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Abstract: Longitudinal-torsional composite ultrasonic vibration has been widely used in grinding.
This paper aims to solve the problem that the resonance frequency deviates greatly from the theoretical
design frequency and the vibration mode is poor when the horn is matched with a larger tool head.
This paper presents how the longitudinal-torsional composite ultrasonic conical transition horn was
designed and optimized by the transfer matrix theory and finite element simulation. For this purpose,
the spiral groove parameters were optimized and selected by finite element simulation. Then, the
modal analysis and transient dynamic analysis of the horn with grinding wheel were carried out to
verify the correctness of the theoretical calculation. The impedance analysis and amplitude test of
the horn with grinding wheel were carried out. The test results were in very good agreement with
the theoretical and simulation results. Finally, the grinding experiment was carried out. The surface
roughness of the workpiece in longitudinal-torsional ultrasonic vibration grinding was obviously
reduced compared to that of ordinary grinding. All these obtained results demonstrate that the
designed longitudinal-torsional composite ultrasonic horn has very good operational performance
for practical applications.

Keywords: horn; longitudinal-torsional vibration; finite element analysis; ultrasonic vibration grinding;
surface roughness

1. Introduction

In recent years, ultrasonic vibration machining technology has been widely used in
the aerospace, automotive, shipbuilding, medical and other processing fields [1]. Some
difficult-to-machine materials such as ceramics, alloys, and composite materials using ul-
trasonic processing technology have achieved better processing results than by traditional
processing methods [2]. The ultrasonic horn is one of the most critical and important parts
in ultrasonic vibrational machining systems. Its function is to amplify the input vibration
signal and output it to the tool head, so that the tool head can realize vibration machin-
ing [3]. The ultrasonic composite methods mainly include longitudinal-torsional ultrasonic
composites [4,5], longitudinal-bending ultrasonic composites [6], bending-torsional ultra-
sonic composites, and radial-torsional ultrasonic composites [7]. In the field of grinding,
ultrasonic vibration-assisted grinding employs an ultrasonic horn connected to the grinding
wheel, so that the grinding wheel can realize vibration grinding. In this way, better surface
quality can be obtained compared with ordinary grinding [8,9]. Longitudinal-torsional
composite vibration is widely used in many ultrasonic machining fields [10–12]. In the
grinding process, it is beneficial to solve the problem of grinding wheel blockage and
grinding burn, reduce the grinding force [13,14], and improve the grinding quality and
grinding efficiency [15]. Therefore, it is particularly important to design a set of ultrasonic
horns that match the grinding wheel used for actual processing.

At present, the design methods of ultrasonic horn mainly include the following: an
analytical method, a substitution method, a transfer matrix method [16,17], and a finite
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element method [18]. The reasonable design of a longitudinal-torsional composite vibration
horn is very important for the practical application of ultrasonic machining. Asami et al. [19]
studied a new type of ultrasonic longitudinal-torsional vibration source. It consisted of
a longitudinal transducer and a torsional transducer, which were placed at both ends of
a uniform rod as a vibration source, to separately control each vibration type, resulting
in a composite vibration source located within a planar locus. Deen et al. [20] proposed a
longitudinal and torsional vibration actuator for a rotary impact ultrasonic drill (RPUD) for
rock sampling in asteroid exploration. Based on finite element modal analysis and harmonic
analysis, the sensitivity of the displacement amplitude of the step horn and the driving
tips to changes in the structural parameters were analyzed. The resonance frequency
and vibration displacement were measured, and the experimental results were in good
agreement with the finite element analysis results. Bie et al. [21] discussed the influence
of the ultrasonic incident angle on the longitudinal-torsional composite horn. Based on
the theory of elastic wave field, the causes of modal transformation and the vibration
characteristics of the horn were analyzed. The spiral grooves with different angles were set
on the conical section of the horn. The vibration mode of the output end-face of the horn
was analyzed by the finite element analysis method, and a drilling test was carried out. The
experimental results showed that the larger the longitudinal-torsional ratio of the ultrasonic
amplitude, the smaller the average drilling force, and the better the surface roughness of the
hole. Zhong et al. [22] proposed a longitudinal-torsional composite consolidation vibration
system. The influence of the structural parameters of the composite horn on the frequency
of the consolidation vibration system was analyzed, and the structural parameters of the
composite horn were optimized. Li et al. [23] designed a longitudinal-torsional ultrasonic
horn (HWLTD) with a large tool head, and predicted and optimized the resonant frequency.
On this basis, the principle of spiral groove vibration mode conversion was deduced.
Combined with the principle of vibration mode transformation and ANSYS simulation
analysis, the resonance frequency and the torsional-longitudinal ratio were optimized.

When the traditional method is used to design a horn with larger tool head (such as a
large diameter impeller, grinding wheel, etc.), the ultrasonic vibration energy is transferred
to a larger load, which will not only lead to a sharp decline in amplitude, but also lead to
a large difference between the resonant frequency of the overall vibration and the design
frequency [23]. Therefore, this paper combined both the transfer matrix theory and finite
element analysis to model the horn with grinding wheel and carry out the finite element
simulation optimization design, which is of great significance for improving the vibration
characteristics of the horn and the tool head [24,25].

In order to solve the problem of large deviation with theoretical design frequency and
poor vibration shape after applying the grinding tool head, this paper first uses the transfer
matrix theory and finite element analysis to design and optimize the conical transition
longitudinal vibration ultrasonic horn. Next, the structural parameters of the spiral groove
are optimized by single factor simulation analysis. Then, the finite element analysis
and vibration performance test of the conical transition longitudinal-torsional composite
ultrasonic horn are carried out to verify the correctness of the theoretical design and
simulation analysis. Finally, a longitudinal-torsional ultrasonic vibration internal grinding
experiment using GCr15 steel was carried out. The influence of ultrasonic amplitude on
the grinding surface roughness was analyzed, and the processing performance of the horn
was verified. The research results of this paper can provide reference for the design of a
longitudinal-torsional ultrasonic composite horn with tool head.

2. Design of Conical Transition Longitudinal-Torsional Composite Ultrasonic Horn
2.1. The Principle of Longitudinal-Torsional Ultrasonic Vibration Internal Grinding

Figure 1 shows a schematic diagram of longitudinal-torsional ultrasonic vibration
internal grinding. The processing tool is the grinding wheel, which performs both rotary
and longitudinal feed motions. The rotation speed is ns and the longitudinal feed speed is
vf. The object being processed is a ring workpiece with an inner circular surface, which
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is rotated at a speed of nw. The horn with a spiral groove is used to connect it to the
grinding wheel, to which it transmits the longitudinal ultrasonic vibration resulted from the
combined action of the ultrasonic generator, wireless transmission disk and transducer. The
action of the spiral groove converts the longitudinal ultrasonic vibration into a longitudinal-
torsional composite ultrasonic vibration, so that the grinding wheel realizes longitudinal-
torsional ultrasonic vibration grinding.
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Figure 1. The principle of longitudinal-torsional ultrasonic vibration grinding.

A large number of research and experimental results show that compared with ordi-
nary grinding, longitudinal-torsional ultrasonic vibration-assisted grinding can effectively
solve the problems of grinding wheel blockage and grinding burn, reduce grinding force,
improve grinding quality and grinding efficiency, and prolong tool life [26,27].

2.2. Design and Optimization of the Longitudinal Vibration Ultrasonic Horn

In the selection of horn materials, the characteristics and mechanical properties of
materials should be considered comprehensively. Titanium and titanium alloys are widely
used in many fields due to their high specific strength, excellent corrosion resistance,
low density, and low magnetic susceptibility [28]. They have high strength and excellent
comprehensive properties. Therefore, a TC4 titanium alloy was selected as the material for
the horn.

In order to realize the longitudinal-torsional ultrasonic composite vibration grinding
and obtain the larger amplification coefficient and shape factor of the horn, a conical transi-
tion longitudinal-torsional ultrasonic composite horn was selected [29]. When selecting
the design frequency of the horn, the influence of the diameter of the grinding tool head,
the diameter of the transducer, the length of the horn, the amplification coefficient and the
shape factor should be considered.

For the full wavelength horn, the calculation of the wavelength λ is as follows:

λ =

√
E/ρ

f
(1)

For the actual processing work in this paper, if the length of the horn is too short,
it cannot meet the use requirements, and if too long, will lead to insufficient stiffness.
Therefore, we chose a horn frequency range of 25–30 kHz.

For transducer diameter D, D is generally required to be less than λ/4. Then, when
mboxemphf = 30 kHz, λ = 164.62 mm can be obtained. Due to the influence of the grinding
tool head, the diameter of the transducer should be at least greater than 30 mm. Therefore,
the range of transducer diameter D is:

30 mm ≤ D ≤ λ

4
= 41.16 mm (2)
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Considering the influence of the amplification factor and the shape characteristics
of the horn, a design frequency of 28 kHz was selected. Hence, a 28 kHz piezoelectric
ceramic transducer with a diameter D = 38 mm was employed in our design, while the tool
head was a CBN grinding wheel with diameter of 50 mm, width of 15 mm, and made of a
titanium alloy matrix.

According to the literature [25,30,31], in this paper, the requirements for vibration and
impedance characteristics of the horn are shown in Table 1.

Table 1. The requirements for vibration and impedance characteristics of the horn.

Characteristic Frequency (Hz) Dynamic Resistance (Ω) Mechanical Quality Factor

Value 28,000 Hz ± 5% 5–100 500–1000

Then the design of the conical transition longitudinal-torsional ultrasonic horn is
started, and the model is shown in Figure 2.
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Figure 2. The conical transition of the longitudinal-torsional ultrasonic horn.

As shown in Figure 2, the overall structure of the conical transition longitudinal
vibration ultrasonic horn is composed of a large cylindrical section I, a conical transition
section II and a small cylindrical section III. The lengths and diameters of the three parts of
I, II and III are L1, L2, L3 and d1, d2, d3, respectively. The longitudinal vibration excitation
is input on the large cylindrical section I, and the whole structure resonates in the one-
dimensional longitudinal direction. The force and vibration velocity on all sections are
continuous, and the impedance transfer matrix method can be used to calculate the size
parameters of the horn [32].

The area function of each section can be expressed as:

S = S(x) (3)

The area function of I and III is expressed as S1 and S3, respectively. The area function
of conical transition section II, S2(x), can be expressed as:

S2(x)
S1

=
π
[

d2(x)
2

]2

π
(

d1
2

)2 =

[
d2(x)

d1

]2
(4)

S2(x) = S1 ·
[

d2(x)
d1

]2
(5)

From Figure 2, the diameter of the conical transition section II d2(x) can be expressed as:

d2(x) = d1 −
d1 − d3

L2
x (6)
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Substitute Equation (6) into Equation (5):

S2(x) = S1 ·
(

1− d1 − d3

d1L2
x
)2

(7)

Equation (7) can be simplified as follows:

N =

√
S1

S3
=

d1

d3
(8)

α =
d1 − d3

d1L2
=

N − 1
NL2

(9)

S2(x) = S1 · (1− αx)2 (10)

where α is the taper coefficient of the conical section and N is the area coefficient.
The transfer matrix expression of the longitudinal vibration of the horn is as fol-

lows [32]: [
F3
v3

]
=

[
a1

11 a1
12

a1
21 a1

22

][
a2

11 a2
12

a2
21 a2

22

][
a3

11 a3
12

a3
21 a3

22

][
F1
v1

]
= Z1Z2Z3

[
F1
v1

]
(11)

where Z1, Z2 and Z3 are the impedance transfer matrices of the three sections of the conical
transition longitudinal vibration horn, respectively. The elements in the above matrix are
as follows:

a1
11 = a1

22 =
ρclS1

j tan(kLL1)
(12)

a1
21 = a1

12 =
ρclS1

j sin(kLL1)
(13)

a2
12 = a2

21 =
ρcl
√

S1S2

j sin(kLL2)
(14)

a2
11 =

ρclS1

j tan(kLL2)
− ρclS1α

jkL
(15)

a2
22 =

ρclS2

j tan(kLL2)
+

ρclS2αN
jkL

(16)

a3
11 = a3

22 =
ρclS3

j tan(kLL3)
(17)

a3
12 = a3

21 =
ρclS3

j sin(kLL3)
(18)

where kl = ω/cl, kl is the circular wave number; ω is the circular frequency; cl = (E/ρ)1/2,
which is the longitudinal wave propagation velocity in the horn; ρ is the density of the
material; and E is the Young’s modulus.

According to matrix multiplication theory, Equation (11) can be further simplified
as follows: [

F3
v3

]
=

[
a∗11 a∗12
a∗21 a∗22

][
F1
v1

]
(19)

where a∗11, a∗12, a∗21 and a∗22 are the elements obtained by the product of the three impedance
transfer matrices of the horn, respectively. According to the boundary conditions of the
horn [33,34], the force on the free cross-section at both ends of system is 0, then F1 = F3 = 0,
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a∗12 = 0, and the longitudinal vibration frequency equation of the conical transition horn is
obtained as follows [32]:

tan(kLL3) =

[
k2

L + αNkL tan(kLL2)
]

tan(kLL1) +
(
k2

L + α2N
)

tan(kLL2) + (1− N)αkL

k2
L tan(kLL1) tan(kLL2) + αkL tan(kLL2)− 1

(20)

Further, the amplification factor of longitudinal vibration can be expressed as follows [32]:

ML =

∣∣∣∣∣∣
N
{

cos(kLL1) cos(kLL2)−
[
sin(kLL1) +

α
kL

cos(kLL3)
]

sin(kLL2)
}

cos(kLL3)

∣∣∣∣∣∣ (21)

From Equation (20), it can be seen that this equation is a transcendental equation set about the
geometric parameters of the horn shape and material characteristic parameters [35]. In general, it is
difficult to solve the numerical solution. However, in engineering applications, the material, area
coefficient, and working frequency of the composite horn are often pre-set. Therefore, the material
characteristic parameters such as sound velocity, density, elastic modulus, and Poisson’s ratio of
composite horn are determined. The material parameters of TC4 titanium alloy are shown in Table 2.

Table 2. The material parameters of TC4 titanium alloy.

Material Density
(kg/m−3)

Sound Velocity
(m/s)

Poisson
Ratio

Elastic Modulus
(Gpa)

TC4 titanium alloy 4510 6100 0.34 110

Due to the design requirements, it is necessary to match the existing 28 kHz transducer, and the
size of the grinding wheel has been determined to be d4 = 50 mm and L4 = 15 mm. The known size
parameters of the longitudinal-torsional composite ultrasonic horn and grinding wheel are shown in
Table 3.

Table 3. Determined horn size parameters.

Parameter d1 d3 d4 L4

mm 38 30 50 15

Therefore, there are only three unknowns left in the longitudinal ultrasonic frequency equations:
the length of the two cylindrical sections L1, L3 and the length of the conical section L2. In order to
obtain the accurate numerical solution of the transcendental equations, the length L1 of the large
cylindrical segment can be determined in advance.

According to traditional horn design theory, the flange is generally set at the zero point of the
vibration displacement of the horn, and the position is about 1/4 of the wavelength. According to the
material parameters, the full wavelength λ of the longitudinal wave can be calculated as:

λ =

√
E/ρ

f
= 176.38 mm (22)

It can be seen from Equation (22) that the vibration displacement zero point X0 is about 44.1 mm.
Due to the design and use requirements, the diameter of the flange is d5 = 70 mm, the length is
L5 = 8 mm, and the vibration displacement zero point X0 should be in the center of the flange, then
the length of the large cylindrical section I can be scheduled as follows:

L1 = X0 +
L5
2

= 48.1 mm (23)

Substituting all the above known parameters into Equations (20) and (21), L2 = 55.114 mm,
L3 = 41.078 mm, and the amplification factor ML = 1.26 is obtained.

According to the predetermined size parameters of the horn, the horn and the grinding wheel
are modeled by SolidWorks 2018 software and imported into the finite element analysis software
ANSYS 16.0. The path is added in a longitudinal direction, and the modal analysis result is shown
in Figure 3a. The vibration displacement zero point has a deviation, which is considered to be the
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influence of the applied tool head. As shown in Figure 3b, the zero point of vibration displacement
changes to 46.667 mm.
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Figure 3. The variation of zero point of vibration displacement after applying tool head; (a) The
modal analysis result; (b) The vibration displacement curve.

By slightly adjusting the size of each section and performing modal analysis, the vibration
mode is continuously optimized, and finally, a better vibration mode is obtained under the size of
L1 = 52 mm, L2 = 56 mm, and L3 = 37 mm. The modal analysis result of the longitudinal vibration
horn with tool head is shown in Figure 4. The resonance frequency is 27,759 Hz, which is 241 Hz less
than the theoretical design frequency of 28,000 Hz, and the error is 0.9%. According to Table 1, the
frequency error requirement is 5%. Therefore, the frequency error is within the allowable range and
meets the requirements.
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The size parameters of each section of the conical transition longitudinal vibration horn with
tool head are determined as shown in Table 4:

Table 4. The dimension parameters of the conical transition longitudinal vibration horn with tool head.

Parameter d1 d3 d4 L1 L2 L3 L4

mm 38 30 50 52 56 37 15

2.3. Design and Optimization of Spiral Groove
In the design process of the longitudinal-torsional ultrasonic vibration horn, the output torsional

vibration of the horn is realized through a spiral groove. Some literatures have explained the principle
of applying spiral grooves to achieve longitudinal-torsional vibration [21,36]. As shown in Figure 5,
the conical transition section can be regarded as composed of a cylindrical section at the bottom of the
groove with a radius of R2 and an outer spiral part. When the longitudinal ultrasonic vibration force
F is applied to the large cylindrical end of the horn and transmitted to the conical transition section,
part of the longitudinal ultrasonic vibration force F1 continues to be transmitted along the cylindrical
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section at the bottom of the groove. Due to the angle θ of the spiral groove in the outer layer, the
longitudinal ultrasonic vibration force is transmitted to the force F2 perpendicular to the spiral groove
surface, and F2 is further decomposed into the longitudinal force F2L and the torsional force F2T
along the spiral angle θ [37]. The longitudinal ultrasonic amplitude AL and the torsional ultrasonic
amplitude AT are output at the end of the small cylinder, so the single longitudinal ultrasonic
vibration is converted into longitudinal-torsional ultrasonic vibration through the spiral groove.
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According to the torsional vibration theory of ultrasonic vibration, the tangential component
F2T causes the system to produce torsional vibration. Hence. we can use the same method [37] to
deduce both the generated torque M and longitudinal-torsional mechanical conversion coefficient nT
as follows:

M =
∫ R1

R2

R · 90F2 sin θ

πR2 ϕ1 + πR2
2 ϕ2
· πRϕ1

45
dR = 2F2 sin θ

[
(R1 − R2)− R2

√
ϕ2
ϕ1

arctan
(

R1
R2
·
√

ϕ1
ϕ2

)
− arctan

√
ϕ1
ϕ2

]
(24)

nT =
M
F

=
2F2 sin θ

[
(R1 − R2)− R2

√
ϕ2
ϕ1

arctan
(

R1
R2
·
√

ϕ1
ϕ2

)
− arctan

√
ϕ1
ϕ2

]
F

(25)

It can be seen from Equation (25) that the longitudinal-torsional mechanical conversion coeffi-
cient nT is related to R1, R2, ϕ1, ϕ2, and θ. That is, it is related to the groove depth, the number of the
spiral grooves, the groove width, and the spiral angle. As shown in Figure 5, the width of the spiral
groove is Bg, the length is Lg, the number is N (generally N = 4), and the spiral angle is θ. Since the
conical section has a tilt angle, the depth of the spiral groove is not a fixed value, so the radius R2 of
the spiral groove bottom cylinder is used to characterize the depth of the spiral groove. The larger R2
is, the smaller the depth of spiral groove; the smaller R2 is, the greater the depth of the spiral groove.

When selecting the parameters of the spiral groove, the influence of the spiral groove on the
design frequency f and the torsional-longitudinal ratio i (i = AT/AL) is the main target. Relevant
studies have shown that, as the spiral angle θ of the spiral groove increases from small to large, i
increases first and then decreases, and the torsional-longitudinal ratio i reaches the maximum when
the spiral angle θ = 45◦. As the length of the spiral groove Lg increases, the torsional-longitudinal
ratio i increases [23,38]. Therefore, the number of the spiral grooves is N = 4, the spiral angle θ = 45◦,
and the length of the spiral groove Lg is as long as possible. The length of the conical section is
known to be L2 = 56 mm. Considering the actual machining operation and the presence of the tool
radius, a safety clearance of 6 mm is reserved and the length of the spiral groove is Lg = 50 mm.
From the relevant literature [21,23], it is found that the most commonly selected range of spiral
groove width is 4–8 mm. And, the depth of the spiral groove also has an effect on the frequency and
torsional-longitudinal ratio [21]. The maximum value of R2 is selected to be equal to the radius of
the small cylindrical section of 15 mm, and in order to make the conical transition section III have
sufficient strength, the minimum value of R2 is selected to be 12 mm. Hence, the value of R2 is
selected in the range of 12–15 mm. The parameter optimization of the width of the spiral groove, Bg,
and the radius of bottom cylinder of spiral groove, R2, is carried out using single factor simulation
analysis approach [39]. Parameters to be optimized are shown in Table 5.
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Table 5. Parameters to be optimized of spiral grooves.

Parameter Value

R2/mm 12 13 14 15

Bg/mm 4 5 6 7

The results of the ANSYS analysis are shown in Figure 6. In Figure 6a, with the increase in Bg,
the frequency f changes little; And, i decreases first and then increases and then decreases again and
reaches the maximum at Bg = 6 mm, so the spiral groove width Bg is determined to be 6 mm. Then,
the effects of different R2 on frequency f and torsional-longitudinal ratio i are analyzed. As shown
in Figure 6b, with the increase in R2, the frequency f also increases, and the torsion ratio i increases
first and then decreases, reaching the maximum when R2 = 13 mm. Therefore, the parameters of the
spiral groove are all determined, as shown in Table 6.
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Table 6. The parameters of spiral groove.

Parameter Value Unit

Bg 6 mm
Lg 50 mm
N 4 /
θ 45 ◦

R2 13 mm

3. Finite Element Analysis of Longitudinal-Torsional Composite Ultrasonic Horn with
Tool Head
3.1. Modal Analysis

All parameters of the conical transition longitudinal-torsional composite horn have been de-
termined. Because the flange plays a fixed role, SolidWorks 2018 software is used to establish the
model together with the horn, then imported into the finite element analysis software ANSYS 16.0 for
modal analysis. In the modal analysis setting, fixed constraints are applied to the flange in order to fit
the actual situation, and the modes are searched for a total of 30 orders. As shown in Figure 7, the
best vibration mode appears in the 19-order modal analysis.

As shown in Figure 7a, the resonance frequency is 28,273 Hz, with a difference of 273 Hz from
the theoretical design frequency of 28,000 Hz, the error is only 0.98%, which is less than 5% and meets
the design requirements. And, as shown in Figure 7b, the vibration vector arrows can be clearly seen
in the longitudinal and torsional directions. The grinding wheel has good longitudinal-torsional
compound vibration characteristics.
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Figure 7. The modal analysis results: (a) The modal analysis results at f = 28,273 Hz; (b) The vibration
vector arrows in the longitudinal and torsional directions of the horn.

3.2. Transient Dynamic Analysis
As shown in Figure 8, in order to analyze the vibration characteristics of the outer circle of

the grinding wheel, a point P on the outer circle of the grinding wheel is selected for transient
dynamic analysis. The longitudinal displacement excitation u(x) = A sin(2π f t) (where A = 1 µm,
f = 28,273 Hz) is applied to the large end of the horn. And, the vibrational displacement of particle P
on the grinding wheel in the X, Y and Z directions is the output. The transient dynamics analysis
takes 30 cycles, and each cycle is divided into 20 time periods. The analysis results are shown in
Figure 9.
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Figure 9. The transient dynamic analysis results: (a) The vibration displacement of particle P; (b) The
vibration displacement trajectory of particle P in space during one cycle.
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From the analysis results, the vibration displacement in the Z-axis direction is the longitudinal
vibration amplitude AL of particle P and the vibration displacement in the Y-axis direction is the
torsional vibration amplitude AT of particle P. From Figure 9a, the torsional-longitudinal ratio
i = AT/AL = 0.48. As shown in Figure 9b, the spatial vibration displacement trajectory of particle P in
one period is an approximate elliptic curve.

4. Vibration Performance Test
4.1. Impedance Analysis

In order to verify the results of the finite element simulation, the horn was processed according
to the above parameters. The impedance characteristic of the horn was measured by the impedance
analyzer PV70 (Beijing Band Era Co., Ltd., Beijing, China) shown in Figure 10. It can be seen that
the resonant frequency is 28,246 Hz, and the frequency error is 0.88% compared with the theoretical
design, which is less than the allowable error range of 5%. There is no parasitic circle in the admittance
circle, and the roundness is good. The conductance curve is normal, and the dynamic resistance
is only 54 Ω, indicating that the heat loss of the system is small. The mechanical quality factor of
the vibration system is 870, which indicates that the electro-acoustic conversion efficiency of the
ultrasonic vibrator of the system is high. According to Table 1, the above characteristics are within
the scope of design requirements, indicating that the size and structure of the designed horn are
reasonable.
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4.2. Amplitude Test
As shown in Figure 11a, the amplitude measurement device consisted of the laser displacement

sensor (LK-G10, KEYENCE, Osaka, Japan), an ultrasonic generator, and a computer. The laser
displacement sensor was used to focus a laser beam on the output end-face of the grinding wheel. In
order to simulate the fixed constraints of the flange during simulation and actual installation, a table
vice was used to clamp the flange for more accurate amplitude measurements. After the output of
the ultrasonic generator is stable, the amplitude test was carried out.
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The torsional ultrasonic amplitude test method was similar to the longitudinal ultrasonic
amplitude test method. However, the difference was that because the grinding wheel was circular,
the laser displacement sensor could not directly measure torsional ultrasonic amplitude. Therefore,
as shown in Figure 12a, four 90◦ small iron sheets were uniformly adhered to the circumferential
direction of the grinding wheel end-face by strong adhesive. After the small iron piece was tightly
bonded to the grinding wheel, the laser displacement sensor was used to irradiate the laser as close
as possible at the bonding place between the small iron piece and the outer circle of the grinding
wheel. Each 90◦ small iron sheet was measured separately.
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The measurement results of the longitudinal ultrasonic amplitude and torsional ultrasonic
amplitude are shown in Figures 11b and 12b, respectively. The measurement results show that the
value of the longitudinal amplitude is 2.5 µm, the value of the torsional amplitude is 1.1 µm, and the
torsional-longitudinal ratio i = 0.44.

5. Longitudinal-Torsional Ultrasonic Vibration Internal Grinding Experiment of
GCr15 Steel
5.1. Experimental Conditions

As shown in Figure 13, the longitudinal-torsional ultrasonic vibration internal grinding test of
GCr15 steel was carried out on a machine tool modified from a CD6140A lathe. The GSK980TDC
numerical control system control cabinet, a grinding wheel dresser, an X/Z axis grinding processing
platform, and the longitudinal-torsional ultrasonic horn were auxiliary configured. During the
machining process, the horn and the grinding wheel were driven by the grinding motorized spindle
to rotate at a high speed, and the precision chuck and the insulating jaw clamped the workpiece and
drove it to rotate. The X-axis servo motor drove the motion platform and the grinding motorized
spindle through the precision ball screw and the linear guide and realized the radial feed motion of
the grinding wheel. The Z-axis servo motor drove the workbench and motorized spindle to move
along the longitudinal direction through the precision ball screw, so as to realize the rapid positioning
of the grinding wheel. The machining shield was used to prevent the grinding fluid from splashing,
and the grinding fluid was collected into the grinding fluid tank through the reflux pipeline. The
grinding dresser was used to perform surface modification after the grinding wheel was worn during
the machining process to ensure the equal height of the abrasive grinds on the grinding wheel surface.
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5.2. Experimental Scheme
The conical transition longitudinal-torsional composite ultrasonic horn designed in this paper

was used in the experiment. The tool was a titanium alloy matrix and bronze bond CBN grinding
wheel, as shown in Figure 14a. The grinding wheel had a diameter of 50 mm, a width of 15 mm and
was 100# in grit size. The workpiece was a GCr15 steel bearing ring, as shown in Figure 14b, with
an inner diameter of 100 mm, an outer diameter of 110 mm, and a width of 40 mm. The material
properties of the workpiece are shown in Table 7.
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Figure 14. The grinding wheel and GCr15 steel workpiece: (a) Grinding wheel; (b) GCr15 steel
workpiece.

Table 7. The material properties of GCr15 steel.

Property Value Unit

Young’s modulus 208 Gpa
Hardness 60–65 HRC
Density 7.81 g/cm3

Poisson ratio 0.3 /

The experiment used longitudinal feed internal grinding. In order to obtain better surface
quality, the down-grinding method for the grinding wheel and workpiece was adopted. In order to
test the processing performance of the horn, the ultrasonic amplitude was used as single variable to
carry out single factor experiment. The experimental processing parameters are shown in Table 8.

Table 8. The parameters of grinding experiments.

Parameter Value Unit

Longitudinal ultrasound
amplitude AL

0, 0.8, 1.6, 2.4 µm

Torsional-longitudinal ratio i 0.44 /
Ultrasonic frequency f 28 kHz

Grinding wheel speed ns 6000 r/min
Workpiece speed nw 35 r/min
Grinding depth ap 10 µm

Longitudinal feed rate Vf 50 mm/min

After the experiment was completed, a white-light interference microscope (TALYSURF.CCI.6000
by Taylor Hobson Ltd., Leicester, UK) was used to observe the grinding surface morphology of the
workpiece and measure the surface roughness value. The effects of different ultrasonic amplitudes
on the grinding surface morphology and surface roughness were investigated to verify the vibration
machining performance of the horn.
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5.3. Experimental Results and Discussion
As shown in Figure 15, the grinding surface micromorphology of the workpiece was observed

with a white light interferometer under different longitudinal-torsional ultrasonic amplitudes, and
the surface roughness was measured.
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Figure 15. The micromorphology of the workpiece grinding surface under different ultrasonic
amplitudes.

It can be seen from Figure 15a that when AL = 0 µm, the height difference of the micro-surface
of the workpiece is 6.5 µm, and there are obvious gullies and bulges. The roughness curve fluc-



Micromachines 2023, 14, 2056 15 of 17

tuates greatly, and the mean surface roughness is large. As shown in Figure 15b–d, the surface
micromorphology gradually becomes flatter, with gullies and bulges of gradually decreasing ampli-
tude, while increasing the longitudinal ultrasonic amplitude to 0.8, 1.6 and 2.4 mm. The fluctuation
of the surface roughness curve is gradually gentle. The arithmetic mean of surface profile height
decreases gradually.

As shown in Figure 16, as the longitudinal ultrasonic amplitude AL increases from 0 µm to
2.4 µm, the surface roughness Ra decreases from 0.383 µm to 0.237 µm, with a decrease of 38.1%, and
Sa decreases from 0.488 µm to 0.308 µm, with a decrease of 36.9%.
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Figure 16. The effects of different amplitudes on grinding surface roughness.

In summary, the grinding surface roughness after applying longitudinal-torsional ultrasonic
vibration is significantly less than that of ordinary grinding, and the surface quality is greatly
improved. This is because the application of longitudinal-torsional ultrasonic vibration changes the
trajectory of abrasive grits and increases the contact arc length between a single abrasive grit and the
workpiece [40]. Moreover, due to the mutual interference of different abrasive grits on the surface of
the workpiece, the residual height of the surface material of the workpiece is further removed, so
that the surface roughness is greatly reduced. With the increase in ultrasonic amplitude in a certain
range, the contact arc length between the abrasive particle and the workpiece increases, the vibration
displacement of the abrasive particle increases, the average chip thickness decreases, the coincidence
rate of the trajectory between the abrasive particles increases, and the surface consistency is improved.
The surface quality is gradually improved. These results are similar to those previously reported in
the literature [2,41].

6. Conclusions
In this paper, the conical transition longitudinal-torsional ultrasonic horn for grinding was

designed and optimized by combining transfer matrix theory and finite element simulation. The vi-
bration performance test and the grinding experiment were carried out. Finally, the main conclusions
of this study can be summarized as follows:

(1) Based on the transfer matrix theory and ANSYS finite element simulation analysis, the
longitudinal-torsional composite ultrasonic conical transition horn was designed and optimized. The
modal analysis and transient dynamic analysis were carried out. And, the analysis results showed
that the designed horn had better vibration characteristics.

(2) The impedance analysis results showed that the resonant frequency f was 28,246 Hz and the
error was 0.88% compared to the theoretical design frequency. The amplitude test results showed
that the maximum amplitude of the grinding wheel (d4 = 50 mm, L4 = 15 mm) was 2.5 µm of AL and
1.1 µm of AT. The torsional-longitudinal ratio i was 0.44.

(3) The longitudinal-torsional ultrasonic vibration internal grinding experiment of GCr15 results
showed that the surface roughness of the workpiece decreased with the increase in amplitude.
Compared with ordinary grinding, the surface roughness of the longitudinal-torsional ultrasonic
grinding workpiece was reduced by a maximum of 38.1%. The experiment verifies the correctness of
the theory and simulation and proves the great processing performance of the horn.



Micromachines 2023, 14, 2056 16 of 17

Author Contributions: Conceptualization, H.Z. and F.J.; methodology, H.Z., Y.N., C.L., Z.Z. and
J.T.; investigation, H.Z., C.L. and Z.Z.; validation, H.Z., Y.N., C.L. and J.T.; resources, H.Z. and
F.J.; writing—original draft preparation, H.Z. and Y.N.; writing—review and editing, H.Z. and F.J.;
visualization, C.L. and Z.Z.; supervision, F.J.; project administration, F.J.; funding acquisition, F.J. All
authors have read and agreed to the published version of the manuscript.

Funding: This research was funded by the National Natural Science Foundation of China, grant num-
ber (52175399) and the Fundamental Research Funds for the Universities of Henan Province, grant
number (NSFRF200102) and Key Subject of Mechanical Engineering of Henan Polytechnic University.

Data Availability Statement: Not applicable.

Conflicts of Interest: All authors declare no conflict of interest.

References
1. Dambatta, Y.S.; Sarhan, A.A.D.; Sayuti, M.; Hamdi, M. Ultrasonic Assisted Grinding of Advanced Materials for Biomedical and

Aerospace Applications—A Review. Int. J. Adv. Manuf. Technol. 2017, 92, 3825–3858. [CrossRef]
2. Sun, G.; Shi, F.; Ma, Z. Effects of Axial Ultrasonic Vibration on Grinding Quality in Peripheral Grinding and End Grinding of

ULE. Int. J. Adv. Manuf. Technol. 2020, 109, 2285–2298. [CrossRef]
3. Jagadish; Ray, A. Design and Performance Analysis of Ultrasonic Horn with a Longitudinally Changing Rectangular Cross

Section for USM Using Finite Element Analysis. J. Braz. Soc. Mech. Sci. Eng. 2018, 40, 359. [CrossRef]
4. Niu, Y.; Jiao, F.; Zhao, B.; Wang, D. Multiobjective Optimization of Processing Parameters in Longitudinal-Torsion Ultrasonic

Assisted Milling of Ti-6Al-4V. Int. J. Adv. Manuf. Technol. 2017, 93, 4345–4356. [CrossRef]
5. Yang, C.; Shan, X.; Xie, T. Titanium Wire Drawing with Longitudinal-Torsional Composite Ultrasonic Vibration. Int. J. Adv. Manuf.

Technol. 2016, 83, 645–655. [CrossRef]
6. Lin, S. Study on the Langevin Piezoelectric Ceramic Ultrasonic Transducer of Longitudinal–Flexural Composite Vibrational

Mode. Ultrasonics 2006, 44, 109–114. [CrossRef]
7. Zhou, G.; Zhang, Y.; Zhang, B. The Complex-Mode Vibration of Ultrasonic Vibration Systems. Ultrasonics 2002, 40, 907–911.

[CrossRef]
8. Choi, Y.-J.; Park, K.-H.; Hong, Y.-H.; Kim, K.-T.; Lee, S.-W.; Choi, H.-Z. Effect of Ultrasonic Vibration in Grinding; Horn Design

and Experiment. Int. J. Precis. Eng. Manuf. 2013, 14, 1873–1879. [CrossRef]
9. Chen, T.; Liu, S.; Liu, W.; Wu, C. Study on a Longitudinal–Torsional Ultrasonic Vibration System with Diagonal Slits. Adv. Mech.

Eng. 2017, 9, 168781401770634. [CrossRef]
10. Li, H.; Chen, T.; Song, H.; Wang, Q.; Ye, J. Design and Experimental Study of Longitudinal-Torsional Ultrasonic Transducer with

Helical Slots Considering the Stiffness Variation. Int. J. Adv. Manuf. Technol. 2021, 114, 3093–3107. [CrossRef]
11. Pang, Y.; Feng, P.; Zhang, J.; Ma, Y.; Zhang, Q. Frequency Coupling Design of Ultrasonic Horn with Spiral Slots and Performance

Analysis of Longitudinal-Torsional Machining Characteristics. Int. J. Adv. Manuf. Technol. 2020, 106, 4093–4103. [CrossRef]
12. Chen, Y.; Su, H.; He, J.; Qian, N.; Gu, J.; Xu, J.; Ding, K. The Effect of Torsional Vibration in Longitudinal–Torsional Coupled

Ultrasonic Vibration-Assisted Grinding of Silicon Carbide Ceramics. Materials 2021, 14, 688. [CrossRef] [PubMed]
13. Feng, H.; Xiang, D.; Wu, B.; Zhao, B. Ultrasonic Vibration-Assisted Grinding of Blind Holes and Internal Threads in Cemented

Carbides. Int. J. Adv. Manuf. Technol. 2019, 104, 1357–1367. [CrossRef]
14. Liu, J.; Liu, Z.; Yan, Y.; Wang, X. Study on the CBN Wheel Wear Mechanism of Longitudinal-Torsional Ultrasonic-Assisted

Grinding Applied to TC4 Titanium Alloy. Micromachines 2022, 13, 1480. [CrossRef] [PubMed]
15. Liu, S.; Shan, X.; Cao, W.; Yang, Y.; Xie, T. A Longitudinal-Torsional Composite Ultrasonic Vibrator with Thread Grooves. Ceram.

Int. 2017, 43, S214–S220. [CrossRef]
16. Zhou, G.; Li, M. A Study on Ultrasonic Solid Horns for Flexural Mode. J. Acoust. Soc. Am. 2000, 107, 1358–1362. [CrossRef]

[PubMed]
17. Hornišová, K.; Billik, P. Some Properties of Horn Equation Model of Ultrasonic System Vibration and of Transfer Matrix and

Equivalent Circuit Methods of Its Solution. Ultrasonics 2014, 54, 330–342. [CrossRef]
18. Satpathy, M.P.; Sahoo, S.K. Experimental and Numerical Studies on Ultrasonic Welding of Dissimilar Metals. Int. J. Adv. Manuf.

Technol. 2017, 93, 2531–2545. [CrossRef]
19. Asami, T.; Miura, H. Longitudinal–Torsional Vibration Source Consisting of Two Transducers with Different Vibration Modes.

Jpn. J. Appl. Phys. 2016, 55, 07KE08. [CrossRef]
20. Bai, D.; Quan, Q.; Wang, Y.; Tang, D.; Deng, Z. A Longitudinal & Longitudinal-Torsional Vibration Actuator for Rotary-Percussive

Ultrasonic Planetary Drills. Adv. Space Res. 2019, 63, 1065–1072. [CrossRef]
21. Zhao, B.; Bie, W.; Wang, X.; Chen, F.; Chang, B. Design and Experimental Investigation on Longitudinal-Torsional Composite

Horn Considering the Incident Angle of Ultrasonic Wave. Int. J. Adv. Manuf. Technol. 2019, 105, 325–341. [CrossRef]
22. Zhong, X.; Zhang, B.; Huang, W.; Di, Z.; Fang, H. Design and Experiment Study of Ultrasonic Longitudinal-Torsional Compound

Consolidation Vibration System for Metal Foil. Shock. Vib. 2020, 2020, 8841070. [CrossRef]

https://doi.org/10.1007/s00170-017-0316-z
https://doi.org/10.1007/s00170-020-05761-5
https://doi.org/10.1007/s40430-018-1281-7
https://doi.org/10.1007/s00170-017-0871-3
https://doi.org/10.1007/s00170-015-7540-1
https://doi.org/10.1016/j.ultras.2005.09.002
https://doi.org/10.1016/S0041-624X(02)00224-X
https://doi.org/10.1007/s12541-013-0253-1
https://doi.org/10.1177/1687814017706341
https://doi.org/10.1007/s00170-021-06802-3
https://doi.org/10.1007/s00170-019-04898-2
https://doi.org/10.3390/ma14030688
https://www.ncbi.nlm.nih.gov/pubmed/33540745
https://doi.org/10.1007/s00170-019-04024-2
https://doi.org/10.3390/mi13091480
https://www.ncbi.nlm.nih.gov/pubmed/36144103
https://doi.org/10.1016/j.ceramint.2017.05.305
https://doi.org/10.1121/1.428423
https://www.ncbi.nlm.nih.gov/pubmed/10738790
https://doi.org/10.1016/j.ultras.2013.05.003
https://doi.org/10.1007/s00170-017-0694-2
https://doi.org/10.7567/JJAP.55.07KE08
https://doi.org/10.1016/j.asr.2018.09.037
https://doi.org/10.1007/s00170-019-04220-0
https://doi.org/10.1155/2020/8841070


Micromachines 2023, 14, 2056 17 of 17

23. Li, C.; Jiao, F.; Ma, X.; Tong, J.; Niu, Y. Modeling and Optimization of Longitudinal-Torsional Vibration Horn with the Large Tool
Head. Appl. Acoust. 2022, 197, 108902. [CrossRef]

24. Seah, K.H.W.; Wong, Y.S.; Lee, L.C. Design of Tool Holders for Ultrasonic Machining Using FEM. J. Mater. Process. Technol. 1993,
37, 801–816. [CrossRef]

25. Zhang, C.; Zhao, B.; Niu, Y. Design, Simulation, and Adjustment of the Longitudinal–Torsional Composite Integrated Ultrasonic
Variable Amplitude System. Adv. Mech. Eng. 2018, 10, 168781401880473. [CrossRef]

26. Ye, Z.; Wen, X.; Wan, W.; Liu, F.; Bai, W.; Xu, C.; Chen, H.; Gong, P.; Han, G. Precision Grinding Technology of Silicon Carbide
(SiC) Ceramics by Longitudinal Torsional Ultrasonic Vibrations. Materials 2023, 16, 5572. [CrossRef]

27. Zhao, B.; Wu, Y.; Liu, C.S.; Gao, A.H.; Zhu, X.S. The Study on Ductile Removal Mechanisms of Ultrasonic Vibration Grinding
Nano-ZrO2 Ceramics. Key Eng. Mater. 2006, 304–305, 171–175. [CrossRef]

28. Koizumi, H.; Takeuchi, Y.; Imai, H.; Kawai, T.; Yoneyama, T. Application of Titanium and Titanium Alloys to Fixed Dental
Prostheses. J. Prosthodont. Res. 2019, 63, 266–270. [CrossRef]

29. Qiao, G.; Cheng, Z.; Zheng, W.; Yi, S.; Zhang, F. Grinding Force Model for Longitudinal-Torsional Ultrasonic-Assisted Face
Grinding of Ceramic Matrix Composites. Int. J. Adv. Manuf. Technol. 2022, 120, 7721–7733. [CrossRef]

30. Shekhani, H.N.; Uchino, K. Evaluation of the Mechanical Quality Factor under High Power Conditions in Piezoelectric Ceramics
from Electrical Power. J. Eur. Ceram. Soc. 2015, 35, 541–544. [CrossRef]

31. DeAngelis, D.A. Predicting the Displacement Gain from the Mechanical Quality Factor in Ultrasonic Transducers. Phys. Procedia
2016, 87, 2–9. [CrossRef]

32. Zhou, G. The Performance and Design of Ultrasonic Vibration System for Flexural Mode. Ultrasonics 2000, 38, 979–984. [CrossRef]
[PubMed]

33. Amin, S.G.; Ahmed, M.H.M.; Youssef, H.A. Computer-Aided Design of Acoustic Horns for Ultrasonic Machining Using
Finite-Element Analysis. J. Mater. Process. Technol. 1995, 55, 254–260. [CrossRef]

34. Shu, K.M.; Wang, Y.J.; Yen, H.S. On the Design and Analysis of Acoustic Horns for Ultrasonic Welding Teflon Encapsulated
O-Ring. Adv. Mater. Res. 2013, 753–755, 402–406. [CrossRef]

35. Ling, H.; Luo, E.; Dai, W. A Numerical Simulation Method and Analysis of a Complete Thermoacoustic-Stirling Engine. Ultrasonics
2006, 44, e1511–e1514. [CrossRef] [PubMed]

36. Tsujino, J.; Ueoka, T.; Otoda, K.; Fujimi, A. One-Dimensional Longitudinal–Torsional Vibration Converter with Multiple
Diagonally Slitted Parts. Ultrasonics 2000, 38, 72–76. [CrossRef]

37. Al-Budairi, H.; Lucas, M.; Harkness, P. A Design Approach for Longitudinal–Torsional Ultrasonic Transducers. Sens. Actuators A
Phys. 2013, 198, 99–106. [CrossRef]

38. Zhang, M.; Ma, Z.; Wang, X.; Meng, T.; Li, X. Design of Longitudinal–Torsional Transducer and Directivity Analysis during
Ultrasonic Vibration-Assisted Milling of Honeycomb Aramid Material. Micromachines 2022, 13, 2154. [CrossRef] [PubMed]

39. Vivekananda, K.; Arka, G.N.; Sahoo, S.K. Design and Analysis of Ultrasonic Vibratory Tool (UVT) Using FEM, and Experimental
Study on Ultrasonic Vibration-Assisted Turning (UAT). Procedia Eng. 2014, 97, 1178–1186. [CrossRef]

40. Zheng, K.; Li, Z.; Liao, W.; Xiao, X. Friction and Wear Performance on Ultrasonic Vibration Assisted Grinding Dental Zirconia
Ceramics against Natural Tooth. J. Braz. Soc. Mech. Sci. Eng. 2017, 39, 833–843. [CrossRef]

41. Liang, Z.Q.; Wang, X.B.; Wu, Y.B.; Zhao, W.X. Elliptical Ultrasonic Assisted Grinding (EUAG) of Monocrystal Sapphire—Surface
Formation Characteristics. Adv. Mater. Res. 2010, 126–128, 367–372. [CrossRef]

Disclaimer/Publisher’s Note: The statements, opinions and data contained in all publications are solely those of the individual
author(s) and contributor(s) and not of MDPI and/or the editor(s). MDPI and/or the editor(s) disclaim responsibility for any injury to
people or property resulting from any ideas, methods, instructions or products referred to in the content.

https://doi.org/10.1016/j.apacoust.2022.108902
https://doi.org/10.1016/0924-0136(93)90138-V
https://doi.org/10.1177/1687814018804739
https://doi.org/10.3390/ma16165572
https://doi.org/10.4028/www.scientific.net/KEM.304-305.171
https://doi.org/10.1016/j.jpor.2019.04.011
https://doi.org/10.1007/s00170-022-09174-4
https://doi.org/10.1016/j.jeurceramsoc.2014.08.038
https://doi.org/10.1016/j.phpro.2016.12.002
https://doi.org/10.1016/S0041-624X(00)00034-2
https://www.ncbi.nlm.nih.gov/pubmed/11106010
https://doi.org/10.1016/0924-0136(95)02015-2
https://doi.org/10.4028/www.scientific.net/AMR.753-755.402
https://doi.org/10.1016/j.ultras.2006.08.007
https://www.ncbi.nlm.nih.gov/pubmed/16996099
https://doi.org/10.1016/S0041-624X(99)00175-4
https://doi.org/10.1016/j.sna.2013.04.024
https://doi.org/10.3390/mi13122154
https://www.ncbi.nlm.nih.gov/pubmed/36557453
https://doi.org/10.1016/j.proeng.2014.12.396
https://doi.org/10.1007/s40430-016-0531-9
https://doi.org/10.4028/www.scientific.net/AMR.126-128.367

	Introduction 
	Design of Conical Transition Longitudinal-Torsional Composite Ultrasonic Horn 
	The Principle of Longitudinal-Torsional Ultrasonic Vibration Internal Grinding 
	Design and Optimization of the Longitudinal Vibration Ultrasonic Horn 
	Design and Optimization of Spiral Groove 

	Finite Element Analysis of Longitudinal-Torsional Composite Ultrasonic Horn with Tool Head 
	Modal Analysis 
	Transient Dynamic Analysis 

	Vibration Performance Test 
	Impedance Analysis 
	Amplitude Test 

	Longitudinal-Torsional Ultrasonic Vibration Internal Grinding Experiment of GCr15 Steel 
	Experimental Conditions 
	Experimental Scheme 
	Experimental Results and Discussion 

	Conclusions 
	References

