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Abstract: In order to deal with scenarios where the training data, used to deduce a model, and the
validation data have different statistical distributions, we study the problem of transformed subspace
feature transfer for domain adaptation (DA) in the context of hyperspectral image classification
via a geodesic Gaussian flow kernel based support vector machine (GFKSVM). To show the
superior performance of the proposed approach, conventional support vector machines (SVMs)
and state-of-the-art DA algorithms, including information-theoretical learning of discriminative
cluster for domain adaptation (ITLDC), joint distribution adaptation (JDA), and joint transfer
matching (JTM), are also considered. Additionally, unsupervised linear and nonlinear subspace
feature transfer techniques including principal component analysis (PCA), randomized nonlinear
principal component analysis (rPCA), factor analysis (FA) and non-negative matrix factorization
(NNMF) are investigated and compared. Experiments on two real hyperspectral images show the
cross-image classification performances of the GFKSVM, confirming its effectiveness and suitability
when applied to hyperspectral images.

Keywords: transfer learning; domain adaptation; geodesic flow kernel support vector machine;
randomized nonlinear principal component analysis; feature transfer; image classification

1. Introduction

In the past few years, pattern recognition (PR) and machine learning (ML) techniques have
been employed to derive land use/land cover (LULC) maps using remotely sensed (RS) data in
automatic or semi-automatic ways [1-3]. Supervised classification methods ideally require a large
amount of labeled samples with good statistical properties, as they need to be class unbiased and
allow a good discrimination among classes. However, such labeled sample collection is a challenging
task, especially for large area mapping and classification of multi-temporal high-resolution and
hyperspectral remote sensing images [4,5]. Aiming at a more accurate classification with small training
sets, many supervised [6], hybrid [7] and semi-supervised learning (SSL) [8,9] methods have been
proposed for multi/hyper-spectral image classification in recent years.
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Furthermore, in real applications one is often faced with scenarios where the training data used
to deduce a model and the validation data have different statistical distributions. As a matter of fact,
radiometric differences, atmospheric and illumination conditions, seasonal variation, and variable
acquisition geometries may cause such distribution shifts in single or multi-temporal RS images [5,7,10].
Existing inconsistencies between the source and target data distributions include covariate shift [11]
or sampling selection bias [12]. To tackle such distribution shifts, it is very difficult and expensive to
recollect enough training data. Traditional solutions, including image-to-image normalization [13],
absolute and relative image normalization [14,15], histogram matching (HM) [16], and a multivariate
extension of the univariate matching [17], have been therefore considered. However, a more efficient
solution would be to transfer knowledge between the domains. In this regard, transfer learning (TL)
and domain adaptation (DA) methods have recently attracted ever increasing attention [18-21].

According to the technical literature, transfer learning can be categorized as inductive transfer
learning (ITL), transductive transfer learning (TTL) and unsupervised transfer learning (UTL) [22]
according to the availability of labeled data only for the target domain, or for the source domain,
or their total unavailability. Multi-task learning (MTL) is a special case of ITL, where labeled data
is available for the source and target domains, and the system is trained simultaneously in both of
them [23]. Similarly, domain adaptation is a special case of TTL, when labeled data are available
only in the source domain, but there is only a single task to be learned [22,24]. Finally, based on
the kind of “knowledge” transferred across domains, transfer learning can be roughly clustered into
instance-based transfer learning (e.g., instance reweighting [25,26] and importance sampling [27]),
feature-based transfer learning [28], parameter transfer approaches [29], and relational knowledge
transfer techniques [30].

In this work, we focus on domain adaptation (DA). Seminal works, such as the adjustment of
parameters for a maximum-likelihood classifier in a multiple cascade classifier system by retraining,
have been carried out in [5,7] to update a land-cover map using multi-temporal RS images. Multivariate
alteration detection (MAD) was introduced in [31], and was proved to be effective in detecting invariant
regions in bi-temporal images. Other DA methods, such as the feature selection approach [32],
manifold transformation [33], multi-domain method [34] and domain adaptation support vector
machine (DASVM) [18] have also been proposed. A semi-supervised transfer component analysis
(SSTCA) method for DA [35] was thoroughly investigated in [21] for hyperspectral and high resolution
image classification. Finally, considering that labeled samples may be insufficiently available in some
cases, active learning (AL) has been also combined with DA. For instance, an SVM-based boosting of
AL strategies for efficient DA in very high resolution (VHR) and hyperspectral image classification
was proposed in [36].

As mentioned above, one possible way to transfer knowledge between two domains is to look
for a feature-based representation of the source and target domains that minimizes cross domain
differences [22,35,37]. To this aim, feature extraction (FE) methods are used to project the two domains
into a common latent space, implementing transfer component analysis (TCA) [21,35]. For instance,
sampling geodesic flow (SGF) and geodesic flow kernel (GFK) were proposed in [38,39] to exploit
subspaces in a Grassmannian manifold [40].

Notwithstanding the many studies in this area, challenging issues still remain open. For example,
due to the huge computation complexity of the empirical estimate of maximum mean discrepancy
(MMD) between the distribution of source and target domains, TCA is only suitable for small
images. Similarly, the SGF approach requires to select a priori a sampling strategy, the transformed
features to consider, and the dimensionality of the transformed subspaces. Instead, GFK has the
advantage of being computationally efficient, automatically inferring the parameters without extensive
cross-validation techniques [39], but has not been studied on remote sensing image classification.
Moreover, the original GFK actually uses a linear kernel function, which may limit the performance in
nonlinear feature transfer tasks. Thereby, the major objectives and contributions of this paper are:
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(1) to propose and investigate geodesic Gaussian flow kernel SVM when hyperspectral image
classification requires domain adaptation;

(2) to investigate the performances of different subspace feature extraction techniques, such as
factor analysis (FA) [41], randomized nonlinear principal component analysis (rPCA) [42] and
non-negative matrix factorization (NNMF) [43], with respect to the standard PCA, originally
used in GFKSVM; and

(8) to compare the proposed methodology with conventional support vector machines (SVMs) and
state-of-the-art DA algorithms, such as the information-theoretical learning of discriminative
cluster for domain adaptation (ITLDC) [44], the joint distribution adaptation (JDA) [45], and the
joint transfer matching (JTM) [46].

The rest of this paper is organized as follows. In Section 2, we formalize the framework used
for unsupervised domain adaptation using the geodesic flow, and shortly recall the basics of the
geodesic flow Gaussian kernel based support vector machines. Section 3 describes the datasets used
and the setup of our experiments. Then, the experimental results are reported, analyzed and discussed
for evaluation and comparison purposes in Section 4. Finally, in Section 5, we summarize the main
findings of this paper and discuss several possible future research directions.

2. GFKSVM

2.1. Related Works

Let us consider that a specific domain D consists of a feature space X and the corresponding
marginal distribution P(X), where X = {x1,xp, ... ,x;} € X, so that D = {x, P(X)}. Furthermore, let us
consider that a “task” Y is the joint set of a label space and a predictive function f, so that Y = {y, f}.
In general, if two domains are different, it means that either s # x7 or Ps(X) # Pr(X) or both.
Similarly, the condition Ys # Yt implies that either ys # yr or P (Ys|Xs) # P (Yr|X) or both, from
a probabilistic point of view. In this scenario, TL aims at improving the learning of the predictive
function f in the target domain Dt using the knowledge available in the source domain Ds and in the
learning task Ys when either Ds # D or ys # yT.

As mentioned above, and according to the availability of source domain labeled data, supervised,
semi-supervised or unsupervised feature construction methods can be adopted. Unsupervised domain
adaptation is the only way when there is no correspondence between the domains to estimate the
transformation between the labeled samples. In this area, dimensionality reduction via maximum mean
discrepancy embedding (MMDE) and TCA were recently proposed [47,48]. The goal of unsupervised
DA approached is to obtain meaningful intermediate subspaces corresponding to the Ds and Dr first,
and then predict the target labels by exclusively using the labeled source training data. In this work, we
focus on using GFK for unsupervised subspaces feature transfer in hyperspectral image classification,
following the works in [38,39].

2.2. Geodesic Flow for DA

In a general metric space with distance metric, the length of a path between two points is defined
as the smallest upper bound of any finite approximation of the path, a straight line in a Euclidean
space (dashed line in Figure 1). However, the distance can be computed as a length (see the solid red
line in Figure 1) in a geodesic metric space where Riemannian manifolds are used.

According to the theory of manifold learning (ML), the collection of all d-dimensional subspaces
from the Grassmannian manifold G {d, D}can be used to define a smooth Riemanian manifold
with geometric, differential and probabilistic structures, where ® is the dimensionality of original
data [38-40,49]. Since a full-fledged explanation for Grassmannian and Riemanian manifolds is
beyond the scope of this paper, we refer the interested readers to papers [38-40,49,50]. Additionally,
the d-dimensional subspaces in *® can be easily identified in a G {d, D}. If two points mapped from
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the original subspaces D; and Dr are closer in G {d, ©}, then the two domains could be made similar
in this manifold, i.e., Ps(X) = P7(X).

SSS

oS oSSes

Figure 1. Illustration of the main idea of geodesic flow for domain adaptation.

Let Ps, Pr € %92 <  denote the sets of orthogonal basis obtained by a principal component analysis
(PCA) in the source and target domains. Moreover, let Rs € R®*(®~4) represent the orthogonal
complement to Ps, i.e., RE* Ps = 0. In a Grassmannian manifold, using the canonical Euclidean
metric for Riemannian manifold, with the constraints ®(0) = Pg and ®(1) = Pr, the geodesic flow
P:te[0,1] > P (t) € G{d, D} from Ps to Pr can be formed as [39]:

() =P;UT(t) — RsUX(t)
u, o0 T(t) 1)
:[PS RS] 01 u2Hz(t)1

where U; € R4 and U, € RP*(P~9) are the orthonormal matrices, given by the singular value

decomposition (SVD):
PUPr = vy, R Pr = Uzv™ @)

where T* means matrix transpose, I' and X are diagonal matrices whose elements are cost); and sint;,
for, and 0; are the angles measuring the degree of “overlap” between two subspaces Ps and Pr.

2.3. Geodesic Flow Kernel SVM

According to Equation (1), the geodesic flow can be seen as a collection of infinite subspaces
gradually varying from Ds to Dt. Starting from the original D-dimensional feature vector X,
with projections denoted as ® : t € [0,1], it is possible to form a feature set of infinite dimension
z® = {®(t)x:te[0,1]}. The inner product between two projected feature vectors with infinite
dimensions z7” and z;’o defines the GFK [39]:

1 T %
<Z?O,Z;)O> _ ‘[0 ((I) (t)T* xi) (CI) (t)T* xj) dt = x;l” ng 3)
where G € R?*? is the positive semidefinite matrix

1
G- J @ (1)1 dt @)
0
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Substituting Equation (1) into Equation (4), and ignoring for the moment the constant part:

(M| rore Tz
Q_L l ~X(HT(H)  Z(HZ(t) at ©)

where I'(t) and Z () are matrices whose elements are cos(tf;) and sin(tf;), respectively. Thus,
by integrating in closed-form:

1 3 .
AL = J cos? (t6) dt — 1+ 3120 6)
"o 20;
1 20;) —1
Ay = J cos (t6;) sin (t6;) dt — <2200 ~ 1 @)
" Jo 20;
1 in (26:
A3; = f sin? (16, dt — 1 — S1(26) ®)
’ 0 26;

wherei=1,2,... ,dand, Ay;, Ay; A3; become the i-th diagonal elements of the diagonal matrices Ay,
Ay and Aj respectively. Accordingly, matrix G assumes the form:

A A, 10 ©)

G ="
Az A4

where ) represents the constant parts in Equation (1):

Q=[735 RS][% [?2] (10)

It can be noted that Equation (3) is exactly the “kernel trick”, where a linear kernel function induces
inner products between infinite-dimensional features.

However, we may be faced with the situation of non-linear patterns in the data, patterns that
linear kernel function cannot handle. Nonlinear kernel functions have proved instead to be effective
in these situations not only for classification but also for feature extraction [51]. Hence, we apply to
Equation (3) a non-linear transformation, and more specifically a kernel method [52]. A generic kernel
K (x;,x;) is represented by:

K (x;,xj) = exp (*’ng (xi,x]-)q) ,7,4>0 (11)

Assuming v =1 and g = 2 the generic geodesic flow Gaussian kernel mapping function is obtained:

o2

K (x,xj) = exp {fdzg (xi,x]-)} = exp { —(xi—xj) "G (% —x)) } (12)

where the parameter o is a scaling factor.

Let now {XS, YT} = {(xf,yf)}?il ,xis € §R©,yis € {1,..., M} denote the set of 1 labeled source
T

training data corresponding to M classes. XT = {x.

nr
j } L x]-T e NP represents the set of nt unlabeled
]:
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data from Dt. Using a Lagrangian formulation to the classic linearly constrained optimization problem,
the final dual problem can be rewritten as:

ng ?15 ng
ax{ > o — Z Zoux]yly] (xl,x)
i=1 z 1j=1

ns (13)
to Sy, 0<a;,V¥i=1,...,ng
i=1

where the kernel matrix K (x?, x?

]
the decision function for any test vector ij from X7 is finally given by:

> is computed either by Equation (3) or Equation (12). Thereby,

NSVs

f (xT) = sgn 2 yiaK (xls,x*> +b (14)

i=1

where a; are the Lagrange multipliers, N°V* is the total numbers of support vectors (SVs), and the bias

term b can be obtained by using the k unbounded Lagrange multipliers according to:

b= (15)
K3 (07 <<1>( 7)w)
NSVs
w = Z yPa;® (xf) (16)
i=1

where @ (-) denotes the geodesic projected feature vectors.
In summary, the steps of the GFKSVM algorithm may be reported as:

Algorithm 1: GFKSVM

Inputs:  Source domain image S;;;,; Training samples from source domain: X;; Target domain
image Tjy,; Validation samples from target domain: Xr; Subspace construction approach
for Simg: FEs € {PCA, rPCA, FA, NNMF}; Subspace construction approach for Timg: FET €
{PCA, rPCA, FA, NNMF}; number of transferring subspaces d; Kernel type: K; Geodesic
flow kernel function: G.

Train:
(1) Extract features able to represent the source domain sunspaces: Sf};{fg = FEs(Simg)
and T5u? = FET(Ting);
(2) Compute the geodesic flow kernel G = G(S$#0, T#b, 4) according to Equation (9);

img’ ~img’

(3) Compute the kernel matrix Kxs for X; by means of Equation (3) or Equation (12)
according to the Kernel type K;
(4) Compute the SVM model parameters by solving Equations (13);
(5) Compute the kernel matrix Kyt for Xt by Equation (3) or Equation (12) according to the
Kernel type K;
Classify:

Return the predicted label for Xt according to Equation (14).
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3. Datasets and Setup

3.1. Datasets Descriptions

For the experimental analysis, two hyperspectral datasets with different degrees of shift between
source and target domains were considered.

For the first test case, two hyperspectral images collected by the Reflective Optics Spectrographic
Image System (ROSIS) sensor over the University of Pavia and Pavia City Centre were considered
(see Figure 2). The ROSIS optical sensor provides up to 115 bands with a spectral range coverage
ranging from 0.43 pm to 0.86 um, and a spatial resolution of 1.3 meters per pixel. The Pavia City Centre
image contains 102 spectral bands and has a size of 1096 x 1096 pixels. The Pavia University image
contains instead 103 spectral reflectance bands and has a size of 610 x 3400 pixels. Both images are
provided with ground truths of nine classes for each. Seven classes are shared by both images, and
were considered in our experiments (Table 1). In the experiments, the Pavia University image was
considered as the source domain, while the Pavia City Center image as the target domain, or vice versa.
Differences in imaging conditions, roof materials, and vegetation types cause remarkable variations of
spectral and statistical properties of these land-cover classes across the images, as observed in Figure 2.
Moreover, since the GFKSVM is not suitable for situations where the source and target domains are
represented by a different number of features, only 102 spectral bands of the Pavia University image
were used in the experiments.

(a) (b) (c) (d) (e) (f)

Figure 2. Color composite images of the (a) ROSIS Pavia University with the corresponding ground
truths: (b) train map; (c) test map; (d) Pavia City Centre with the corresponding ground truths; (e) train
map and (f) test map.

Table 1. Class legend for ROSIS University and City Center datasets.

No. Class Code University Center

Train Test Train Test
1 Asphalt 548 6631 678 7585
2 Meadows 540 18649 797 2905
3 Trees 524 3064 785 6508
4 Bare soil 532 5029 820 6549
5 Bricks 514 3682 485 2140
6 Bitumen 375 1330 808 7287
7 Shadows [ 231 947 195 2165

The second dataset is a 2.5 spatial resolution hyperspectral image consisting of 144 spectral
bands in the 0.38-1.05 um region. The data were acquired by the National Science Foundation
(NSF)-funded Center for Airborne Laser Mapping (NCALM) over the University of Houston campus
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and the neighboring urban area on 3 June 2012, it is freely provided by Hyperspectral Image Analysis
Lab affiliated with the University of Houston’s Electrical and Computer Engineering Department.
Originally, the data sets have a size of 1905 x 349 pixels and their ground truth includes 15 land cover
types. Similarly to the previous case, we considered two disjoint sub-images with 750 x 349 pixels
(Figure 3a) and 1155 x 349 pixels (Figure 3b), respectively. These sub-images share eight classes in the
ground truth: healthy grass, stressed grass, trees, soil, residential, commercial, road and parking lots,
listed in Table 2 with the corresponding sample size.

(0) (d)

(e) ()

Figure 3. Color composite of the Source (a) and Target (b) images of Houston with the corresponding
ground truths: (c) and (d) train maps for Source and Target; (e) and (f) test maps for Source and Target.

Table 2. Class legend for Figure 3.

No. Class Code Left Right

Train Test Train Test
1 Healthy grass [N 98 449 100 604
2 Stressed grass 87 482 103 582
3 Trees 78 373 110 683
4 Soil 72 688 114 368
5 Residential 173 687 23 385
6 Commercial 47 132 144 921
7 Road 108 589 85 470
8 Parking Lot 1 88 625 104 416

To provide a better illustration of the differences between the statistical properties of the same
classes in two domains, Figure 4 presents the principal component distributions of different classes
from the source and target images for the Pavia and Huston data sets. Clear distribution shifts for
Shadows, Bitumen, Asphalt, Bricks and Bare soil can be observed in Figure 4a,c for Pavia. Similarly,
please note the large distribution shifts for Soil, Commercial and Parking lot 1 between the two domains
in Figure 4e,g for Houston.
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Figure 4. Principal component scatter plots of the source and target images for Pavia (University:
(a) PC1 vs. PC2; (b) PC3 vs. PC4; Center: (c) PC1 vs. PC2; (d) PC3 vs. PC4 and Houston Left: (e) PC1 vs.
PC2; (f) PC3 vs. PC4; Right: (g) PC1 vs. PC2; (h) PC3 vs. PC4.) data sets.

3.2. Experimental Setup

In the experiments, we compare the results of SVMs with radial bias function (RBF) kernel
applied to the following features: “All bands”—the original spectral bands; “(S)pca—(T)pca"~difference
of PCA/FA/NMEF/rPCA transformations separately applied to the source and target images;
“(S + T)pca”—PCA/FA/NMF/rPCA transformations applied to a combination of the source and
target images; “GFK”—unsupervised subspace features transferred from geodesic flow kernel. Free
SVM parameters such as y and C were tuned in the range (0.01-10) and (1-100), respectively, by a grid
searching criterion, and 10-fold cross validation.

As mentioned in the introduction, we also compare results using the ITLDC, JDA and JTM
algorithms. As for ITLDC and JDA, the free parameter A was tuned in the range (0.01-10) with the
three cross validations technique. In JTM, an RBF kernel function was applied to build the joint
kernel matrix, and the tuning range for the vy factor of this kernel, as well as the A parameter used
for eigenvalue decomposition, were selected in the (0.01-10) range. For a more objective comparison,
SVM with RBF kernel was used in the target domain classification phase in ITLDC, JDA and JTM.

All the experiments were carried out using Matlab™ on a Windows 7 64 bit operating system
with an x64-based processor Intel® Core™ i7-4790 CPU, @3.60 GHz, 32 GB RAM.

4. Experimental Results
4.1. Parameter Evaluation

4.1.1. Kernel Parameter Evaluation for GFKSVM

Generally, it is expected that an RBF kernel is more suitable than a linear kernel in case of a
nonlinear classification task. However, the free tuned parameter of the RBF kernel in the source
domain may not be optimal for the target domain, hence limiting or even decreasing the performance
of GFKSVM. While it has been proved that GFKSVM has excellent performances with respect to a
linear kernel in computer vision adaptation tasks [38,39], its performance on real hyperspectral data
with RBF kernel remains to be tested. Hence, we comparatively investigated the performance of
GFKSVM with RBF and linear kernels first.

Figure 5 presents the Overall Accuracy (OA) values for GFKSVM with RBF and linear kernel
applied to the ROSIS data with different subspace feature transfer approaches, but always with



Remote Sens. 2016, 8, 234 10 of 23

10 transferred features. The selection of 10 features is completely arbitrary, as here we focus on the
comparison of linear and non-linear kernels. According to the graphs in Figure 5, GFKSVM with RBF
kernel shows higher OA values than the linear kernel in most cases, when train and test are carried
out only in the source domain (see Figure 5a,c,e,i,m)). However, this advantage decreases when the
training and test are carried out in the source and target domains separately (see Figure 5b,d,f,jn).
These results tell us that the free parameters for RBF kernel are capable of reaching higher OA values
than the linear kernel.

VOod

)
e 599
359
<248
f 129 Gamma

VOdI

4640
Cost 1.67

478
Cost 167
1 129

vd

1)
Cost 167

HIANN

(0) (p)

Figure 5. Overall Accuracy (OA) versus GFKSVM with RBF and linear kernel (green transparent flat
surface) for ROSIS data (PCA-PCA: (a) University—University; (b) University—Center; (c) Center—
Center; (d) Center—University; rPCA-rPCA: (e) University—University; (f) University—Center;
(g) Center—Center; (h) Center—University; FA-FA: (i) University— University; (j) University—Center;
(k) Center—Center; (1) Center—University; NNMF-NNMF: (m) University— University; (n) University—
Center; (o) Center—Center; (p) Center—University), with number of subspaces d = 10.

4.1.2. Parameter Evaluation for rPCA

Randomized nonlinear principal component analysis (rfPCA) is a nonlinear variant of PCA
recently proposed as a low-rank approximation of kernel principal component analysis (KPCA) [42].
In comparison with PCA, rPCA is capable of revealing nonlinear patterns in data with computational
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complexity of O(m?n), as opposed to a computational complexity of O(n®) for KPCA and O(d?n) for
PCA, where m, n and d represent the number of random features, the sample size and the number
of extracted features, respectively, and m > d. According to [42], rPCA performances are mainly
controlled by the number of random features (m) and extracted features (d). In the following, we
investigate the performances of GFKSVM using rPCA for feature transfer. Figure 6 shows the OA
results as a function of the parameters m and d.

From the results in Figure 6, it can easily observed that, in general, the larger the number of
extracted features d, the higher the OA values. Instead, the role of the number of random features m is
less definite, although it is clear it should be a large value. Accordingly, this parameter was set to five
times the original dimensionality of data in all the experiments.

OA(%) OA(%)

50
_ - 55
T T
‘a,.-; 40 ‘g.,-: 40
s s 50
3 3
@
::_, 30 ; 30 4
g g
ol o — §20 “©
z —— p *
210 Z10
—1 E
210 410 610 810 1100 210 410 610 810 1100
Randomized number Randomized number
(a) University—Center (b) Center— University
%) OA(%
OA(%) (%)

55 70

Nr. of transfered feaetures(d)
Nr. of transfered feaetures(d)

250 450 650 850 1050 210 410 610 810 1100
Randomized number Randomized number

(c) Left—Right (d) Right—Left

Figure 6. OA versus the parameters m and d of rPCA in GFKSVM for ROSIS (a,b) and Houston (c,d)
data sets: (Source—Target).

4.1.3. Parameter Evaluation for ITLDC

Additionally, performance analysis using ITDLC was conducted. In order to understand the
results, please recall that ITLDC identifies a feature space where data from source and target domains
are similarly distributed [43]. Its performances are controlled by the dimensionality of the transferred
feature subspace d and the regularization coefficient A. Similarly to previous experiments, Figure 7
depicts the OA values using ITLDC as a function of its free parameters.

According to the results in Figure 7, the regularization coefficient does not show significant
influence on the OA values. Instead, the effects of the transferred feature subspace (d) are quite obvious
and different for different data sets. Specifically, the optimal transferred feature subspace (d) for the
relatively heterogeneous ROSIS data is <26 for University (Source)—Center (Target) and <10 for
Center (Source)— University (Target) DA learning. Instead, for the more homogeneous Houston data
set, the larger the transferred feature subspace (d), the higher the OA value.
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50
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©
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Figure 7. OA versus the number of subspaces d and the parameter A of ITLDC for the ROSIS (a,b) and
Houston (c,d) data sets: (Source—Target).

4.1.4. Parameter Evaluation for JDA

The joint distribution adaptation (JDA) algorithm simultaneously reduces the difference in both
the marginal distribution and conditional distribution between domains [45]. Specifically, JDA uses an
extended nonparametric maximum mean discrepancy MMD [53] to measure the differences in both
marginal and conditional distributions first, and then integrates it with PCA for constant effective
and robust feature representation. According to [45], the performance of JDA is controlled by the
regularization parameter A and the transferred feature subspace 4. JDA has a high computational
cost O(TdD? + TCn? + TDn), where T is the iteration number, C represents the cardinality label, and D
denotes the original data dimensionality.

According to the results in Figure 8, a larger transferred feature number (4 > 10) leads to higher
and stable OA values, but the main control power is retained by the regularization parameter A.

Indeed, with a constant and large set of transferred features, only the regularization parameter needs
to be tuned.

102

34
A
1 10 2 # of features(d) 1 2 # of features(d)

34

(a) University—Center (b) Center—University

Figure 8. Cont.
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Figure 8. OA versus the number of subspaces d and the parameter A of JDA (trained with primal) for
the ROSIS (a,b) and Houston (c,d) data sets: (Source—Target).

4.1.5. Parameter Evaluation for JTM

Joint transfer matching (JTM) aims at reducing the domain shift by jointly matching the features
and reweighting the instances in a principal dimensionality reduction procedure [46]. Briefly, the
feature matching procedure is executed by minimizing the nonparametric MMD [53] in an infinite
dimension reproducing kernel Hilbert space (RKHS), while the instance reweighting and domain
invariant feature representation is performed by minimizing the ¢, ;-norm using PCA. The overall
algorithmic computational complexity for JTM is O(TdD? + TCn?), and free parameters are the
regularization coefficient A, the factor 7y for RBF kernel, and the transferred feature subspace d. Figure 9
shows the OA values as a function of these free parameters.

It can be observed that with a constant and large set of the transferred features (d > 6), the
performance of JTM for ROSIS data is mainly controlled by the regularization coefficient A and the
factor vy (Figure 9b—d).

According to the results in Figure 10, once again the larger numbers of transferred features (d > 6,
see Figure 10b—d), and smaller values for both the regularization coefficient (A ~ 0.01) and the gamma
factor (v ~ 0.01) (Figure 10b—e,i) lead to the most effective results for the Houston data.

d=2 4=6 d=30 d=102

"0 oot

(d)d =102

(&) y=0.01 (f)y=02154 ®7y=1 (h)y=10

Figure 9. Cont.
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231 of features(d)
(i) A=0.01 ()L =02154 K)r=1 Mr=10

Figure 9. OA versus the number of features d, the SVM parameter vy, and the regularization factor A
of JTM for ROSIS data sets (University—Center). (a) OA versusy and A, d = 2; (b) OA versus y and A,
d =6; (c) OA versus y and A, d = 10; (d) OA versus y and A, d = 102; (e) OA versus A and d, y = 0.01;
(f) OA versus A and d, v = 0.2154; (g) OA versus A and d, v = 1; (h) OA versus A and d, v = 10; (i) OA
versus y and d, A = 0.01; (j) OA versus y and d, A = 0.2154; (k) OA versusy and d, A = 1; (1) OA versusy
and d, A = 10.

d=2 d=6 a=30 =102

OA@)

001 oo

(c)d=30 (d)d =102

0A®)

"lﬂﬂﬂ

(f) y = 0.2154

A=001 A =02154

0A)

(i) 1=0.01 (j) = 0.2154 (K)2=1 1)1 =10

Figure 10. OA versus the number of features d, the SVM parameter <, and the regularization factor A
of JTM for ROSIS data sets (Left portion—Right portion). (a) OA versusy and A, d = 2; (b) OA versus
vy and A, d = 6; (c) OA versus y and A, d = 10; (d) OA versus y and A, d = 102; (e) OA versus A and d,
v =0.01; (f) OA versus A and d, v = 0.2154; (g) OA versus A and d, y = 1; (h) OA versus A and d, y = 10;
(i) OA versus y and d, A = 0.01; (j) OA versus y and d, A = 0.2154; (k) OA versus y and d, A = 1; (1) OA
versusy and d, A = 10.

4.2. Evaluation of GFKSVM with Different Feature Transfer Approaches

To complete our analysis, in Figures 11-13 we report the results of a sensitivity analysis of
GFK with respect to its critical parameters: the number of transferred features d and the adopted
unsupervised feature transfer approach (PCA, rPCA, FA and NNMF). According to Equations (1)
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and (2), the number of transferred subspaces (d) was set to ©. Hence, the maximum d for ROSIS
and Houston in Figures 11-13 was set to 50 and 72, respectively. Moreover, according to the results
shown in the previous subsection, the number of random features m in rPCA is set to five times
the dimensionality of the original data. Finally, all results are compared with the results obtained
by directly using RBF kernel based SVM on the original data. These results are considered as the
evaluation benchmark.

As illustrated in Figure 11 for the ROSIS dataset (University—Centre), the largest overall accuracy
values are achieved by GFKSVM, while the second best performance is obtained in most cases by
using all bands and RBF kernel based SVM. Furthermore, the sensitivity of GFK with respect to the
subspace dimensionality is much lower for conventional methods than applying PCA, FA and NNMF
transformations to the source and target images in either a separate or combined way. The optimum d
for rPCA and NNMF based GFKSVM is >20 (see Figure 11f,p), while PCA based GFKSVM is much
more stable with respect to the number of transferred features.
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Figure 11. Classification accuracy curves for GFKSVM using different subspace feature transfer

approaches on the ROSIS data set (University—Center). (a) PCA-PCA; (b) PCA-rPCA; (c) PCA-FA;

(d) PCA-NNMF; (e) tPCA-PCA; (f) rPCA-rPCA; (g) rPCA-FA; (h) rPCA-NNFVM; (i) FA-PCA; (j) FA-rPCA;

(k) FA-FA; (1) FA-NNMF; (m) NNMF-PCA; (n) NNMF-rPCA; (0) NNMF-FA; (p) NNMF-NNMF.

Figure 12 presents the results for GFKSVM with different subspace feature transfer approaches
for Pavia, and Figure 13 presents that for Houston. Once again, all these results show that PCA based

GFKSVM is more robust with respect to the dimensionality of the transferred features (d) than rPCA,
FA and NMF approaches (Figures 12a,f,k,p and 13a,f k,p). Indeed, rPCA and NMF require a larger
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d (Figures 12f,p and 13f,p). Instead, the poor performance of GFKSVM if rPCA is applied to both
domains with small d can be significantly improved by replacing rPCA with PCA, FA or NNMF for
one domain (see for instance Figure 11f vs. Figure 11e,g,h), Figure 12f vs. Figure 11e,g,h or Figure 13f
vs. Figure 11e,g,h.
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Figure 12. Classification accuracy curves for GFKSVM with various subspace feature transfer
approaches on ROSIS data (Center—University). (a) PCA-PCA; (b) PCA-rPCA; (c) PCA-FA;
(d) PCA-NNMEF; (e) rPCA-PCA; (f) rPCA-rPCA; (g) rPCA-FA; (h) rPCA-NNEM; (i) FA-PCA; (j) FA-rPCA;
(k) FA-FA; (1) FA-NNMF; (m) NNMEF-PCA; (n) NNMF-rPCA; (0) NNMF-FA; (p) NNME-NNMF.
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Figure 13. Classification accuracy curves for GFKSVM with various subspace feature transfer
approaches on Houston data (Left site—Right site). (a) PCA-PCA; (b) PCA-rPCA; (c) PCA-FA;
(d) PCA-NNMEF; (e) rPCA-PCA; (f) rPCA-rPCA; (g) rPCA-FA; (h) rPCA-NNEM,; (i) FA-PCA; (j) FA-rPCA;
(k) FA-FA; (1) FA-NNMF; (m) NNMF-PCA; (n) NNMF-rPCA; (o) NNMF-FA; (p) NNMFE-NNMEF.

4.3. GFKSVM vs. State-of-the-Art DA Algorithms

Another set of experiments was devoted to the comparison of GFKSVM with ITLDC, JDA and
JTM. In consideration of the high computational complexity of the latter algorithms, the training
samples for the Pavia Center data set were used to validate the algorithms trained with training
samples for the Pavia University data set, and vice versa. Figure 14 reports the OA curves as a function
of the d parameter for all algorithms. Note that GFKSVM uses the same subspace feature reconstruction
approach (PCA/FA/NMEF/rPCA) for both the source and the target domain.

According to the results in Figure 14, GFKSVM after PCA, rPCA or NNMF shows in general larger
OA values with respect to ITLDC, JDA and JTM. Instead, for the Houston data set, Figure 14c,d, JDA
achieves the largest OA value. We may summarize that GFKSVM is more suitable for more statistically
heterogeneous data like the ROSIS data set, while JDA is preferred for statistically homogeneous data
like the Houston data set. Looking at this figure, we can also state that ITLDC is the best choice when
a small number of features for heterogeneous data or a large number of features for homogeneous
data are considered.

For a visual comparison, Tables 3 and 4 report the user accuracy (UA), kappa (k) and average
accuracy (AA) for the best result of every transformation, while Figure 15 presents the classification
maps by GFKSVM with different subspace feature construction approaches for the ROSIS dataset.
Please note that, since the validation procedures for JDA, ITLDC and JTM are carried out using
the training samples for the Center image, while they are trained with the training samples for the
University image, or vice versa, thematic maps are not presented.
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Figure 14. OA curves for GFKSVM and other considered state-of-the-art DA methods on ROSIS (a,b)
and Houston (c,d) data sets.
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Figure 15. Classification maps (limited to validation/training sample locations) for GFKSVM on
ROSIS data: Center—University: (a) PCA-PCA; (b) rPCA-rPCA; (c)-FA-FA; (d) NNMF-NNMF;
University—Center: (e) PCA-PCA; (f) IPCA-rPCA; (g)-FA-FA; (h) NNMF-NNMF.
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Table 3. Classification accuracies (%) and kappa statistic (k) for considered DA algorithms applied to
ROSIS data (University—Center).

Class GFKSVM JDA  ITLDC JTM
PCA rPCA FA NNMF
Asphalt 97.73 98.05 97.82 98.04 90.27 95.87 85.55
Meadows 21.45 25.13 7.37 19.72 47.30 17.31 9.54
Trees 97.51 97.66 99.08 99.15 96.69 92.74 99.49
Bare soil 76.62 81.68 75.08 79.84 85.00 88.29 74.51
Bricks 75.65 75.98 75.65 75.14 56.49 63.92 61.03
Bitumen 65.02 60.85 64.43 61.30 71.04 36.51 62.75
Shadows 99.91 99.91 99.86 9991 64.10 100.00 82.05
AA 76.27 77.04 74.18 76.16 72.98 70.66 67.85
OA 79.46 7995 78.19 79.48 74.82 66.55 65.92
K 0.75 0.76 0.74 0.75 0.70 0.60 0.60

Table 4. Classification accuracies (%) and kappa statistic (k) for considered DA algorithms applied to
Houston data (Right—Left).

Class CTKSVM JDA  ITLDC  JTM
PCA rPCA FA NNMF

Healthy grass ~ 55.00  62.00 51.00  76.00 100.00  83.07 99.55

Stressed grass ~ 100.00  100.00 100.00 100.00 89.83 62.66 93.15

Trees 100.00 99.09 96.36  100.00 99.73 93.57 0.54

Soil 70.18 72.81 71.05 71.93 99.71 77.33 98.98

Residential 100.00  100.00 100.00 100.00 76.86 53.13 39.01

Commercial 27.78 27.08 27.78 22.22 83.33 99.24 74.24

Road 81.18  80.00 7882  69.41 81.49 78.10 84.89

Parking Lot 1 24.04 7.69 0.00 0.00 0.00 32.48 0.00

AA 69.77 68.58  65.63 67.45 78.87 72.45 61.30

OA 6450 6322 6015  61.94 75.98 67.45 60.75

K 0.59 058 055 0.57 0.72 0.63 0.54

4.4. Influence of the Source Domain Sample Size

Finally, in Figure 16 we present the results of experiments aimed at gauging the influence of the
domain samples size used to train the considered DL algorithms. To this end, curves of the overall
classification accuracy as a function of the training samples size with a fixed subspace dimensionality
(d = 30) and for both the Pavia and the Houston datasets are presented. For more objective evaluation
purposes, each experiment was executed 10 times, randomly selecting the training samples from

the pool.
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Figure 16. Classification accuracy curves for GFKSVM and other DA algorithms applied to ROSIS
(a,b) and Houston (c,d) data. Each curve shows the average overall accuracy value with respect to
the increasing size of training sets over 10 independent runs. The shaded areas show the standard
deviation of the overall accuracy within the independent runs.

According to the results in Figure 16, one can observe that the proposed GFKSVM with PCA or
rPCA shows the best OA values for the ROSIS data, while JDA and ITLDC achieve the best results
for the Houston dataset. This indicates again that GFKSVM is more suitable to handle heterogeneous
data, while JDA and ITLDC are more suitable for homogeneous data.

5. Conclusions

In order to deal with the data distribution shift problem for the classification of hyperspectral
images, in this paper we have experimentally studied the suitability of geodesic flow Gaussian kernel
for unsupervised domain adaptation. For comparison purposes, state-of-the-art domain adaptation
methods, namely JDA, ITLDC and JTM, were also considered.

Experimental results with two real hyperspectral datasets show that, for relatively statistically
“heterogeneous” data sets, the RBF kernel based GFKSVM is more stable with respect to the
dimensionality of transferred subspaces, and is capable of learning from small training sets, achieving
a better classification performance, especially in the PCA transformed domain. Instead, JDA is more
suitable to handle statistically homogeneous datasets, such as the Houston data set, using a large
transferred feature dimensionality. Finally, the performances of GFKSVM with rPCA applied to the
source and target domains and using a small number of transferred features are not acceptable. Instead,
excellent results can be obtained by replacing rPCA with PCA, FA or NMF in one domain.

Future works will be focused on testing the proposed approach in different scenarios, such
as domain adaptation between images of different multispectral sensors, as well as in the case of
hyperspectral and multispectral sensors as source and target images. Additionally, semi-supervised
approaches will be also considered as another interesting line of study.
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