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Abstract: An electric multiple unit (EMU) high-speed train is the dynamic load that degrades the
power quality in an electric railway system. Therefore, a power quality improvement system using
an active power filter (APF) must be considered. Due to the oscillating load current in the dynamic
load condition, a fast and accurate harmonic current-tracking performance is required. As such,
this paper proposes the design of a model predictive control (MPC) since the minimization of cost
function in the MPC process can suitably determine APF switching states. The design technique of
MPC is based on the APF mathematical model. This controller was designed to compensate the time
delay in the digital control. Moreover, the synchronous detection (SD) method applied the reference
current calculations, as shown in this paper. To verify the proposed MPC, the overall control of APF
was implemented on a eZdsp F28335 board by using the hardware-in-the-loop technique. The testing
results indicated that the proposed MPC can provide a fast and accurate harmonic current-tracking
response compared with the proportional-integral controller. In the load changing condition, the
MPC was still effective in providing a good result after compensation. The percentage of total
harmonic distortion, the percentage current unbalance factor, and the power factor would also be
kept within the IEEE Standard 519 and IEEE Standard 1459.

Keywords: harmonic mitigation; active power filter; synchronous detection; model predictive control;
electric railway system

1. Introduction

Nowadays, electric multiple unit high-speed trains (EMU high-speed trains) are an
important part of the transportation infrastructure. The power distribution system is the
utility supply for EMU high-speed train drives. The EMU high-speed train consists of a
single-phase rectifier, three-phase inverter, traction motor drive, facilities in the passenger
compartment, and other loads. These components behave like a linear and non-linear load.
These loads produce harmonic currents, unbalanced currents, and reactive power on the
utility supply side. The degradation of power quality can lead to many disadvantages,
such as power loss in transmission lines and power transformers [1,2]; the arcing [3] and
irregularity [4] of the EMU’s pantograph; interference in the communication systems and
electric railway signaling systems [5]; electromagnetic interference of electric devices [6];
malfunction of the device [7]; and protective device failures and short-life electric de-
vices [8]. In [9,10], the EMU-high speed train works in three typical situations. The first
situation is during accelerating startup. This situation results in a fast increase in the load
current. In the second situation, the EMU high-speed train moves away at a constant
speed. The load current is invariable. The last situation is a braking. In this situation,
the load current decreases rapidly. Thus, the load current behavior of the electric railway
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system is dynamically varied, which significantly affects the power quality in the transient
condition. The undesirable effects on the power system, power equipment, and adjacent
loads may occur. The reliability requirements of power distribution systems are neces-
sary. Consequently, the power quality improvement in the electric railway system must
be examined.

By considering the power quality conditioning in railway electrification, there are
many techniques, such as static VAR compensators (SVC) [11], static synchronous compen-
sators (STATCOM) [12], passive power filter (PPF) [13], active power filter (APF) [14], and
hybrid power filter (HPF) [15]. The SVC and STATCOM are used for the imbalance current
and reactive power compensations. Nevertheless, SVC and STATCOM cannot mitigate the
harmonic. The PPF are widely installed in the system to mitigate the main harmonics for
large loads, but the current balancing cannot be achieved using this technique. PPF param-
eters are designed to mitigate the harmonic at the specific frequency (resonance frequency).
In the case of load changing, these parameters should be redesigned to maintain good
compensation performance. It should be noted that the PPF are not suitable for dynamic
load conditions, especially for EMU high-speed trains.

The APF can compensate both for imbalanced currents and reactive power, as well as
perform harmonic mitigation. To solve the aforementioned problems, an APF is a suitable
power filter for the electric railway system [16]. The APF would provide a faster dynamic
response, higher compensation performance, and more flexibility compared with the SVC,
STATCOM, PPF, and HPF. Therefore, the power quality improvement of an electric railway
system using the APF is intensively studied in this paper.

The harmonic mitigation topology in an electric railway system using APF is shown
in Figure 1. It is well known that the compensating current control is an important part of
the APF system. Therefore, from the literature survey, it was found that there are several
strategies to control the compensating current injection. In the electric railway system,
the hysteresis control was applied for the harmonic mitigation in the electric railway sys-
tem [17]. This control has a fast dynamic response, simplicity, and is also insensitive to the
model and system parameter variations. However, the hysteresis operation provides an
oscillating and high switching frequencies. It can cause the compensating current ripple.
Moreover, the frequency rating of the devices (IGBTs, MOSFETs, etc.) and the heating due
to switching losses must be considered for practical work. For an APF with another system,
the PI controller [18] is widely used to control the compensating current. It has the pro-
portional and integral terms. These terms offer good transient and steady state responses.
However, the parameter design of the PI controller is based on a mathematical model of
the system. Here, the harmonic current-tracking performance is affected during a variation
of the system parameters. A proportional resonant (PR) controller is also applied for the
APF control [19]. The PR controller parameters can be tuned for the specific harmonic
frequency. This point has good tracking performance between the compensating current
and the reference current at the selected harmonic frequency. However, the harmonic
components may occur at any frequency. Thus, excellent harmonic current tracking perfor-
mance cannot be completely achieved by the PR controller. In addition, in a three-phase
four-wire system, a repetitive (RT) controller [20] was adopted. This controller can provide
the steady-state tracking accuracy for the harmonic current control. Due to the periodic
operation by the RT mechanism, the harmonic current will not be exactly compensated in
the transient condition. Moreover, the stability analysis of the RT controller has become a
serious problem in the design process.
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Figure 1. The structure of electric railway system and the control strategy of the harmonic mitiga-
tion system using an active power filter (APF). EMU: electric multiple unit (EMU); PCC: point of
common coupling.

From the presentation in [9,10], the load current of electric railway systems fluctuates
along with the traffic situation. From the load current fluctuation, a suitable compensating

Current controller of the APF in the electric railway system must have a fast dynamic
response according to the load current behavior. In recent years, the MPC is extensively
used for power electronics converters because of the advantages of high control accuracy
and fast dynamic response [21]. Therefore, the MPC is suitable for compensating the APF
current control. Processing and sampling delays exist in a digital control. Here, the MPC can
compensate for these delays. The mechanism of this controller can be designed to predict
future switching states for the converter. The stability-constrained of the MPC controller
is well-proven in [22]. In this work, the MPC was used to improve the performance of
the APF compensating current control in an electric railway system. Moreover, the MPC
compensating current control in the electric railway system was not found in any of the
previous research.

This paper is structured as follows: Section 2 describes the structure of electric railway
systems and the APF control strategy. The reference current calculation using the SD
method is presented in Section 3. Then, the compensating current control based on the
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MPC is discussed in detail in Section 4. Section 5 presents the configuration of the HIL
simulation technique. The testing results of the harmonic mitigation and discussions are
described in Section 6. Finally, Section 7 concludes this work.

2. Active Power Filter Topology in an Electric Railway System.

The structure of an electric railway system is depicted in Figure 1. The Le-Blanc
transformer is utilized to step down the voltage level from 69 kV (three-phase voltage
source) to 26 kV (two single-phase voltage source). The phase angle difference of the two
single-phase power system between phase m and phase t is 90 degrees. These voltages are
used to drive the EMU high-speed train. The advantage of using a Le-Blanc transformer is
the voltage source balancing at phase m and phase t. The non-linear load characteristics of
the electric railway system can be found in [23].

The APF circuit topology in the electric railway systems consists of voltage source
inverters (VSIs). The two VSIs are connected back -to-back through a common DC capacitor
(Cdc). The VSIs are connected to the step-down side of the transformer through the line
impedance at phase m and phase t (RC(m,t), LC(m,t)). These VSIs act as a source to inject the
compensating currents into the point of common coupling (PCC). An APF control strategy
would directly have an impact on the performance of the power quality enhancement.
Therefore, this point has been continuously developed. An APF control strategy in an
electric railway system, as shown in Figure 1, consists of the reference current calculation
(part A), the DC bus voltage control (part B), and the compensating current control (part
C). By considering “part A” from previous publications, there are many methods for the
reference calculation [24–26]. In this work, the SD method was proposed. This method
can calculate an accurate harmonic current. The calculation procedure of the SD method is
simple. It results in a fast computational time. In the literature review, the DC bus voltage
level for APFs [12,15,16,18] and power converter circuits [27,28] is commonly regulated
by a PI controller because the steady-state accuracy for the DC bus voltage control was
considered. From the previous work [29], the DC bus voltage control loop using the PI
controller was suitably designed. Therefore, the PI controller parameters and the reference
DC bus voltage in [29] are defined for DC bus voltage control in part B. Finally, part C is
the compensating current control, which significantly affected the injection performance
of the compensating current. The purpose of this part was to design a controller to track
the compensating current with the least error possible. The harmonic mitigation, power
factor correction, and load balancing can be achieved efficiently by the improvement of the
control strategy.

3. Reference Current Calculation

The SD method is used to calculate the reference currents (i∗C(m,t)) for the compensating
current controls. The SD method applied in the three-phase power system was firstly
proposed in 1992 by Lin et al. [30]. For this method, the computational capability of the
reference currents is simple. Here, it can provide a fast calculation time. This approach is
suitable for the real-time implementation on a digital signal processing (DSP) board. From
the prominent point explained above, the SD method is applied to calculate the i∗C(m,t) in
this work. The calculation procedure of the reference currents by the SD method can be
summarized by the block diagram in Figure 2. There are four steps to calculate the i∗C(m,t):
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Figure 2. The block diagram of SD method for the APF in electric railway system.

Step 1: Calculate the instantaneous power of the EMU high-speed train (p) using
Equation (1). The assumption of this method is that the equal average power have to be
obtained after compensation. The p can be separated in terms of DC components (pm,t)
and AC components (p̃m,t). The DC and AC terms mean that there are the fundamental
and harmonic components, respectively:{

p = (vpcc,m × iLm) + (vpcc,t × iLt)
p = pm + p̃m + pt + p̃t

(1)

Step 2: Calculate the fundamental component of the instantaneous power (p). The
low-pass filter (LPF) is chosen to draw the p from the p. In this work, the cutoff frequency
of LPF is equal to 60 Hz.

Step 3: Calculate the fundamental currents (is(m,t)) by Equation (2): ism =
p×vpcc,m

V2
pcc,m

ist =
p×vpcc,t

V2
pcc,t

(2)

where vpcc,(m,t) are the amplitude of the single-phase source voltages for each phase.
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Step 4: Calculate the i∗C(m,t) for the compensating current controls using Equation (3):

{
i∗Cm = iLm − ism − i∗dc
i∗Ct = iLt − ist

(3)

4. Compensating Current Control System with Model Predictive Control
4.1. Principle of a MPC

The controller’s delay time is an important issue with digital control because of the
performance improvement in the transient condition. Therefore, the time delay compen-
sation is concerned with the digital controller. The MPC has an ability to predict the next
switching states of the converter over a fixed set time horizon, and also compensate the
digital time delay. The operation of MPC is based on a system behavior prediction using a
mathematical model. The measured values of the system in their present states are required
for the predictive data. In addition, the minimization of cost function is a part of the MPC
mechanism. This function determines suitably the converter’s switching states. Therefore,
this controller can provide a fast dynamic response and high control performance. The
MPC approach, when applied to the APF compensating current control, is depicted in
Figure 3, and can be divided into three principle components: the reference current predic-
tion, the compensating current prediction, and the minimization of cost function. In this
work, the MPC design is based on the APF switching state prediction using a mathematical
model. The computational burden of the control platform and the DSP board operation
leads to a processing delay of two sampling periods [31]. To compensate for the delay time
in the computational of the control platform and the DSP board operation, the predictions
are determined at the time n + 2. The prediction process uses the measured values of the
system at the time n (present states). In addition, the minimization of cost function is a part
of MPC mechanism.

Figure 3. The model predictive control for compensating current control system. DSP: digital
signal processing.

4.2. The Reference Current Prediction

The i∗C(m,t) calculated via the SD method is the reference currents at the time instant
n (i∗C(m,t)(n)). However, the computational burden of the control platform and the DSP
board operation leads to a processing delay for the two sampling periods. In order to
compensate for the processing delay, the reference currents prediction at the time instant
n + 2 (i∗C(m,t)(n + 2)) must be taken into account in the MPC approach. Moreover, ref. [32]
presents the use of the first-order Lagrange method, which can provide a good performance
for the reference current prediction. Thus, the first-order Lagrange method is used to predict
the i∗C(m,t)(n+ 2) in this paper. By considering the i∗C(m,t)(n) calculated from the SD method,
the reference currents at the previous time instant n − 1 (i∗C(m,t)(n − 1)) and i∗C(m,t)(n + 2)
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are derived using the linear-type prediction. The i∗C(m,t)(n + 2) can be expressed as
Equation (4):

i∗C(m,t)(n + 2) = 3i∗C(m,t)(n)− 2i∗C(m,t)(n − 1) (4)

4.3. The Compensating Current Prediction

The APF circuit structure, as shown in Figure 4, is firstly considered to study the
compensating current prediction. According to Figure 4, the APF operation is to inject
the compensating currents (iC(m,t)) from the APF bus to the PCC bus through a linear

transformer. The differential equation of the compensating currents (
diCP,(m,t)

dt ) are adopted
for the process of the compensating the current prediction. Therefore, the differential
equation of the APF in Equation (5) is considered:

diCP,(m,t)

dt
=

vinv,(m,t) − RC(m,t)iCP,(m,t) − vP(m,t)

LC(m,t)
(5)

Figure 4. The structure of APF in electric railway systems.

Here, the forward Euler formula is used to approximate the
diCP,(m,t)

dt term. The
diCP,(m,t)

dt
can be considered as the discrete time model in Equation (6). The compensating current
of the next sampling period (iCP,(m,t)(n + 1)) are obtained, as in Equation (7), where the
vP(m,t)(n) and vinv,(m,t)(n) are the APF output voltage and the inverter output voltage at
the time instant n, respectively. vP(m,t)(n) are equal to vinv,(m,t)(n)/a. Further, 1 : a is a
conversion ratio of the linear transformer:

diCP,(m,t)

dt
≈

iCP,(m,t)(n + 1)− iCP,(m,t)(n)
Ts

(6)

iCP,(m,t)(n + 1) =

(
1 −

RC(m,t)Ts

LC(m,t)

)
iCP,(m,t)(n) +

Ts

LC(m,t)

(
vinv,(m,t)(n)− vP(m,t)(n)

)
(7)

We note that the processing delay compensation is necessary to achieve the fast
dynamic response and precise current tracking. The compensating current prediction at the
time instant n + 2 (iCP,(m,t)(n + 2)) are to compensate for the processing delay. Here, it has
the ability to eliminate the current tracking error at the next sampling period. Therefore,
iCP,(m,t)(n + 1) is shifted forward to iCP,(m,t)(n + 2), as in Equation (8):

iCP,(m,t)(n + 2) =

(
1 −

RC(m,t)Ts

LC(m,t)

)
iCP,(m,t)(n + 1) +

Ts

LC(m,t)

(
vinv,(m,t)(n + 1)− vP(m,t)(n + 1)

)
(8)
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In addition, vP(m,t)(n + 1) can follow a similar procedure as the one mentioned above.
These values are calculated by Equation (9):

vP(m,t)(n + 1) = vinv,(m,t)(n + 1) +
LC(m,t)

Ts
aiC(m,t)(n)−

(RC(m,t)Ts + LC(m,t)

Ts

)
iCP,(m,t)(n + 1) (9)

From Equation (9), the inverter output voltage prediction at the time instant n + 1
(vinv,(m,t)(n+ 1)) in Equation (10) relates to the switching states of the APF (S1(m,t)(n),S2(m,t)(n))
and the DC bus voltage (Vdc(n)) at the time instant n:

vinv,(m,t)(n + 1) =
(

S1(m,t)(n)− S2(m,t)(n)
)
× Vdc(n) (10)

4.4. The Minimization of Cost Function

The main objective of this work was to reduce the tracking errors between iC(m,t) and

i∗C(m,t). Therefore, the absolute errors between i2C(m,t)(n + 2) and i∗
2

C(m,t)(n + 2) are the cost
function (gMPC,(m,t)). The smallest of gMPC,(m,t) value is used to select the switching state
for the minimum errors between iC(m,t) and i∗C(m,t). The time horizon of the cost function is
the possible switching states of APF. The gMPC,(m,t) can be defined by Equation (11), which
the iC(m,t)(n + 2) equal to iCP,(m,t)(n + 2)/a:

gMPC,(m,t) =
∣∣∣i∗2

C(m,t)(n + 2)− i2C(m,t)(n + 2)
∣∣∣ (11)

The compensating currents are predicted by considering the APF switching states.
The VSIs was studied. The possible switching states can be categorized into four cases,
as listed in Table 1. This assumes that an inverted pair of signals is provided to the two
switches connected to each converter leg. The switching state at the time instant n + 2
can provide the smallest value of gMPC,(m,t). This switching state is applied at the next
sampling period. The whole process of MPC can be summarized using a flow diagram, as
shown in Figure 5.

Table 1. The possible switching states of APF.

Switching States (k) S1(m,t) S2(m,t) Vinv,(m,t) (V)

1 0 (off) 0 (off) 0
2 1 (on) 0 (off) Vdc
3 0 (off) 1 (on) −Vdc
4 1 (on) 1 (on) 0
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Figure 5. The MPC flow diagram for each sampling period.

5. Hardware-in-the-Loop (HIL) Simulation

In this work, we focused on the design and development of the MPC to improve
current control APF performance. We introduced a harmonic mitigation system for electric
railway systems. To first prove the enhanced approach and to clearly investigate its
performance before the real experimental platform setup, the HIL technique was applied
for validation. The overall control strategy improved in this work was implemented
digitally in the eZdsp F28335 board. The considered harmonic mitigation system in the
electric railway system was simulated using the MATLAB/Simulink program, while the
reference current calculation was simulated using the SD method, the compensating current
controls with the MPC controller, and the DC bus voltage control with the PI controller
written in C programming languages using the code composer studio (CCStudio) software
on the eZdsp F28335 board. The MATLAB/Simulink program in the host computer and
the CCStudio software in the eZdsp F28335 board were interfaced by the JTAG emulator,
as depicted in Figure 6. The blocks in Simulink called “From RTDX” and “To RTDX” were
used to send and receive data between MATLAB/Simulink program and eZdsp F28335
board, respectively. Note that the HIL simulation setup was achieved by opening the
operating mode of the TMS320 F28335 card and the J9 jumper on the docking station.
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Figure 6. The configuration of the hardware-in-the-loop (HIL) simulation.

The HIL simulation model used to test the performance of the harmonic mitigation
is shown in Figure 7. The PCC voltages (vpcc,(m,t)), load currents (iL(m,t)), compensating
currents (iC(m,t)), and DC bus voltage (Vdc) were measured from the considered power
systems. These data were sent to the target of eZdsp F28335 with the “From RTDX” block,
and were calculated in the overall control strategy to generated the pulses (Sm,t).Sm,t were
transferred into the host computer via the “To RTDX” block. Sm,t were used to switch the
IGBTs of the APF for the compensating current injection control.
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Figure 7. The HIL simulation model for the harmonic mitigation using the APF in the electric railway system.

6. Results and Discussion

From the HIL model presented above, the performance comparison study between
the conventional PI controller [29] and the proposed MPC for the compensating current
control is herein discussed. The harmonic mitigation in the electric railway system was
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tested in two situations. In situation 1, at t = 0–0.4 s, the balanced loads of EMU high-speed
train was considered. In situation 2, at t = 0.4–0.7 s, the balanced loads were changed to the
unbalanced loads. The harmonic producing load in this situation was extremely changed
for the electric railway system. This was found in the case of a fault of the electrical system.
The performance evaluation of the controllers tested in this system were classified into two
categories: the tracking of the compensating current control and APF performance.

6.1. The Tracking Performance of the Compensating Current Control

The aim of the compensating current control was to reduce the errors between the
iC(m,t) and the i∗C(m,t). The tracking performance of the currents between iC(m,t) and i∗C(m,t)
controlled by the PI controller and the MPC can be seen in Figure 8. According to the
waveforms in Figure 8, the MPC can control iC(m,t) to track i∗C(m,t), as calculated the SD
method. The results confirmed that the MPC can provide a small tracking error compared
with the PI controller, even though the load currents of the EMU high-speed train were
changed. In addition, the MPC provided a faster dynamic response than the PI controller,
which can be seen from Figure 8 at the t = 0.4 s. In the load changing situation, the high
oscillating current from PI controller can cause a problem in the system.

Figure 8. The tracking performance of the compensating currents.
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6.2. The Performance of APF

EMU-high speed train loads can generate harmonic and unbalanced source currents.
The performance indices for the harmonic mitigation in the electric railway system are the
average total harmonic distortion of source currents (%THDav) [33], the current unbalanced
factor (%CUF) [34], and the power factor (PF). The testing results of the harmonic mitigation
based on the MPC in Figure 9 show that the proposed controller can efficiently control the
compensating currents. The performance indices of the harmonic mitigation are completely
addressed in Table 2.

Figure 9. The testing results of the harmonic mitigation performance in the electric railway system using the MPC.
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Table 2. The performance indices of the harmonic mitigation.

Performance Indices Compensation
Situation 1 Situation 2

PI MPC PI MPC

%THDav
Before 21.46 21.63
After 3.38 2.19 6.94 4.06

%CUF
Before 0.00 95.45
After 0.00 0.00 2.25 1.56

PF
Before 0.97 0.70
After 0.99 0.99 0.99 0.99

Before compensation, the waveforms of iL(m,t) depended on nonlinear loads. These
resulted in the source current distortion. The %THDav values of these currents in situations
1–2 were equal to 21.46% and 21.63%, respectively. These values were much higher than
the IEEE Std. 519–2014. Before compensation, the %CUF values for situations 1–2 were
equal to 0.00% and 95.45%, respectively. The %CUF for the situation 2 was much greater
than the IEEE Std. 1459–2010. In situations 1–2, the PF before compensation were equal to
0.97 and 0.70, respectively.

After compensation, the APF injected the iC(m,t) into the PCC at 0.1 s. The is(m,t)
became a more sinusoidal waveform, which caused the waveforms of is(a,b,c) to nearly
become a sinusoidal waveform, as shown in Figure 9. The %THDav results of the controller
testing are shown in Table 2. As a result, in situations 1–2, the MPC provides a small
%THDav compared with the PI controller. The unbalanced source current in situation 2
became balanced source current. According to situation 2, after compensation, the %CUF
value from the MPC was less than the PI controller. Nevertheless, the PI controller and
MPC provided good PF correctio. For the DC bus voltage control, the PI controller was
sufficient to regulate the DC bus voltage (Vdc). The PI controller parameters (Kp = 0.0554
and Ki = 0.7895) [29] were defined for the DC bus voltage loop control. From Figure 9, it
can be seen that the Vdc is kept constant at the V∗

dc using the PI controller.

7. Conclusions

The APF control based on the MPC in the electric railway system was completely
presented in this paper. The SD method was applied for an APF reference current calcula-
tion. In order to compensate the processing delay for the MPC, the compensating current
prediction at the time instant n+2 was designed. A fast transient response and steady-state
tracking accuracy for the compensating current control was accomplished. The overall
control strategy of APF was implemented on the eZdsp F28335 board. The HIL results were
mentioned. The proposed MPC design clearly provides an excellent dynamic response in
the load changing condition. The %THDav and %CUF follows in the IEEE standard 519 and
IEEE standard 1459, respectively. Moreover, this approach can provide the unity power
factor. In future work, the control platform implemented on the eZdsp F28335 board is
necessary for the experimental setup of APF in electric railway systems.
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