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Abstract: Aggregated Norton’s equivalent models, with parallel impedance and current injection
at different harmonic frequencies are used to model the distribution grid in harmonic studies.
These models are derived based on measurements and/or prior knowledge about the grid.
The measurement-based distribution (sub-)grid impedance estimation method uses harmonic phasors
of 3-phase current and voltage measurements to capture the response of the distribution (sub-)grid
before and after an event in the utility side of the grid. However, due to increasing non-linear
components in the grid, knowledge about uncertainty in parameters of such equivalent models which
intrinsically describe a linear grid becomes important. The aim of this paper is to present two novel
methods to calculate the uncertainty of the measurement-based Norton’s equivalent harmonic model
of the distribution (sub-)grids as seen from the utility side at the Point of Common Coupling (PCC).
The impedance and the uncertainty calculations are demonstrated on a simulated network.

Keywords: customer side impedance; harmonic distortion; harmonic contribution; power quality;
sub-grid impedance

1. Introduction

To provide sustainable electricity supply to its customers, the Medium Voltage (MV) and Low
Voltage (LV) distribution grids are witnessing a rapid increase in clean-energy sources (Wind Parks
(WP), Photo-voltaic (PV) systems) and loads such as Battery Energy Storage Systems (BESS) and
Electric Vehicle (EV) chargers. Inclusion of such power electronics connected sources and loads along
with the increasing amount of cables in medium and low voltage networks are causing a change in the
impedance of the distribution (sub-)grids. Harmonic current injections due to the increasing use of
power electronic connected loads and generation sources result in increase in the voltage distortion
at the Point of Common Coupling (PCC) which propagates in the grid. For analysis of harmonic
distortion emissions and propagation, grid utilities are becoming more interested in new methods
for harmonic state estimation, harmonic source localization and assessment of harmonic pollution
contribution by the loads on the customer side [1]. Aggregated (sub-)grid models are required to
perform and improve the accuracy of such investigations.

The impact of load models on harmonic impedance as seen from the transmission network was
studied in [2]. The study showed that MV cables have a major influence on the harmonic impedance.
It was concluded that it is important to model the transformers and cables of the MV network.
Harmonic interaction between multiple distributed power inverters in a distribution network was
studied in [3]. The authors of [4] investigated in detail the effect of modeling MV and LV network
and components on the resonant frequencies and corresponding peaks. The effect of various load
types on the relationship between grid frequency and impedance values was presented. It was shown
that (sub-)grid impedance parameters should not be calculated from the power measurements at
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the fundamental frequency. The most prominent effect in the impedance is due to the equivalent
capacitance of the household appliances and the PV inverters [3]. A simulation study performed by
authors in [5] showed a resonance located at a very low frequency (500 Hz) in a residential grid which
was caused by the power-electronics equipment used in the households.

It is very challenging for a network operator to know the exact composition of loads and sources
connected to the grid at both MV and LV levels. Hence the estimation of system harmonic impedance
relies on the aggregated load and network models. Loads in distribution grids are traditionally
represented by the resistance and the reactance values calculated based on the measured active
(P) and reactive (Q) power. These values, however, cannot be used directly to represent them for
harmonic analysis.

Non-invasive measurement methods based on naturally occurring grid events have been used in
the past to determine the (sub-)grid impedance [6–10]. These methods utilize events happening in
the region outside the (sub-)grid to be modeled as a source of perturbation in harmonic voltages and
measure the (sub-)grid’s response in terms of harmonic currents. Non-invasive measurements are
different from invasive measurements presented in [11,12] where additional perturbation is injected
into the (sub-)grid to perform such analysis. However, such opportunities to artificially perturb the grid
at will and with desired magnitude and frequency spectrum could be rare or impossible. As suggested
in [13], switching operations of transformers and capacitor banks could result in rich voltage spectra
which would cause a current response from the (sub-)grid to be modeled. By measuring the change in
the state of voltage at different harmonics and the response in terms of change in the current harmonics,
a simplified impedance based on the linear Norton’s or Thevenin’s equivalent model of the distribution
grid is achieved.

One major drawback in the non-invasive measurement-based impedance estimation methods
presented in the literature is the lack of the information over the uncertainty of the estimated impedance
values. As the modern distribution grid becomes more complex and non-linear, uncertainty associated
with the impedance parameters of the used linear models must be evaluated. Authors in [14] presented a
Monte Carlo simulation-based method to determine the uncertainty of the impedance using probability
distribution for resistive, inductive and capacitive parameters of various loads. However, these parameters
were varied based on the prior knowledge of the customer load profiles. Measurement-based methods
do not need such prior knowledge and assumptions about the load and give results treating the
unknown grid as a black-box. This paper presents two new methods to evaluate the uncertainty such
measurement-based impedance parameters for a section of the distribution grid.

The rest of the paper is presented as followed: Section 2 presents the impedance identification
method using non-invasive measurements. Section 3 presents the two proposed methods to evaluate
the uncertainty in the estimated impedance. In Section 4, models of a linear distribution grid and a
sub-grid with non-linear loads whose impedance needs to be estimated are presented. The results are
discussed in Section 5. In the end, a discussion about the presented methods is presented in Section 6
and conclusions are drawn in Section 7.

2. Impedance Estimation

In this paper Norton’s equivalent circuit as shown by the Figure 1 is used to model the distribution
grid which is modeled as a linear time invariant (LTI) system using a component-based design.
Norton’s and Thevenin’s equivalent models are commonly used for harmonic analysis purposes [15].
Customer’s side impedance (zc) and current injection (In) are the unknown parameters of this model.
However, due to the increasing non-linearity in the distribution network, the generalization property
of the assumed LTI model is weakened.
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To determine the impedance of the distribution (sub-)grid, two states (pre-event and post-event)
of the grid are used. Voltage and current signals are measured and then could either be converted
into symmetrical (positive, negative and zero) sequence components using Park’s transformation
or α, β and 0 components using Clarke’s transformation. After conversion, short time Fourier
transform (STFT) is applied to the signals to calculate harmonic phasors of the signals over sliding
time windows. The process of phasors estimation using STFT utilizes short duration blocks of data
(10 cycles according to International Electrotechnical Commission (IEC) standard 61000-4-7 [16]) which
allows for assumption that the signal’s frequency, phase and magnitude is not varying for the duration
of the block. Using the calculated harmonic phasors, the impedance of the grid can be calculated as [6]:

zc(h) =
Vpcc(h)post −Vpcc(h)pre

Ipcc(h)post − Ipcc(h)pre
=

∆V(h)
∆I(h)

(1)

where, post and pre denote the states after and before the event and h denotes the harmonic order.
For multiple excited states, a linear regression model was used to estimate the impedance. Using the
calculated customer’s side distribution grid impedance and the voltage and current phasors at the
PCC, the current injection from the customers side (In) can be calculated as:

In(h) =
Vpcc(h)pre

zc(h)
− Ipcc(h)pre (2)

3. Proposed Uncertainty Estimation Methods

The paper proposes two methods to estimate the uncertainty in the impedance of the Norton’s
equivalent model of the aggregated distribution grid. The first method (henceforth called the voltage
distortion comparison (VDC) method) is based on the comparison of the calculated harmonic distortion
caused by the customer at the PCC. The second method (henceforth called the current injection
comparison (CIC) method) is based on the comparison of the harmonic current injection values
calculated from pre- and post- event measurements using the calculated impedance (zc).

3.1. Voltage Distortion Comparison

The contribution of voltage harmonic distortion caused by the customer’s side at the PCC can be
calculated using two methods: the voltage harmonic vector (VHV) method is presented in [17] and the
IEC voltage phasor method is presented in [18]. A description and comparison of these methods is
presented in [19,20].

The VHV method uses the Thevenin’s equivalent circuit to calculate the customer’s contribution.
Using the superposition principle of circuit theory, the harmonic contribution at the PCC from the
customer’s side (Vvhv−c) can be represented by the voltage drop caused by the customer’s voltage on
the utility impedance and is given by:

Vvhv−c =
zu

zu + zc
Vc (3)
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where zu, zc and Vc are the utility impedance, customer impedance and the Thevenin’s voltage at
any given harmonic order at the customer’s end. From now and henceforth, the notation h has been
eliminated while all the following functions still give results for different harmonic orders. Vc can
be calculated using the estimated values of the Norton’s equivalent model and Equation (3) can be
written as:

Vvhv−c =
zu

zu + zc
zcIn (4)

Utilizing Equations (3) and (4), the harmonic contribution function Vvhv−c can be written as a
function of form 9 with zc being the independent variable as:

Vvhv−c =
zu

zu + zc

(
Vpcc − zcIpcc

)
(5)

IEC method also uses the Thevenin’s equivalent to calculate the contribution from the customer’s
side. However, the contribution (Viec−c) is given by:

Viec−c = Vpcc −Vbg (6)

where,
Vbg = Vpcc − zuIpcc, (7)

Vpcc is the harmonic voltage measured at the PCC and Vbg is the background voltage distortion
caused by the interaction of loads and other components in the customer’s (sub-)gird and the rest of
the network.

The major difference between the two methods is that the VHV method requires the knowledge
of both the customer’s and the utility’s impedance, while the IEC method require only the utility
impedance. The customer’s impedance (zc) is estimated using Equation (1) after a recorded event
and the utility impedance at the PCC (zu) is provided by the utility. According to [19] both methods
provide qualitatively correct emission contribution while the authors in [20] propose that for valid
circuit model assumptions, the VHV method would give true harmonic emission contribution.

The proposed method to find the uncertainty in the estimates zc is based on comparing the difference
in the distortion contribution (emission) calculated by the VHV and IEC methods. The difference (∆Vc)
calculated using the available zc and zu values in Equations (5) and (6) is given by:

∆Vc = |Vvhv−c −Viec−c| (8)

∆Vc is taken as the maximum error in the Vvhv−c value (2 standard deviations in the calculated
Vvhv−c value) given by Equation (4). It was also taken that the source of this error is the uncertainty in
the variable zc. The variance in zc is then calculated using the error propagation theory of complex
numbers and functions presented in [21,22].

For any complex function
Y = f (X), (9)

the function can be written to be comprised of two scalar functions, f1 and f2 which give the real and
imaginary parts such that

Y = f1(X) + j f2(X). (10)

where, the variable X denotes the complex quantity XR + jXI. For 1 independent variable, the 2 × 2
covariance matrix of the estimate xi of X is given by:

[
U(xi, xi)

]
=

[
u(xiR, xiR) u(xiR, xiI)

u(xiR, xiI) u(xiI, xiI).

]
(11)
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The covariance matrix for the single output variable U(yi, yi) can be calculated using the
generalized law of propagation of uncertainty. For a function given by Equation (9), the covariance of
the output (yi) can be calculated as:

Uy = CxUxCT
x . (12)

where, Cx is the sensitivity matrix given by:

Ci,i =

 δ fiR
δXiR

δ fiR
δXiI

δ fiI
δXiR

δ fiI
δXiI

 (13)

For any complex quantity, Z = ZR + jZI, mapping

M(Z) =
[

ZR −ZI

ZI ZR

]
(14)

generates a matrix representation for Z that behaves as complex numbers under arithmetic operations
such as division and multiplication [22]. Using the mapping M, the sensitivity matrix Ci,i can be
expressed as [21]:

Ci,i = M
(
δ fi
δXi

)
(15)

Using Equation (12), the diagonal elements of the Uy covariance matrix is populated by the ∆Vc.
For each harmonic order, the ∆Vc value was taken as the maximum error in the Vvhv−c value for a
normal distribution. The expected variance in the zc is then calculated using Equation (12) as:

Ux = C−1
x Uy(CT

x )
−1

. (16)

Equation (16) gives the expected variance in the real and imaginary components of the customer
impedance. An expansion factor of 2 was multiplied to the standard deviation (σx =

√
Ux) to calculate

the total uncertainty envelope in real and imaginary parts of the calculated impedance (zc).

3.2. Current Injection Comparison

This method compares the harmonic current injection values calculated from pre- and post-event
voltage and current measurements at the PCC using the estimated impedance (zc) value in Equation (2).
The measurement for voltage and current before and after the events are performed at the PCC. Using
the Kirchoff’s current law,

Ipcc = Izc − In (17)

Using Equation (17) in Equation (1),

zc =
Vpccpost −Vpccpre(

Ipccpost − In,post
)
−

(
Ipccpre − In,pre

) (18)

where In,pre and In,post are the assumed Norton’s injection current before and after the event.
On comparing 1 and 18, it can be observed that:

Equation (1) = Equation (18) given that In,pre = In,post. (19)

If the difference in the Norton current injection can be written as:

∆In =
∣∣∣In,pre − In,post

∣∣∣, (20)
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then Equation (18) can be written as:

zc =
∆V

∆I + ∆In
(21)

Thus, the sensitivity of the function given by Equation (21) to ∆In values (which is a constant
parameter for a Norton’s equivalent model) is an indicator for uncertainty in the zc estimates.
Equations (12) and (15) are followed to calculate the uncertainty in the zc given the variance in the In.

The proposed methods are demonstrated to find the uncertainty of the impedance of a simulated
distribution grid.

4. Distribution Grid Model

This section presents the simulated distribution grid to demonstrate the two proposed methods.
Section 4.1 presents an aggregated model of a completely linear grid with multiple MV/LV transformers.
In Section 4.2, power electronics based non-linear loads are added at one of the MV/LV transformers
(called as sub-grid) to study the uncertainty in the impedance results caused by non-linear devices.

4.1. Aggregated Linear Model

To estimate the impedance of the distribution grid, a component-based system model of the
network was selected and modeled in PSCAD software. Examples for modelling of the distribution
grid for harmonic analysis are presented in [23,24]. Similar aggregated models have been used by other
researchers to represent the distribution grid for harmonic studies [2,25]. The distribution network
was modeled as per the recommendations in [24]. The network specifications were based on typical
Dutch MV-LV distribution grids [26]. The aggregated distribution grid model along with two parallel
transformers at the primary substation is shown in the Figure 2. L_MV and C_MV are the inductance
and capacitance caused by the MV/LV transformers and MV cables. L_mot is the inductance of
motors in the LV grid, C_LV2 is the aggregated capacitance of the household devices and R_LV2 is the
resistance components of the loads.
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Figure 2. Distribution grid seen from the HV side.

The voltage level of the High Voltage (HV) grid was 110 kV and the primary substation has two
110–10 kV transformers with nominal power rating (Snom) of 66 MVA. The upstream grid was modeled
as a voltage source. The short circuit level of the grid at the 110 kV side of the transformers was
3000 MVA thus making it a strong grid. The transformers were modeled identically using the classical
approach as described in [27]. The positive sequence leakage reactance (XL) was set to be 0.1 p.u. and
the air core reactance was set twice of XL at 0.2 p.u. Magnetizing current (Im) was set to be 2% of the
nominal current. Copper loss (Pcu) and iron loss (P f e) were set to be 0.01 and 0.002 p.u. respectively.
Saturation curve of the transformer is dependent on the air core reactance, magnetizing current and
the knee point voltage which was set at 1.2 p.u. of the base voltage. The MV-LV transformers were
modeled with their positive sequence leakage reactance while the copper and iron losses were ignored.
The complete set of parameters for the modeled transformers are mentioned in the Table 1.
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Table 1. Transformer Models.

Count Snom XL Pcu Pfe Im Knee Point

HV-MV 2 66 MVA 0.1 p.u. 0.01 p.u. 0.002 p.u. 2 p.u. 1.2 p.u.
MV-LV 200 4 MVA 0.04 p.u. 0 p.u. 0.002 p.u. 2 p.u. 1.2 p.u.

Representation of loads using the P and Q values from load flow analysis cannot be used to for
harmonic analysis because active power absorbed by the rotating machines does not exactly correspond
to a damping value. Hence aggregate load models of the network were modeled based on types
mentioned in [13,24]. The resistive part of the load was aggregated as constant impedance load and
the effective resistance was calculated based on the power consumption. Using a factor K representing
an estimated share of motor load in the total power demand, the impedance values were calculated as:

R =
V2

P(1−K)
and X = Xm

V2

1.2KKmP

where, P is the total megawatt demand, K is the fraction of motor load in the total kW load, Xm is
the locked rotor reactance in p.u. and Km is the install factor of the motors. The typical values for
Xm ranges between 0.15 and 0.25 p.u., the typical install factor is 1.2. For the current model, Xm was
assumed to be 0.2 p.u. It is to be noted that, this model does not include the harmonic attenuation
and is best suitable for moderate participation of induction motors (K < 0.3). For higher participation
of motor loads (K > 0.7) such as in an industrial grid, then a more accurate representation includes a
resistor in series with the inductance.

One of the important components to model is the capacitive effect of household appliances and
solar inverters. As presented in [3], both can be represented by a capacitance value based on the power
factor correction capacitors. The typical range for capacitance for household appliances is between 0.6
and 6 µF. A mean value of 3 µF was chosen for this study. An additional 0.5 to 10 µF could be added
per household for inverters of 1–3 kW output range. It was also assumed that 25% of household have
solar inverters and the mean value of the inverter output capacitance as 5 µF.

Total power demand of the distribution network was about 52.6 MVA. The MV and LV feeders in
the Dutch grid are cables and are represented as constant capacitors. The capacitance was calculated
based on the type and length of the feeders. From the primary substation there were 10 numbers of
MV feeder of underground cable supplying to 20 MV-LV transformers. Each MV feeder was about
12 km long using a 3-core cable with a capacitance of 0.37 µF per km. Each MV-LV transformer was
had an average of 5 feeders of an average 0.5 kM length with a capacitance of 1.26 µF per km and
feeding 50 customers. Using the diversity factor of 0.1, the average demand per house was 1 kVA.

A complete summary of all the load and network components is presented in Table 2. The total
active power demand by the aggregated load was 37.5 MW and a capacitive reactive power generated
was −4.4 MVA. The resulting power factor was 0.994.

Table 2. Load and Network Component Models.

MV Cables 150 kms 44.4 µF
LV Cables 500 kms 630 µF

Effective Load Resistance 0.00434 ohms
Effective Motor Inductance 0.0511 mH

Household appliance capacitance 0.15 µF
PV Inverter capacitance 0.275 µF

Non-invasive impedance measurement techniques are dependent on the harmonic state changes
caused by the events occurring in the network. Common events which are used are the switching
of capacitors or transformers [28]. To estimate the impedance model of a distribution (sub-)grid,
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the events should occur outside the grid to be modeled. Assuming that no major changes happen in
the (sub-)grid during the event, its response to the disturbance caused by the event is measured to
estimate its impedance parameters. Switching of transformers at the HV/MV substation is a common
occurrence and hence has been used in this study as an external event.

The planned switching of transformers is carried out where a standby transformer is charged
when another transformer is already in service. Energizing transformer (Trf1 in Figure 2) by closing
the breaker BRKTrf1a in the presence of parallel transformer (Trf2) induces a sympathetic inrush
current [29]. This sympathetic inrush current causes a prolonged voltage dip in UMV (PCC-MV).
The magnitude and the decay of the sympathetic inrush currents depends on the upstream grid strength
and the transformer impedance parameters. The voltage measured at PCC-MV is perturbed along the
higher order frequency spectrum. On the other hand, closing of the breaker BRKTrf1a changes the
impedance of the utility side of the grid which also perturbs the voltage UMV along the higher order
frequency spectrum. Such voltage perturbations cause a response from the distribution (sub-)grid
which can be seen in the measured current signal. The response of the distribution grid to perturbation
in UMV is utilized to get parameters of the impedance model using Equation (1).

The time domain voltage and current signals at the PCC-MV are recorded and processed to
derive the impedance of the modeled distribution network. Figure 3 shows the spectral content of the
simulated voltage and current signals measured at the MV bus when transformer Trf1 is switched
on at time 1 s in parallel to transformer Trf2. The spectrogram is created using Welch’s periodogram
function [30] with a sliding data window to show the time-varying power of the constituent frequencies
in the recorded voltage and current signals. The excitation of voltage and current harmonics can be
observed after the switching of Trf1 at time 1 s. The resulting impedance magnitude and phase values
are plotted in Figure 4.
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Since the modeled network was linear, there was no harmonic injection from the customers’
side. Major power electronics connected loads and sources were represented by approximated
values of capacitance. Thus, the perturbation in voltage caused a linear response in terms of current.
The uncertainty of the calculated impedance parameters caused by the use of a linear Norton’s
equivalent model is zero. However, the real grid is a complex non-linear system. Though it can
be approximated by an LTI system (Norton’s equivalent model) around the point of equilibrium,
the uncertainty of this model needs to be estimated. For this purpose, a (sub-)grid of the distribution
grid on the customer side of the PCC-LV (secondary side of the MV-LV transformer) was modeled in
detail with additional power-electronics based non-linear loads.

4.2. Sub-Grid with Additional Non-Linear Components

A 3-phase constant current converter and three single-phase diode bridge rectifier connected
loads were added at the customer side of the PCC. A capacitor bank was added to improve the power
factor. The modeled customer’s side grid behind the MV-LV transformer is presented in the Figure 5.
Addition of the non-linear loads lead to harmonic distortion contribution from the customer side on the
PCC. Harmonic contribution from the customer side can be calculated utilizing the Norton’s equivalent
model of the sub-grid. The voltage and current harmonic phasors calculated on recorded waveforms
at PCC-LV during the switching of two circuit breakers (both sides of the Trf) at time t = 11 s and 21 s
are shown in Figure 6. Pre- and post-event data is recorded to estimate the impedance (zc) and current
injection from the customer’s side (In) which are the model’s parameters.

As the Norton’s equivalent model is linear and the system modeled is non-linear in nature,
information about uncertainty in the estimated model parameters becomes more important. The two
proposed uncertainty estimation methods were implemented on the PCC-LV at 0.4 kV.
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calculated on simulated data measured at PCC-LV. Breaker Brk_Trf1a was switched on at 11 s while
Trf2 was still in service. Breaker Brk_Trf1b was switched on at 21 s.

5. Results

First, the customer’s side sub-grid aggregated harmonic impedance was calculated using the
pre- and post-event measurements at PCC-LV. Then the two methods to estimate the uncertainty in
the customer’s impedance was applied. The resulting impedance estimates and calculated harmonic
current injections are presented in the Table 3. A plot of magnitude and phase of the calculated
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impedance and along with the reference impedance is plotted in Figure 7. It is advised in [6] that the
steady state voltage and currents phasors calculated pre and post events should be utilized to estimate
the impedance. For this reason, phasors calculated pre and post switching of breaker Brkr_Trf1b at
time 21 s were utilized.

Table 3. Customer side impedance and magnitude of Norton’s current injection calculated using
transformer switching event at time t = 21 s.

Harmonic zc(Ω) |In| (A)

5 0.0269 − 0.0803i 33.09
7 −0.0101 − 0.0967i 14.80

11 −0.0306 − 0.1220i 6.85
13 −0.0065 − 0.1513i 1.92
17 −0.1089 − 0.2717i 0.81
19 −0.1570 − 0.0410i 1.13
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5.1. Uncertainty Calculation Using VDC Method

The harmonic voltage distortion caused by the customers at the PCC was calculated using
Equations (4) and (6). Table 4 presents the calculated voltage distortions using the IEC and VHV
methods for 5th, 7th, 11th, 13th, 17th and 19th harmonic orders.

Table 4. Voltage distortion comparison (VDC) method: Calculated harmonic voltage distortion by
the customer.

Harmonic Contribution IEC (V) Contribution VHV (V)

5 3.8765 − 1.2302i 3.8058 − 0.5205i
7 −3.9710 + 0.6932i −4.9001 − 2.3164i

11 6.4149 + 5.6788i 3.6973 + 1.7194i
13 3.4454 + 0.8377i −3.4196 + 3.5890i
17 −0.2733 + 0.6439i −0.3266 + 0.0622i
19 −0.1369 + 0.4625i 0.1668 − 0.0366i
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The difference in the real and imaginary parts of ∆Vc for each harmonic is used to fill the diagonal
elements of the covariance matrix Uy. Equation (16) is used to calculate the variance in the impedance
estimates. The uncertainties in the zc up to 2 standard deviations were calculated and are presented in
the Figure 8 using randomly generated points in the calculated uncertainty region. It can be observed
that the reference impedance values fall under the uncertainty region.
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5.2. Uncertainty Calculation Using CIC Method

For this method, the Norton’s current injections were calculated using the voltage and current
measurements at the PCC at two separate time instances: pre and post the event. The calculated injections
using zc values shown in the Table 3 and for the same harmonic orders are presented in the Table 5.

Table 5. Norton’s current injection comparison (CIC) method: Customer side impedance and magnitude
of Norton’s current injection calculated using transformer charging event and calculated harmonic
emission by the customer.

Harmonic In,pre (A) In,post (A)

5 17.1979 − 28.2764i 18.0453 − 29.4461i
7 −5.4984 + 13.7428i −5.2910 + 13.3593i

11 −4.9142 − 4.7850i −4.8989 − 4.7976i
13 1.5134 + 1.1922i 1.5374 + 1.2237i
17 0.4999 + 0.6333i 0.4982 + 0.6556i
19 −1.0903 − 0.3191i −1.0584 − 0.2822i

The differences in the calculated current injections (∆In) were used fill the diagonal elements of
the covariance matrix Ux. Equation (12) was used to calculate the variance of the impedance estimates
utilizing the function given by Equation (21). The uncertainties in the zc up to 2 standard deviations
were calculated and are presented in the Figure 9 using randomly generated points in the calculated
uncertainty region.
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It was observed that the CIC method gives a very narrow envelope of uncertainty when compared
to the VDC method. However, the uncertainty range given by the VDC method envelopes the reference
impedance at all frequencies. Another difference between the two methods is that the VDC method
requires the knowledge of the utility impedance at the PCC. The importance of the accuracy of the
known utility impedance was realized when both methods were applied to transformers-switching
event data while the diode rectifier and the converter were switched off (a linear load condition).
The CIC method gave zero variance. This was expected because, for a linear load, the current injection
before and after the event was zero. The VDC method, however, gave a certain variance because of the
difference in the harmonic emission calculated by the IEC and VHV methods caused by the error in the
known utility impedance. Thus, it can be said that the VDC method gives a more conservative (broad)
uncertainty range while the CIC method gives a more optimistic (narrow) uncertainty range around
the estimated impedance results.

6. Discussion

The presented simulation study is an ideal case scenario with no measurement errors. In handling
field data, it becomes critical to set a minimum threshold for event detection at all frequencies.
The bigger the threshold the less the effect of noise errors. As shown in [10], relative change in the
harmonic current phasor to the change in fundamental current phasor ∆Ih

∆I1
can be used to set a minimum

threshold for an event to be considered suitable for data acquisition. The accuracy of the sensors used
for data acquisition is also crucial in determining the accuracy of the estimates. However, the aim
of this paper was to propose two different methods to calculate the uncertainty of the impedance
estimates in presence of non-linear loads. Presence of non-linear devices makes the assumed linear
property of the grid less correct and the knowledge of uncertainty of impedance parameters calculated
using the incorrect linear grid model becomes important.

The (sub-)grid impedance will vary as the loads vary. One of the limitations of the measurement-
based methods is that the calculated impedance using data from a single event will only give a
snapshot of the grid impedance for a particular set of loading and background harmonics. Several
such measurement-based snapshots may be required to get impedance results during different loading
conditions of the (sub)-grid. Another drawback is that the impedance values can only be calculated up
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to the frequencies which are perturbed by the event. So, impedance calculations over a broad range of
frequencies (especially for the higher frequencies) may not be possible for some events.

Validation of the estimated impedance parameters of Norton’s equivalent model of a physical
grid is a very challenging task. Actual impedance of the (sub-)grid is unknown and the distortions
in the voltage and current signals measured at the PCC are a superimposed effect of emission from
the customer’s side sub-grid and the background distortion from the utility’s side grid. Therefore the
proposed methods to estimate the uncertainty range of the calculated impedance values are important
for generating reliable models of the grid.

7. Conclusions

This paper presented two methods to compute the uncertainty of Norton’s equivalent model’s
impedance parameters in the presence of non-linear loads. The voltage distortion comparison method
compares the customer emissions (voltage distortion at PCC caused by the customer’s side) calculated
by the VHV and IEC methods. The IEC method uses only the utility impedance to estimate the
customer’s emission whereas the VHV method utilized both utility’s and the customer’s side impedance.
Given that both the methods should give similar emission values, the difference in the calculated
emissions was utilized to calculate the uncertainty present in the customer impedance using the theory
of error propagation. This method, however, requires the knowledge of the utility impedance at
the PCC.

The current injection comparison method does not require the knowledge of the utility side
impedance and compares the value of calculated harmonic injection at times before and after the event.
Given that the linear Norton model’s injection should remain constant before and after the event,
the difference in the injection current is used to calculate the variance in the customer’s impedance.

It was found that the VDC method gives a broader uncertainty range that is more likely to
envelope the actual impedance values whereas the CIC method gives very narrow uncertainty range and,
when compared to the VDC method, is less likely to envelope the actual impedance value. The given two
methods could be utilized to provide additional information about the results obtained while making
aggregated Norton’s equivalent models of the customer’s side of the grid. More information about the
uncertainty in the grid model in presence of non-linear devices would help discard the unreliable results
obtained by a measurement campaign.
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