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Abstract: During non-severe fault conditions, crowbar protection is not activated and the
rotor windings of a doubly-fed induction generator (DFIG) are excited by the AC/DC/AC
converter. Meanwhile, under asymmetrical fault conditions, the electrical variables
oscillate at twice the grid frequency in synchronous dg frame. In the engineering practice,
notch filters are usually used to extract the positive and negative sequence components.
In these cases, the dynamic response of a rotor-side converter (RSC) and the notch filters
have a large influence on the fault current characteristics of the DFIG. In this paper, the
influence of the notch filters on the proportional integral (PI) parameters is discussed and
the simplified calculation models of the rotor current are established. Then, the dynamic
performance of the stator flux linkage under asymmetrical fault conditions is also analyzed.
Based on this, the fault characteristics of the stator current under asymmetrical fault
conditions are studied and the corresponding analytical expressions of the stator fault
current are obtained. Finally, digital simulation results validate the analytical results. The
research results are helpful to meet the requirements of a practical short-circuit calculation
and the construction of a relaying protection system for the power grid with penetration
of DFIGs.
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1. Introduction

Since wind energy is expected to play an important role in the future energy industry, wind power
generation technology has received world-wide attention. Wind power generation based on the
doubly-fed induction generator (DFIG) has gained increasing popularity due to several advantages,
including smaller converter ratings around 30% of the generator rating, variable speed and four-quadrant
active and reactive power operation capabilities, lower converter cost, and power losses compared with
the fixed-speed induction generators or synchronous generators with full-sized converters [1,2]. As the
power penetration from the DFIG-based wind turbines into the grid has increased steadily in recent years,
the grid codes require that the wind power generators should not be tripped from the grid but stay
connected during the fault conditions [3], which means that the wind turbines have the capability of
low voltage ride through (LVRT) [4-6].

The operation characteristics of DFIG under LVRT conditions have a large influence on the fault
characteristics of current [7]. This means that the DFIGs bring many new problems and challenges to
the traditional relaying protection of the power grid. Therefore, in order to establish a solid basis for
the relay protection study of the power grid with DFIGs, the fault current characteristics of the DFIG
should be studied.

During severe fault conditions, in order to ensure the safety of the DFIG, the crowbar protection [8]
will be activated to short circuit the rotor windings and divert the surge current from the rotor-side
converter (RSC). Up to now, the fault current characteristics of the DFIG under severe fault conditions
have been discussed widely [9—11]. Whereas the crowbar protection will not be activated and the rotor
windings are still excited by the AC/DC/AC converter under non-severe fault conditions. The fault
current characteristics of the DFIG under non-severe fault conditions, such as transient components
and damping time constant, are much different from the severe fault conditions.

For non-severe fault conditions, the fault current of the DFIG is studied based on the assumption
that the excitation current will keep constant before and after the fault occurrence [12] or rise rapidly to
the maximum value and then keep constant during the grid faults [13]. However, since the response of
the AC/DC/AC converter is very fast and complicated during the grid faults, the aforementioned
assumptions do not seem to work. In [14,15], the dynamic behavior of the fault current of the DFIG
under non-severe fault conditions has been discussed. Nevertheless, the research results are based on
symmetric fault conditions, and there are no analytical expressions of the fault current under
unbalanced fault conditions. Under unbalanced fault conditions, the conventional phase locked loop
(PLL) techniques cannot present accurate phase angle estimation because the second harmonics
produced by the negative-sequence component of the grid voltage will propagate through the PLL
system and will be reflected in the extracted phase angle [16]. In the engineering practice, notch filters
are usually used to extract the positive- and negative-sequence components [17,18]. This means that
the transient behaviors of the DFIGs are changed by the notch filters and the research results presented
in [14,15], do not agree with reality very well. Hence, further research works should be implemented
to study the fault current characteristics of the DFIG under unbalanced fault conditions.

In order to fill this gap, a theoretical analysis method for the fault current characteristics of the
DFIG under unbalanced fault conditions is proposed. Section 2 introduces the DFIG equations in space
vector notation. Section 3 analyzes the influence of the notch filters on the proportional integral (PI)
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parameters and the simplified calculation models of the rotor current are established. Section 4
analyzes the dynamic performance of the stator flux linkages. Based on this, the characteristics of the

stator fault current under unbalanced fault conditions are studied in Section 5. Simulation results given
in Section 6 validate the theoretical analysis results.

2. Doubly-Fed Induction Generator (DFIG) Equations in Space Vector Notation

The positive (dg)" and negative (dg)~ synchronous rotating reference frames are chosen to model
the DFIG based on the fifth-order two-axis representation, and the model of DFIG is commonly known
as the “Park model” [19].

Using generator convention for the stator windings and motor convention for the rotor windings,
the voltage equations and flux linkage equations are expressed as:

.t

u, =-Ri, —oy, +py,.
u, =—Ri +oVy, +py, .
u, =Ri, —~oy +py.,. 1)
u, =Ri +oy, +py,.

v, =—Li +Li

sd+ s sd+ m - rd+

\ll:;ﬁ = _Lvl;+ + mer

rq+

2
v, =-Li, +Li @

m sd+ rord+
v, =-Li +Li,
w, ==Ri, —o\, +py.,
W =—Ri, v\, +py.
u, =Ri, —o v, +py., )
u, =Ri +o0,y, +py,

Y, = —Lsi;d? +Li
v, =-Li +Li )
v, =—-Li, +Li, )
v, =—Li +Li

where u is the voltage, i is the current, R is the resistance, L is the inductance, and vy is the flux linkage.
The subscript d and ¢ indicate the direct and quadrature axis components of the corresponding
electrical quantity. The subscript s and 7 indicate the stator and rotor quantities, respectively. L, is the
magnetizing inductance. o, is the synchronous angular velocity, and ®,= —o,. 0, =(0, ~®) is the
rotor slip in the positive dg frame, and o,=(o,-0) . The subscript “+”and “-—” indicate
positive-sequence and negative-sequence components, respectively. The superscript “+”and “—”
indicate positive (dg)” and negative (dg)~ synchronous rotating reference frames, respectively.
p=d/dt is the differential operator. Figure 1 depicts the equivalent circuit model of the DFIG.
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Figure 1. Equivalent circuit model of the doubly-fed induction generator (DFIG).

(a) Equivalent circuit model of the DFIG in the positive dg reference frame rotating at the
synchronous speed o ; and (b) equivalent circuit model of the DFIG in the negative dg

reference frame rotating at the synchronous speed o, .

3. Dynamic Behavior of the Rotor Current

During the fault transient period, the measurements of the active and reactive power are inaccurate.
Moreover, it is unreasonable to make the DFIG operate with a unity power factor and capture the
maximum wind power. Therefore, a typical handling method is to shut down the external power
control loop when a fault is detected [20]. Under this condition, only the operation characteristics
of the inner rotor current control loop are taken into consideration for the fault transient analysis.
In addition, the rotation speed is considered constant for the following analysis.

3.1. Modeling of the Rotor-Side Converter (RSC)

According to the equations of Equations (2) and (4), the d-axis and g-axis components of the rotor
flux linkages in (dg)" and (dq)™ reference frames can be expressed in Equation (5) based on the stator
flux linkages and the rotor currents:

\|j:d+ = _Lm (Lmir:H - \II:(H) / Ls + Lrir:H
v, =L @i, -v,)/L+Li,

m”rg+

v, = _Lm (Lml/;’f - W;/,) / L@ + Lri;l— (5)

rd—

v, =-L({Li -y )/ L+Li_

Meanwhile, the stator resistance is so small that it can be neglected. Under this condition,
substituting Equation (5) and the first two equations of Equations (1) and (3) into the last
two equations of Equations (1) and (3), the d-axis and g-axis components of the rotor voltage in (dg)*
and (dq) reference frames can be expressed:
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w, =Ri,, +oL pi,)—ocw Li, +(o, v, +U)L /L
u, =(Ri, +olpii )+oo Li, - o v.L, /L
R - - ] 6
u, =(Ri, +ol pi,)~oo Li + ((oshpz\yw +U )L /L (6)
u, =(Ri +oLpi )+ oo Li, —o. v, L /L
where 6=1-L /LL, Ogip1 —P — 9O, and Olipy 70, ~ @5,

It can be seen from Equation (6) that the d-axis and the g-axis rotor voltages in (dg)" and (dg)”
reference frames exert an effect on each other. Hence, in order to decouple the coupling terms
oo Li oo Li oo Li and oo ,Li, in both transient and steady-state conditions, the d-axis and
the g-axis rotor currents can be separately controlled using feed forward compensation [21]. Moreover,
it can be found from (6) that the tracking error of the rotor current is caused by the stator current and
stator flux. Hence, the influence the terms o U L /L and o U L /L are done by the feed forward

compensation and neglecting the derivative of the stator flux linkages.

In addition, due to the negative components oscillating at twice the grid frequency (2w,) in the
synchronous dq frame while the positive components are realized as DC quantities. Therefore, notch filters
N(s) are usually applied to filter out the influence of the 100-Hz frequency components, its structure is
designed as:

S+ o

N()=——" "2
) s +2em 5+ )

where o, is the notch frequency which is the same as that of 2e,, and o, is the cutoff frequency of the

notch filter.

Hence, under unbalanced fault conditions, the notch filters are applied to filter out the influence of
the 100-Hz frequency component of the d-axis and g-axis components of the rotor currents in (dq)" and
(dq)” reference frames. Moreover, the time delay of the pulse-width modulation (PWM) control is
disregarded because PWM control has a speed that is markedly faster than that of the electromagnetic
dynamic [20]. Hence, taking the control diagram of d-axis and g-axis component in the (dg)* reference

frame, for example, the simplified block diagram of the rotor current control loop of the RSC is shown

in Figure 2. In Figure 2, G, (s) is the transfer function of the PIi controller. The ), , . , u, , and u

PIl g+ 9

are controlled by the errors of the rotor current.

N(S} T E'_;_

o L
—=(U +aw )
el T 7

(a) (b)

Figure 2. Simplified block diagram of the inner rotor current control loop of the RSC:
(a) simplified control diagram of the d-axis component in (dg)" reference frame; and
(b) simplified control diagram of the g-axis component in (dg)" reference frame.

RSC: rotor-side converter.
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In Figure 2, both the rotor current references and the stator flux linkages influence the dynamic
response characteristics of the rotor current. In fact, the dynamic response characteristics of the rotor
current are essentially a function of stator voltage because the inputs of the stator flux linkages are
determined by the voltage.

The rotor voltage references are used to generate the PWM wave to control RSC switching.
Hence, the rotor voltages of the DFIG can be expressed in Equation (8):

u, =u,—oco Li' +U L /L
rd+ 17 g s+ 7m s

rd+

<
Il
N

oo Li, +U L /L (8)

Assuming that the rotor voltages can always track the references by space vector pulse width
modulation, the rotor voltage references are obtained by:
w,, =k, (i, —i.)+k, [, —i,)dt
u, =k, (G, =i )+k, JG. -1 )d
u, =k, () —i,)+k, G ~i,)dr ©)
w, =k, (i —i )+k, [ —i )dt
where &, and k, are the proportional and integral constants of the inner controller in the (dgq)*
reference frame, respectively. &, and k, are the proportional and integral constants of the inner
controller in (dg)™ reference frame, respectively. The i and i are the reference signals of the d-axis
and g-axis components of the rotor current in (dg)* reference frame , respectively. The i, and i,

are the reference signals of the d-axis and g-axis components of the rotor current in (dg)™ reference
frame, respectively.

3.2. Range of the Crossover Frequency and Phase Margin

It can be seen from the Figure 2, the open-loop transfer function of the control system without time
delay can be presented as:

k.,+ 1 &+ 0)2’
GPI (S)G" (S)N(S) = (ku‘w +?)( n

(10)

R +scL " s’ +2e0 s+ ®

where G (s) is the transfer function of a DFIG’s motor body.

Assume that the reference signals of the expected phase margin and expected crossover frequency
are, respectively, o, and ¢ . According to the control theory, the magnitude response of the open-loop

transfer function at the crossover frequency o, should be 0 dB; thus, the following equation can be

established as:

G, (jo,)G, (jo, N (o, )|
kK o’+k’ 1

irp+ cr iri+

W, -0, (1)

o, JR +(@oL) J( -0y +Qew,0.)

The phase angle of this forward path loop gain at the cross over frequency o is given, in radians, by:
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21G, (j0.)G, (o NGy, )=~ 1+
=4{<k,.,,,++ LV N V. . )}

Jjo. R +jocl o -0+ jo, 20, (12)
ok =« oL 2em ®
=arctan ———arctan———= —arctan =
2 R O -0’

According to Equations (11) and (12), the following controller parameters are found:
k, =ABlo 1+ 4
13
k, =B/\1+ 4 (13)
with A=tan[¢ +arctan (oL o, /R ) +arctan 2e0 0. /(0] — 0,*) - 1/2] and

B=w, \/(ceroo:r )7+ Ri -\/(coi -—0.") +Qen,0,) /|m -’
In order to ensure the ability to rapidly change the signal of the current loop and reduce the signal

distortion, the bandwidth ®, of the closed loop system will take more than the maximum frequency
o, of the effective signal. Moreover, in order to avoid the effect of the switching harmonics, the

\\\\\

switching harmonics want to exist in the high frequency band of the inner rotor current control loop.
Hence, the switching frequency should be higher than 10w, .

In engineering, the desired closed-loop bandwidth of the inner rotor current control loop is usually

takes values between 1.1 and 1.4 times of the crossover frequency of open loop system [22].
Accordingly, the range of the expected crossover frequency o in the closed loop system can

be obtained:

. 2n 1
o k<o £—--—andke(l.1,14
o [ K <O, 0k T €( ) (14)

where o, =2mpn_ /60 and T is the control period of the rotor inverter. p is the number of pole pairs
and n_ is the maximum speed of the rotor.

From Equation (11), the phase margin can be obtained as shown in Equation (15) if the controller
time constant is designed as k,,./k,.=oL /R :

T ¢ 2em o,
o, 5 ~aretan—— (15)

When the phase margin is higher than the value of ¢, in Equation (15), the effect of the integrating
element will drop steeply and steady tracking performance will be worsened. Therefore, the value of
¢, in Equation (15), is set as the maximum phase margin of the PI controller in the engineering
application. Accordingly, the range of the expected phase margin ¢, can be obtained:

£0,0,

2
= (16)

O)H - O)Cl'

. _T
¢ <——arctan
2

3.3. Transient Characteristics of Rotor-Side Converter (RSC)

According to the Figure 2a, the d-axis component of the rotor current in (dg)" reference frame is:

i, ()=G,, )i (-G, (s)py,.(s) (17)
where:
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+ _ GP]I (S)N(S)
G,nm (S) - R’, + SGLr + GP“ (S)N(S) (1 8)
and:
L N(s)
G”'“* (S) R,» +S6Lr +Gp11 (S)N(S) ( 1 9)

In order to get the maximum phase margin for the inner rotor current controller, substitute
k,. / k., =oL /R into Equation (13) to obtain the expressions of ,, as given in Equation (20):

k, =Ro (@ —0,)+(2c0,0,) /(0 -o) (20)

According to the range of the expected crossover frequency o, in Equation (14), the range of the
integral constant &, can be obtained:

410 R <k, <8.06-0R Q1)

with o R ~1.063.

According to the range of the integral constant k,,., substitute ,./k,.= oL /R into Equation (10),
the root locus diagram of the open-loop transfer function is shown in Figure 3.

From Figure 3, it can be observed that the eigenvalues of the system are located in the left-half-plane
which means that the control system is stable. Moreover, it can be observed that the range of the

imaginary part for the dominant pole is between 610 and 640. This means that the response component
of the dominant poles of the system will be limited by the notch filters. Hence, G, (s)~1.

Root locus Root locus of the dominant poles
800 : : : : ey S S S A== S U SOOI
I E———— S — — g I
; ; ; ; | T e S e S
400 v emmmeee s SRR RN R R
= S RS S o o 711 PR U SR NSO S S SN SRR IS M
< 200 : : ; ; <
o : : : ; -
E Qpeeeeeee R, | 0t S SO S A A
= : : : : =
R R R
E ' ' ' ' = 200 [ mme s oo berose  RSURRIELEEEE SECLEEE LR
L T S S I
7731 O U S R [ AR SO SR
600 F------------- e [\ : ; : ! ; : : : ;
800 v, g > L Lt e B W S W Wi
A Axi ' ] 4 3 -2 -1 0 1 2 3 4 il
Real Axis x10 Redl Axi

Figure 3. Root locus diagram of the open-loop transfer function. (a) root locus with a
changing o ; and (b) the dominant poles of the of the open-loop transfer function with a

changing o, .

Accordingly, by substituting Equation (7) and £,./k,.=cL /R in the equation of Equation (19), the
closed-loop transfer function to the disturbance of differential flux during the fault transient period is:

s +als
(R +soL )[s"+Q2ew +k /R )s’+ stk o /R ]

G, ()= (22)
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The bode diagram of G

ird 2+

(s) is shown in Figure 4.

From Figure 4, it can be observed that the maximum gain of the closed loop transfer function to the
disturbance component at ®=o, is nearly —54.9 dB, which means that the harmonic component in

pA¢,, will be greatly damped. Hence:

i,,=G. ..y, =0 (23)

Bode Diagram

0 T T T T T :
-100 F--eeeees F------4-- System: Kiri+=8.5
: ! Frequency (rad/s): 314
: ' Magnitude (dB): -54.9
200 [eoreeeeend bl TR ,

IViagnitude (dB})

-300

-400
45

45
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Phase (deqg)
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Frequency (rad/s)

Figure 4. Bode diagram of the inner current closed-loop transfer function to the disturbance

component (such as Ve ) during the fault transient period.

Hence, during the fault transient period, the d-axis and g-axis component of the rotor current in
(dq)" reference frame are:

i, ~i, ”
i =i (24)

According to the [23], the total reference of rotor current results from the addition of two terms.
The first term is the reference signal of steady-state components i, . The second term is the

demagnetizing current that helps to reduce or eliminate the electromotive force induced in the rotor.
It is calculated from the natural flux i> . Hence, the reference signal of the rotor current in (dg)*

reference frame can be expressed:
{ir:H :ll:lh + l‘:hw = ird/+ - Kd : \Vuln+
qu+ :quf+ + qum = qu/+ - Kd : qun\

(25)

with K, =L /(cLL). v, and y  are the natural components of the stator flux in the (dg)" reference

frame, respectively.
Likewise, the expression as shown in Equation (26) can be obtained:
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iomi =i o +io =i —K oy (26)

- - rgf

where v, and vy are the natural components of the stator flux in the (dq)~ reference frame, respectively.

4. Dynamic Performance of Stator Flux Linkage

According to the symmetrical component theory, if the grid supply is unbalanced, any three-phase
quantity, e.g., voltage, current, or flux, denoted as a vector U, can be separated into the positive and
negative sequence components as:

/'u)lt

U =U¢" U e 27)

where U, and U, are the positive- and negative-sequence voltage components in the stator, respectively.

The notch filters N(s) are applied to filter out the influence of the 100-Hz frequency component in
the stator voltage in the (dg)" and (dq)™ reference frames. Meanwhile, assuming that the d-axis of the
reference frame is aligned with the stator voltage vector [24] and applying Laplace transformations to
them, it can be obtained:

u,. (s)=NE)U,, (s)TU, (SIN($)/(s* + ), u) (s)=0
i, (5) = N()U, (sYHU, (NS +@)s 1 () =0 (28)

By substituting Equations (25) and (26) into the first two Equations of (2) and (4), the d-axis and
g-axis components of the stator currents can be expressed in Equation (29):
i,.()=L,i, ()L —[LKy., (syty. (L,
i,.(s)=L,i, (sYL —[L K, (s)rw, (s)VL,
i (5)=Li (VL ~[LKN, )y, ()L, (29)
i, ()=Lji, ()L —-[L Ky, (s)w, ()L,

Under stable operating conditions, the stator flux linkages can be obtained from the Equations (1)
and (3) such that y. ~-U /o, vy, =U /o, and vy, =y, ~0. Hence, the expressions of the natural

flux can be obtained as:

LA
v, =y, +U /o
v, =V, (30)

v, =v, U /o

In fact, the response of the inner rotor current control loop is much faster than the dynamic change
of the stator flux linkage [25]. Therefore, the terms R.L,i, , RLi.  RLi.  and RLi_  can be
neglected. Moreover, the amplitude of the terms R L KU _ /oL and RL KU _ /oL are much smaller
than U_ /o, and U_/w, , respectively. Hence, the terms R L KU /oL and RL KU /oL can also be
neglected. Based on this, substitute Equations (29) and (30) into the first two Equations of (1) and (3)
and the voltage equations of the stator can be obtained as follows:

u, (8)= Ry, VL — oy (5)+ 5y, ()
0=Ry’ (YL+oy, ) +sy (&)+U, /o (3D
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u, (s)=Ry, ()L -0,y (s)+sy, (s)
0= Ry, (YL +o,y, (5)+sv, (s) (32)

where U, is the amplitude of the stator voltage vector under normal conditions and L'=L - L /L .
According to the Equations (28) and (31), taking the d-axis component of the stator flux in the (dg)"
reference frame, for example, it can be expressed as:

s+R/L. U, (s+R/LD-U,_ U, ,

+ — _N . S+ s
Ve ()= =N )T RILY +o s D (s) o G+R/LY +@ (33)

where D (s)=[(s+R /L) + ®']-(s’ +2ew s+ ®') . Assuming the D, (s) is equal to 0, the closed-loop
poles can be obtained such that:

(34)

SI,Z = _R.\' /L\, i j('ol
s, =—¢n t jVl-¢'o

where e, is much greater than R /L' . Hence, the s, is the dominant pole of the transfer
function D,,..(s) . Meanwhile, the amplitude of |(s+R /L')/sD, (s,,)

is so small that the influence of
negative-sequence voltage can be neglected. Therefore, the closed-loop transfer function represented in
the form for the d-axis component of the stator flux in the (dg)" reference frame during the fault
transient period can be rewritten as:

. U o, s+R/L' U,
W“{‘(S): — s, — ; +N(S)' ,/2 - R
o (+R/L") +o (s+R /L +o s

_ U, o U .(i+ As+ B, . As+B ) (33)

1
: +U,
o (+R/LY+or 7 s (s+R/L)+0 5 +205+0,

The expression for the coefficients 4,,4,,4,, B, and B, can be found in Appendix A.

Likewise, expression as shown in Equation (36) can be obtained:

: v SHR/L U A A5+ B, As+B,
\|lv+(S)=_ —m x' zv - s (Lt 3 , 2_, . + 2 :
@ o +R/LY+0 o s (s+R/L))+o s +20s5+0

1 1

) (36)

The expression for the coefficients 4,, 4, 4,, B,, and B, can be found in Appendix B.

Since one of the damping time constants t,=1/ew, ~ 2.25ms , this means that the transient period is
approximately 10.0 ms, which can be neglected. Meanwhile, the term R /L’ is so small compared
with the terms ew, and ®,. Hence, the term R /L can be neglected. Under this condition, the
approximate value of the terms 4, 4 , B, 4, , 4, and B, can be obtained . Accordingly,
A ~0,4 ~—652/170,, B ~9/17, and 4, =1. 4, ~=-9/17  and B, ~-620,/17. Based on this, the d-axis
and g-axis components of the stator flux in the (dg)" reference frame can be expressed as:

v, =—K e""“sin(ot+9,)
{W;+ =-U_Jo —Ke"“ " cos(or+0,) (37)

with K =\JOU_-170,7" +72U7 [(170,) and 6, =arctan| 6v2U_ (170, -9U ) .

Likewise, the expressions of the d-axis and g-axis components of the stator flux linkages in the
(dq) reference frame can be obtained:
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v, =—K e"™“sin(o+0, )
(38)

v, =U [o+K e cos(w+0,)

with K =3Uk/(\/ﬁml) and 0, =arctan (24/2/3).

5. Fault Current Characteristics of the Doubly-Fed Induction Generator (DFIG)

By substituting the expression of stator flux linkages (y,., v , v, , and y, ) and the expression

i

rd- 9

of rotor currents (i’ _, i’

rd+ 9 Crqr 9

and i ) into the equations of Equation (2), the time domain expressions

of the d-axis and g-axis components of the stator current in the (dg)" and (dg)™ reference frames can be
obtained as follows:

i (D=Li" [L+K (LK, +1) e sin(wt+6,)/L,

(D=L +U_ oL +K (LK, +1)-¢""cos( t+0,)/L, (39)
i, (D=L, [L+K (LK, +1)-e" " sin(wt+6,) /L.
i, (D=(oLi, - Uk)/m]L\_ —K (LK, +1)-e""cos(mt+8, )/L‘_ (40)

The coordinate transformation is applied to Equation (39), the positive-sequence components of
three-phase stator fault currents can be derived as:
i, (t)=1cos(ot+0, +y K (L K, +1)e™"sin(0,-0,)/L,
i, (1) =1, cos(e,t+0, +7, K (L K, + e "sin(0,-0,)/L, 41)
i (t)=1,cos(ot+0 +y YK (L K, +1)e ™ “sin(6,-0,)/L,

where 6 =6,, 0,=0, -2n/3, 6 =0, +2rn/3, and 0, is the angle between the stator voltage vector and

stator current vector at the moment that the fault occurs. Meanwhile, 7 =\/ (oL,i; yY+HoLi: +U ) / (o,L)

rdf +

"
raf+ 4 °

and vy, =arctan[ (o L i’ +U )/oL
Likewise, the negative-sequence components of three-phase stator currents can be derived as:

i (t)=1 _cos(ot+0 +y YK (L K, +1)e™"sin(0,+0 )/L,
i, ()=1 _cos(ot+0,,+y K (L K, +1)e " “sin(0,+0,,)/L, (42)
i (t)=1_cos(ot+0_+y K (L K, +1)e ™ “sin(0,+0 )/L,

where 0 =6, , 0,=0,+2n/3 , 6 ,=0,—2n/3 . Meanwhile, I,7=\/(u)leir;; yYHwLi, -U_ Y /(m]L\,) and
vy, =arctan[ (o L,i” -U ) / oLi'].
Accordingly:
i, =i, @O+, (1)
1,0 =1, (O, (t) (43)
L (O)=i, Ot (0
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6. Simulation Study

Under unbalanced fault conditions, there are various control strategies available for the LVRT
requirement of the DFIG [26-33]. Therefore, the effect of the control strategy on the fault current
characteristics of the DFIG must be considered.

6.1. Heading Steady-state Reference Signals of Rotor Current

In this paper, in order to ensure balanced heating on the three-phase stator winding, the control
target for balanced stator current of the DFIG is used [28]. Therefore, under stable operating condition:

i, =0,i =0 (44)

Moreover, in order to provide sufficient reactive current to meet the requirements of the grid
code [6], the reactive current reference signal denoted by /, during grid fault should be:

;0 2>0.9
" 12:(09-21) 02<1<09 (45)

where all parameters are given in per unit system, and A represents the magnitude of the
positive-sequence grid voltage after a fault occurs. Due to the g-axis component of the stator current in
the (dq)™ reference frame being zero, the g-axis component of the stator current in the (dg)* reference
frame under stable operating condition can be expressed as:

ot

i, = -2-(0.9-u, ) (46)

In addition, to ensure the safety of the RSC, the maximum rotor current /_, which is within
the admissible overload capability of the RSC, should also be provided. The typical value of 7, is
1.2 per unit (p.u.) [29].

By substituting Equations (44) and (46) into the Equations (1)—(4), the steady-state reference signals
of the rotor current in the (dg)" and (dg)™ references frame under unbalanced fault conditions can be
expressed as follows:

s 2 s s m

lnl/+ - \/ [ rset qu/+ lr'd/— lu,/—

obx + _ ot

iy ==u,. /oL, 2L (0.9-u, )/L,
i, =0

i, =u, /oL,

rqf

(47)

According to Equation (47), on condition that the control target for “balanced stator current”
is applied in the DFIG, the expressions of the positive- and negative-sequence components of the
three-phase stator fault currents can be obtained.

6.2. Simulation Analysis

In order to validate the previous theoretical analysis results, a simulation model with the DFIG is
built in the PSCAD/EMTDC software environment. Among them, the simulation model of the DFIG’s
control system is derived from reference [17] and the control target for balanced stator current of the
DFIG is derived from reference [26].
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It should be noted that the improved control strategy of the GSC presented is adopted to limit the
fluctuation of the DC-link voltage [31]. Additionally, the rotate speed is kept constant during grid faults.

The details of the 10.5 kV, 50 Hz test system shown in Figure 5 are as follows. In Figure 5, the line
parameters are 7(1) = 7(2) = 0.27 Q/km and x(1) = x(2) = 0.494 Q/km. The Zero sequence parameter of
the line are 7(0) = 0.29 Q/km and x(0) =0.53 Q/km. The total length of line L is 25 km. The rated
capacity of the T i1s 2.5/2.5 MVA, the turn ratio is 0.69 kV/10.5 kV, the winding type is ¥/D, and the
leakage reactance is 0.0622 p.u. The voltage magnitude (L-L) of the synchronous generator G is 10.5 kV,
the phase angle is 0°, and the internal resistance is 0.5 Q.

The parameters of the 1.5-MW rated DFIG are:
U,=690V, f =50Hz, L =L =23192p.u., L =2.1767p.u, R =0.00756p.u., R =0.00533p.u., o =70,

max

G T DFIG
o= 10—~

Figure 5. Test system of the DFIG.

For the following simulation examples, the output active power of the DFIG is 1.0 p.u. and the grid
voltage is 1.0 p.u. before the fault occurs. The fault current characteristics of the DFIG are studied in a
variety of fault conditions, including different fault types and fault points. Among them, the fault
happens to be 5 km away from the DFIG in the line L at time # = 5.0 s and results in Phase-C
ground fault that has been used for the simulation example. Under this fault condition, the positive-and
negative-sequence components of the stator voltage are 0.57 p.u. and 0.215 p.u., respectively.

6.2.1. Stator Flux Linkage

Figure 6 shows the simulation results of the d-axis and g-axis components of the stator flux linkage
(v.., v, ,wv,,and y, ) in the (dg)" and (dg) reference frames. In Figure 6, Y represents the flux
linkage. “pp” and “nn” represent the positive-and negative-sequence components, respectively. The “-ap”
represents the simulation results. Another waveform represents the theoretical analysis result. Notice
that all values in the theoretical analysis results and simulation results are the per-unit value (p.u.).

It can be observed that there are damped fundamental frequency components in the g-axis and
d-axis components of the stator flux linkage in the (dg)" and (dq)™ reference frames. Meanwhile, there
are no DC components in v, and v, . However, there are DC components in v and v, , whose
amplitudes are approximately proportional to the amplitude of positive-and negative-sequence
components of the grid voltage, respectively.
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Figure 6. d-axis and g-axis components of the stator flux linkage in the (dg)"and (dg)”

reference frames.

6.2.2. Rotor Current and Stator Current

Figure 7 shows the comparisons between the theoretical analysis results and simulation results of

the d-axis and g-axis components of the rotor current in the (dg) and (dg) reference frames.
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Time/s
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Time/s

Figure 7. d-axis and g-axis components of the rotor current in the (dg) and (dgq)~ reference frames.

It can be seen from Figure 7 that the differences between the simulation results and theoretical

analysis results of the rotor currents are very small. When the control target for the balanced stator

current is applied in the DFIG, there are damped fundamental frequency components and DC

components in the rotor currents (i

i
rd+ 9 rqt 9

and i ), but only damped fundamental frequency
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components in the d-axis fault component of the rotor current i, in the (dg) reference frame.

Additionally, the amplitude of the DC component is not damped.

In addition, it can be seen in Figure 7 that there is a small deviation from the calculated rotor
currents at initial conditions (about 1/2 cycle after fault initiation) and the simulated rotor currents.
This is due to the derivation of the analytical expression for rotor currents being based on the assumed
condition that the voltage fluctuations during the grid fault conditions are neglected. In fact, when a
fault occurs in the line L, there are oscillations in the terminal voltages of the DFIG due to the
imbalance of the instantaneous power during the initial stage. This is the reason why the initial
conditions of the calculated rotor currents are different for the simulated rotor currents.

Figure 8 shows the comparisons between the theoretical analysis results and simulation results of
the d-axis and g-axis components of the stator currents in the (dg)" and (dg)~ reference frames.

Figure 9 illustrates the amplitude of the positive- and negative-sequence fundamental frequency
components of the stator currents ( AMF,, and AMF,_ ), the phase angle of positive-sequence

fundamental frequency component ( PH ), and the damped DC component ( AMP_, ).
4 3

Isdpp-ap sl Isgpp-ap | |
Isdpp {

]
T

[=]
T

|
]
T

NS

L L L L L _4 L L L n L
9 4.95 5 505 51 5.15 52 49 495 5 505 5.1 515 52

Isgqnn-ap

a9 495 5 5.05 51 5.15 52

Time/s Time/s

Figure 8. d-axis and g-axis components of the stator current in the (dg)" and (dgq)”
reference frames.

It can be observed from Figure 8 and Figure 9 that there are damped DC components and
steady-state fundamental frequency components in the positive-sequence components of the stator
currents (Z,. and i, ). The amplitude and phase angle of the positive-sequence fundamental frequency
components in the stator currents are related to the corresponding control target of the DFIG and the
amplitude of the positive-sequence stator voltage component. The amplitude of the damped DC
component is not only related to the corresponding control target of the DFIG and the amplitude of the
positive-sequence stator voltage component, but also affected by the phase angle of the pre-fault
current and the amplitude of the negative-sequence stator voltage component.
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Figure 9. The A phase current under condition of a Phase-C ground fault.

The composition of the negative-sequence stator current components is related to the control target
of the DFIG. When the control target for the balanced stator current is applied in the DFIG, there is
only a damped fundamental frequency component and without the DC component in the
negative-sequence stator current components (i, and i ). However, there is not only the DC
component, but also the damped fundamental frequency components of the negative-sequence stator
current components in the (dg)  reference frame on the condition that the “constant electromagnetic
torque” or “balanced rotor current” of the control target is applied in the DFIG [28]. In addition, it can
be seen from Figure 8 that the amplitude of the damped fundamental frequency component is only
related to the amplitude of the negative-sequence stator voltage component. However, the initial phase
angle of the damped fundamental frequency component is constant and it is independent of the negative-
sequence stator voltage component. Moreover, the amplitude of the damped fundamental frequency
component is proportional to the amplitude of the negative-sequence stator voltage component.

In Figure 10, the simulation results of the Phase-C stator current on the different conditions, of the
DFIG without the notch filters (/. ) and with the notch filters (/. ), and the theoretical analysis
results of the Phase-C stator current on the condition that the DFIG with the notch filters (/. ), are
compared. Due to lack of space, only the comparison of the stator current (with or without notch
filters) has been shown in this paper. In fact, the AC components with frequency of 2o, exist in the
stator flux linkages, the rotor currents, the stator currents, and the stator voltages on the DFIG, which
the phase angles cannot be an accurate estimation by the conventional PLL techniques and without the
notch filters.
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Figure 10. The C phase currents under condition of a Phase-C ground fault.

It can be observed form the Figure 10 that the AC components with frequency of 2o, in the stator
current has been eliminated by the notch filters and there exist the AC components with a frequency of
20, in the stator current without the notch filters. Moreover, the difference between the simulation
result and theoretical analysis result of the Phase-C current is very small, which validate the
effectiveness of the theoretical analysis.

In addition, there are only damped DC components and steady-state fundamental frequency
components in the stator currents based on the aforementioned analysis. For the fundamental frequency
components, there are non-linear relationships between the fault voltage and the fault current of the
DFIG. Hence, on the condition that the control target for “balanced stator current” is applied in the
DFIG, the DFIG can be represented by a controlled positive-sequence current source. On the condition
that the control target for “balanced rotor current” or “constant electromagnetic torque” is applied in
the DFIG, the DFIG can be represented by a controlled positive-sequence current source and a
controlled negative-sequence current source.

7. Conclusions

The fault current characteristics of the DFIG are studied in this paper on condition that an unbalanced
fault occurs and the rotor windings are excited by the AC/DC/AC converter. Under unbalanced fault
conditions, the electrical variables oscillate at twice the grid frequency in the synchronous dg frame.
In the engineering practice, notch filters are usually used to extract the positive and negative sequence
components in the synchronous dg frame. Hence, the notch filters have a large influence on the fault
current characteristics of the DFIG. In this paper, the dynamic performance of the stator flux linkage
and the rotor current are analyzed. Based on this, the stator fault current characteristics of the DFIG under
unbalanced fault conditions are studied. This study is of great significance for safe and stable operation
of the power grid with penetration of DFIGs. The obtained conclusions can be drawn as follows:

(1) The amplitude and phase angle of the stator flux linkage in the DFIG are changed by the notch
filters. Moreover, the range of the PI parameters and the dynamic performance of the RSC are also
influenced by the notch filters.
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(2) The transient behaviors of the DFIG are analyzed, and simple expressions of the DFIG transient
electrical variables are proposed. The acquired transient characteristics provide good references to
improve DFIG control during unbalanced grid faults.

(3) Under unbalanced fault conditions, the stator fault current characteristics of the DFIG are
different from those of a conventional synchronous generator. There is only a damped DC component
and steady-state fundamental frequency component in the stator fault current. The amplitude of the
damped DC component of the stator fault current is related to the depth of the grid voltage dip and the
phase angle of the pre-fault current. The steady-state fundamental frequency component is not only
related to the depth of the grid voltage dip, but also affected by the corresponding control target of
the DFIG.

(4) For the fundamental frequency component, on the condition that the control target for “balanced
stator current” is applied in the DFIG, the DFIG can be represented by a controlled positive-sequence
current source. On the condition that the control target for “balanced rotor current” or
“constant electromagnetic torque” is applied in the DFIG, the DFIG can be represented by a controlled
positive-sequence current source and a controlled negative-sequence current source. This is helpful to
meet the requirements of a practical short-circuit calculation and the construction of a relaying
protection system for the power grid with penetration of DFIGs.
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