to determine FMEA team members’ importance weights and risk
factor weights. Finally, the risk prioritization of each component can be obtained. An illustrative
example of railway train bogie system is performed to demonstrate the effectiveness of the proposed
FMEA model.

Based on the calculation outcome, a comparison study is also carried out with other approaches
to validate the effectiveness of the enhanced FMEA model. In accordance with the comparison study,
it found that the proposed FMEA model can provide more reasonable and precise results for the
railway train risk prioritization.

In regard to future research directions, it is recommended that the multiplication problems for the
different risk factors should be handled not only by the MCDM method, but also by evidence theory.
In addition, the dynamic FMEA model can be integrated into this problem by considering the full
life-cycle activities of the railway train. Furthermore, we will extend the cumulative prospect theory
with a number of reference points by taking into account different dimensional risk information.
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24. Krmac, E.; Djordjević, B. Evaluation of the TCIS Influence on the capacity utilization using the TOPSIS
method: Case studies of Serbian and Austrian railways. Oper. Res. Eng. Sci. Theory Appl. 2019, 2, 27–36.
[CrossRef]

25. Liu, H.C.; Liu, L.; Liu, N.; Mao, L.X. Risk evaluation in failure mode and effects analysis with extended
VIKOR method under fuzzy environment. Expert Syst. Appl. 2012, 39, 12926–12934. [CrossRef]

26. Lo, H.W.; Liou, J.J.H.; Huang, C.N.; Chuang, Y.C. A novel failure mode and effect analysis model for machine
tool risk analysis. Reliab. Eng. Syst. Saf. 2019, 183, 173–183. [CrossRef]

27. Mandal, S.; Singh, K.; Behera, R.K.; Sahu, S.K.; Raj, N.; Maiti, J. Human error identification and risk
prioritization in overhead crane operations using HTA, SHERPA and fuzzy VIKOR method. Expert Syst.
Appl. 2015, 42, 7195–7206. [CrossRef]

28. Li, G.F.; Li, Y.; Chen, C.H.; He, J.L.; Hou, T.W.; Chen, J.H. Advanced FMEA method based on interval 2-tuple
linguistic variables and TOPSIS. Qual. Eng. 2020, 32, 653–662. [CrossRef]

29. Opricovic, S.; Tzeng, G.H. Compromise solution by MCDM methods: A comparative analysis of VIKOR and
TOPSIS. Eur. J. Oper. Res. 2004, 156, 445–455. [CrossRef]

30. Fei, L.G.; Deng, Y.; Hu, Y. DS-VIKOR: A New Multi-criteria Decision-Making Method for Supplier Selection.
Int. J. Fuzzy Syst. 2019, 21, 157–175. [CrossRef]

31. Hsu, W. A Fuzzy Multiple-Criteria Decision-Making System for Analyzing Gaps of Service Quality. Int. J.
Fuzzy Syst. 2015, 17, 256–267. [CrossRef]

32. Li, C.B.; Yuan, J.H. A New Multi-attribute Decision-Making Method with Three-Parameter Interval Grey
Linguistic Variable. Int. J. Fuzzy Syst. 2017, 19, 292–300. [CrossRef]

33. Li, X.H.; Chen, X.H. Value determination method based on multiple reference points under a trapezoidal
intuitionistic fuzzy environment. Appl. Soft Comput. 2018, 63, 39–49. [CrossRef]

34. Liu, Y.; Wang, Y.; Xu, M.Z.; Xu, G.C. Emergency Alternative Evaluation Using Extended Trapezoidal
Intuitionistic Fuzzy Thermodynamic Approach with Prospect Theory. Int. J. Fuzzy Syst. 2019, 21, 1801–1817.
[CrossRef]

35. Wang, W.Z.; Liu, X.W.; Qin, Y.; Fu, Y. A risk evaluation and prioritization method for FMEA with prospect
theory and Choquet integral. Saf. Sci. 2018, 110, 152–163. [CrossRef]

36. Tversky, A.; Kahneman, D. Advances in prospect-theory—Cumulative representation of uncertainty. J. Risk
Uncertain. 1992, 5, 297–323. [CrossRef]

37. Zhao, H.R.; Guo, S.; Zhao, H.R. Comprehensive assessment for battery energy storage systems based on
fuzzy-MCDM considering risk preferences. Energy 2019, 168, 450–461. [CrossRef]

38. Li, Y.L.; Ying, C.S.; Chin, K.S.; Yang, H.T.; Xu, J. Third-party reverse logistics provider selection approach
based on hybrid-information MCDM and cumulative prospect theory. J. Clean. Prod. 2018, 195, 573–584.
[CrossRef]

39. Wang, L.; Liu, Q.; Yin, T.L. Decision-making of investment in navigation safety improving schemes with
application of cumulative prospect theory. Proc. Inst. Mech. Eng. Part O J. Risk Reliab. 2018, 232, 710–724.
[CrossRef]

40. Wu, Y.N.; Xu, C.B.; Zhang, T. Evaluation of renewable power sources using a fuzzy MCDM based on
cumulative prospect theory: A case in China. Energy 2018, 147, 1227–1239. [CrossRef]

41. Zhou, L. On Atanassov’s Intuitionistic Fuzzy Sets in the Complex Plane and the Field of Intuitionistic Fuzzy
Numbers. IEEE Trans. Fuzzy Syst. 2016, 24, 253–259. [CrossRef]

42. Hang, S.U.; Qian, W.Y. TOPSIS method for multiple attribute decision-making with fuzzy number intuitionistic
fuzzy information. J. Bohai Univ. (Nat. Sci. Ed.) 2012, 33, 6–10.

http://dx.doi.org/10.1016/j.ress.2017.08.003
http://dx.doi.org/10.1016/j.cie.2019.07.051
http://dx.doi.org/10.1016/j.ssci.2017.10.018
http://dx.doi.org/10.3390/sym12091479
http://dx.doi.org/10.31181/oresta1901030k
http://dx.doi.org/10.1016/j.eswa.2012.05.031
http://dx.doi.org/10.1016/j.ress.2018.11.018
http://dx.doi.org/10.1016/j.eswa.2015.05.033
http://dx.doi.org/10.1080/08982112.2019.1677913
http://dx.doi.org/10.1016/S0377-2217(03)00020-1
http://dx.doi.org/10.1007/s40815-018-0543-y
http://dx.doi.org/10.1007/s40815-015-0018-3
http://dx.doi.org/10.1007/s40815-016-0241-6
http://dx.doi.org/10.1016/j.asoc.2017.11.003
http://dx.doi.org/10.1007/s40815-019-00682-2
http://dx.doi.org/10.1016/j.ssci.2018.08.009
http://dx.doi.org/10.1007/BF00122574
http://dx.doi.org/10.1016/j.energy.2018.11.129
http://dx.doi.org/10.1016/j.jclepro.2018.05.213
http://dx.doi.org/10.1177/1748006X18757085
http://dx.doi.org/10.1016/j.energy.2018.01.115
http://dx.doi.org/10.1109/TFUZZ.2015.2452957


Entropy 2020, 22, 1418 19 of 19

43. Wang, L.; Wang, Y.-M.; Martinez, L. A group decision method based on prospect theory for emergency
situations. Inf. Sci. 2017, 418, 119–135. [CrossRef]

44. Cui, X.; He, Z. Application of the fuzzy AHP model based on a new scale method in the financial risk
assessment of the listing corporation. Chem. Eng. Trans. 2015, 46, 1231–1236. [CrossRef]

45. Sharizli, A.A.; Rahizar, R.; Karim, M.R.; Saifizul, A.A. New Method for Distance-based Close Following
Safety Indicator. Traffic Inj. Prev. 2015, 16, 190–195. [CrossRef] [PubMed]

46. Kersuliene, V.; Zavadskas, E.K.; Turskis, Z. Selection of rational dispute resolution method by applying new
step-wise weight assessment ratio analysis (swara). J. Bus. Econ. Manag. 2010, 11, 243–258. [CrossRef]

47. Kou, L.L.; Qin, Y.; Zhao, X.J.; Fu, Y. Integrating synthetic minority oversampling and gradient boosting
decision tree for bogie fault diagnosis in rail vehicles. Proc. Inst. Mech. Eng. Part F J. Rail Rapid Transit 2019,
233, 312–325. [CrossRef]

Publisher’s Note: MDPI stays neutral with regard to jurisdictional claims in published maps and institutional
affiliations.

© 2020 by the authors. Licensee MDPI, Basel, Switzerland. This article is an open access
article distributed under the terms and conditions of the Creative Commons Attribution
(CC BY) license (http://creativecommons.org/licenses/by/4.0/).

http://dx.doi.org/10.1016/j.ins.2017.07.037
http://dx.doi.org/10.3303/CET1546206
http://dx.doi.org/10.1080/15389588.2014.921913
http://www.ncbi.nlm.nih.gov/pubmed/24827899
http://dx.doi.org/10.3846/jbem.2010.12
http://dx.doi.org/10.1177/0954409718795089
http://creativecommons.org/
http://creativecommons.org/licenses/by/4.0/.

	Introduction 
	Preliminaries 
	TFNIFNs 
	VIKOR Approach 
	Cumulative Prospect Theory 

	The Proposed FMEA Model for Railway Train Risk Prioritization 
	Determine and Aggregate the FMEA Decision Value by Type-2 Intuitionistic Fuzzy Number 
	Determine the Cumulative Prospect Value of Each Component 
	Determine the Component Risk Prioritization by VIKOR 

	An Illustrative Example 
	Calculation of the Risk Prioritization for Railway Train Bogie System 
	Comparisons and Discussion 

	Conclusions 
	References

