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Abstract: Arrays of coupled nanoelectromechanical resonators are a promising foundation for im-
plementing large-scale network applications, such as mechanical-based information processing and
computing, but their practical realization remains an outstanding challenge. In this work, we demon-
strate a scalable platform of suspended graphene resonators, such that neighboring resonators are
persistently coupled mechanically. We provide evidence of strong coupling between neighboring
resonators using two different tuning methods. Additionally, we provide evidence of inter-resonator
coupling of higher-order modes, demonstrating the rich dynamics that can be accessed with this
platform. Our results establish this platform as a viable option for realizing large-scale programmable
networks, enabling applications such as phononic circuits, tunable waveguides, and reconfigurable
metamaterials.
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1. Introduction

Networks of coupled NEMS resonators have attracted recent attention for the promise
of mechanical computing [1–3] applications and for the study of fundamental physics,
including metamaterial [4–7] and collective dynamics [8,9]. To continue to scale the size and
prospects of coupled NEMS resonator networks, we need to develop robust platforms that
host strong coupling and are scalable in size and tunability. Suspended graphene resonators
offer many properties [10,11] that could be essential for achieving large 2D tunable arrays [12],
such as intrinsic nonlinearities [13] that enable network dynamics [6,14–16] and multiple
forms of energy transduction [17] for tuning options [18,19]. Persistent phototuning [19] has
also recently been demonstrated, opening the possibility for scalable tuning of large-scale
graphene networks.

Many coupling schemes have been established to host tunable strong coupling be-
tween resonators by means of parametric [20,21] and electromechanical [22,23] coupling.
However, these methods are limited in scalability because they are not persistent and often
require individually addressing each resonator, which limits the dimension of scalability
in these platforms. One coupling means that is persistent and scalable in 2D is direct
mechanical strain coupling though a shared clamping point [24–26], bridge [9], or sub-
strate [22]. Mechanical strain coupling has been demonstrated between spatially distinct
graphene nanoribbons [27,28] but has been limited to a 1D linear chain. However, direct
strain coupling has been utilized to construct a 2D network of coupled pillars [29], hinting
that strain coupling may enable other material platforms to scale in 2D as well.
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In this work, we present a 2D platform [16] that hosts persistent strain coupling be-
tween suspended graphene resonators. We show evidence of strong coupling between two
and three resonators of varying sizes and locations, establishing the viability of the platform
for diverse array-based resonator applications. Additionally, this platform accommodates
rich dynamics with inter-resonator coupling of higher-order modes, which we observed
between the second-order mode of a driven resonator and the fundamental mode of its
neighbor. With this platform, we establish a means in which the unique properties of 2D
suspended graphene resonators can be accessed to enable a broad range of large-scale
network applications.

2. Materials and Methods

To optimize the strain coupling between neighboring suspended graphene resonators,
we designed a pillar array substrate [16,30–32] as the base structure for the network. The
shared membrane between pillars would provide a mechanism for mechanical strain cou-
pling between spatially distinct resonators. We selected pillar parameters that would lead
to strong coupling by using finite element analysis (FEA) to determine the eigenfrequencies
of the symmetric (Figure 1a) and antisymmetric (Figure 1b) modes of resonator pairs. We
fabricated the platform by patterning Si/SiO2 substrates with pillar arrays and using a wet
transfer method to suspend the graphene. Throughout the arrays, we intermittently omit-
ted specific pillars to create resonators of different sizes and resonator pairs; see Figure 1c.
We were able to suspend the transferred graphene almost fully on the denser arrays, as in
Figure 1c. However, the suspension yield varied across the sample (see Appendix A for
additional FEA and fabrication details).
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Figure 1. FEA simulations of (a) symmetric and (b) antisymmetric coupled resonator modes for pillar
radius of 0.5 µm and pitch of 3 µm; (c) SEM of suspended graphene resonators with pillar pitch of
1 µm and radius of 0.25 µm. Scale bar is 10 µm.

In this work, we used an optical drive/probe method to thermally drive and measure
the out-of-plane motion of the resonators. We use two methods of tuning to demonstrate
the versatility of this platform. Our first tuning method was to thermally tension the
driven resonator only by applying a power offset to the modulated drive laser. Our second
tuning method was to electrically tension all resonators on the sample by applying a
bias between the graphene and the Si substrate [17]. Our optical apparatus also enabled
scanning interference microscopy [33] (SIM) with fast scanning mirrors to raster the probe
and collect spatial images of local areas of amplitude and phase (see Appendix A for
additional details).
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3. Results

We first employed our thermal-tensioning tuning method to modulate the coupling
strength between two neighboring resonators. With the drive and probe lasers aligned
over the region highlighted as R1 in Figure 2a, we probed for coupling by measuring a
spectrograph of the amplitude, shown in Figure 2c. In the resulting spectrograph, we
observed an avoided crossing of a lower frequency mode, ω−, and a higher frequency
mode, ω+, at a power offset of 2.8 V, implying the presence of coupling.
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Figure 2. (a) SEM image of two neighboring coupled resonators, R1 and R2. Scale bar is 6 µm; (b) Dot
array rotated at the same angle as SIM images. R1 labeled with blue shading and R2 labeled with
maroon shading. Avoided crossing with R1 driven for (c) amplitude of R1 and (d) amplitude of R2.
SIM images of (e) amplitude and (f) phase for R1 driven at ω−/2π = 15.45 MHz. SIM images of
(g) amplitude and (h) phase for R1 driven at ω+/2π = 16.21 MHz. All SIM scale bars are 5 µm.

To confirm that the coupling was mechanical and to locate the coupled neighboring
resonators, we took SIM images at both ω− and ω+ with a drive power near the avoided
crossing minimum to optimize each amplitude. For SIM measurements, we drove at a
frequency slightly off resonance to avoid large heating fluctuations in amplitude and phase.
The sample angle in the SIM images is depicted in Figure 2b. To compare the amplitude
and phase of each active resonator, we analyzed a line cut of each SIM image through
the center of each resonator. All reported uncertainty is calculated standard error from
these linecuts. In the ω− mode, we observed two distinct amplitude peaks, Figure 2e, that
corresponded to the locations of R1 and R2, highlighted in Figure 2a. These two regions
oscillated near in phase (R1 = 1.47± 0.03 rad and R2 = 1.00± 0.04 rad); Figure 2f, which is
expected for the lower frequency mode of two coupled resonators, with slight differences
likely due to heating fluctuations from scanning the probe laser. In the ω+ mode, we
again observed two distinct amplitude peaks, Figure 2g, which corresponded to the same
R1 and R2 locations. The two regions oscillated ∼ π out of phase (R1 = 2.47± 0.03 rad
and R2 = −0.51± 0.03 rad), Figure 2h, as expected for the higher frequency mode of two
coupled resonators.

To verify the coupling between R1 and R2, we obtained a spectrograph of R2 by using
the SIM image to reposition the probe laser over R2, while leaving the drive laser stationary
to drive R1. In the resulting spectrograph, shown in Figure 2d, we again observed a lower
and higher frequency mode that did not cross, with a minimum mode separation occurring
at 2.9 V. This frequency was slightly higher than that for the R1 resonator, which may be
due to heating and cooling effects associated with repositioning the probe laser. We also
note that the avoided crossing curve shapes and amplitudes were less typical than observed
in the R1 spectrograph, which may also be due to the probe repositioning. From the SIM
spatial maps and the correlated avoided crossing curves, we conclude that the R1 and R2
resonators are coupled.
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To determine the coupling strength, we calculated the minimum mode separation
between ω− and ω+ as

g = ω+ −ω− = ∆ω

Based on the R1 avoided crossing spectrograph (Figure 2c), the coupling strength was
g/2π ≈ 400 kHz. Because this coupling strength exceeded the linewidths of the two modes
(∼ 150 kHz), this resonator pair was strongly coupled.

We then used our electrical tuning method to characterize the coupling between an
additional set of two resonators. We first positioned the drive and probe laser over R1,
highlighted in Figure 3a, and probed for coupling by measuring an amplitude spectrograph.
In the resulting spectrograph, shown in Figure 3c, we observed an avoided crossing of
two modes, ω− and ω+, at 6.4 V, implying that R1 was strongly coupled to at least one
neighboring resonator. In this avoided crossing, we also observed applied bias ranges in
which each mode tuned very little. This behavior is likely evidence of phototuning [19], or
a change in the charge neutrality point of the suspended graphene due to a redistribution
of charge [34].
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are 5 µm.

To map the configuration of resonators coupled to R1, we took SIM images at ω−
and ω+ with zero applied voltage and an orientation as depicted in Figure 3b. In the
ω− mode, we observed two distinct amplitude peaks, Figure 3e, that corresponded to
the regions, highlighted as R1 and R2 in Figure 3a,b. These two regions differed signifi-
cantly in size (AreaR1 ≈ 4×AreaR2). Because the frequency of the fundamental mode is
inversely proportional to the width of the square membrane, it is possible that additional
tensioning from the drive laser on R1 aligned the two individual resonance frequencies,
resulting in the coupling of R1 and R2. In the ω− mode, R1 and R2 oscillated near in phase
(R1 = 1.79± 0.07 rad and R2 = 2.26± 0.02 rad); Figure 3f. In the ω+ mode, we observed
two distinct regions of amplitude, Figure 3g, that corresponded to the same R1 and R2
regions and oscillated ∼ π out of phase (R1 = 1.53± 0.05 rad and R2 = −1.82± 0.04 rad);
Figure 3h.

We confirmed the coupling between R1 and R2 by measuring a spectrograph of R2,
Figure 3d, which revealed an avoided crossing between 6.4 V and 7.0 V. Based on the R1
avoided crossing curve, we calculated the coupling strength between R1 and R2 to be
g/2π ≈ 200 kHz. Considering estimated linewidths of ∼ 120 MHz at the avoided crossing
minimum, we conclude this resonator pair was strongly coupled.
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Our pillar platform offers a high potential for 2D scalability, which we observed in the
coupling between three adjacent resonators. We measured this coupling by aligning the
drive and probe lasers over R2, highlighted in Figure 4a, and sweeping the drive frequency
to locate resonance. In the resulting amplitude curve, shown in Figure 4c (middle), we
observed two closely spaced but distinct peaks.
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Figure 4. (a) SEM image of three coupled resonators, R1, R2, and R3. Scale bar is 5 µm; (b) Dot array
rotated at the same angle as SIM images. R1 labeled with blue shading and R2 labeled with maroon
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To determine if these two peaks signified hybridized modes, we took SIM spatial
images at ω− and ω+ and with the orientation depicted in Figure 4b. In the ω− mode, we
observed three distinct amplitude peaks, Figure 4d, that all oscillated nearly in phase as
seen in Figure 4e (R1 = 0.23± 0.13 rad, R2 = 0.20± 0.03 rad, and R3 = 0.41± 0.04 rad),
implying coupling between a total of three resonators. Again, the observed oscillating
regions, highlighted in Figure 4a,b, differed in size with the largest resonator, R2, subject
to additional tensioning from the applied drive laser. In the ω+ mode, we again observed
three distinct amplitude peaks, Figure 4f, in the same R1, R2, and R3 regions as ω−. In this
mode, the two neighboring resonators, R1 and R3, oscillated out of phase with the driven
R2 resonator (R1 = −0.23± 0.17 rad, R2 = 2.08± 0.02 rad, and R3 = −0.62± 0.18 rad),
Figure 4g. Although we may expect that three strongly coupled resonators will exhibit
three hybridized modes, when driving the middle resonator, it is possible that only two
modes can be resolved (see Appendix B).

To confirm this coupling, we measured an amplitude spectrum of R1, shown in
Figure 4c (upper), and R3, shown in Figure 4c (lower). In all three amplitude spectra, we
observe two peaks at about the same ω− and ω+ frequencies. We therefore conclude that
this cluster of three resonators—R1, R2, and R3—are weakly to strongly coupled.

Our pillar platform offers unique 2D coupling dynamics between resonators including
the inter-resonator coupling of higher-order modes. We detected higher-order mode
coupling by measuring the amplitude spectrum of R1, highlighted in Figure 5a. In the
spectrum, Figure 5c (upper), we measured a single peak ω0, close to 14 MHz, and two
closely paced peaks, ω− and ω+, near 17 MHz, implying that coupling may occur at a
higher-order mode of R1.
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Figure 5. (a) SEM image of two coupled resonators, R1 and R2. Scale bar is 4.5 µm, (b) Dot array
rotated at the same angle as SIM images. R1 labeled with blue shading and blue solid line to represent
higher-order mode boundary. R2 labeled with maroon shading. (c) amplitude spectrum of R1
plotted with blue data points (upper) and amplitude of R2 plotted with maroon data points (lower).
Amplitude peaks labeled as ω0, ω−, and ω+ in R1 spectrum. SIM images of (d) amplitude and
(e) phase with R1 driven at ω0/2π = 13.85 MHz. SIM images of (f) amplitude and (g) phase with
R1 driven at ω−/2π = 16.74 MHz. SIM images of (h) amplitude and (i) phase with R1 driven at
ω+/2π = 16.97 MHz. All SIM scale bars are 8 µm.

To further investigate this coupling, we took SIM images at drive frequencies of ω0,
ω−, and ω+. Figure 5b depicts the angle of SIM imaging, which we also overlay on the SIM
amplitude images, Figure 5d,f,h. In the ω0 mode, Figure 5d,e, we observed a region of high
amplitude (∼ 10−4 V) with near constant phase, corresponding to the R1 region highlighted
in Figure 5a,b. We interpret this mode to be the fundamental mode of R1. In the ω− mode,
we observed three distinct regions of amplitude, Figure 5f. Two of the peak amplitude
regions occurred within R1, with mode boundary drawn as a solid line through the R1
resonator in Figure 5b. The phase between the two amplitude peaks within the R1 region,
Figure 5g, differed by∼ π (upper half = 0.30± 0.10 rad and lower half = −2.46± 0.07 rad),
as expected for the second-order mode of a 2D graphene drumhead resonator [33]. The
third amplitude peak corresponded to the region highlighted as R2 in Figure 5a,b. R2
oscillated near in phase with the upper half of the R1 resonator (R2 = 0.45± 0.38 rad),
Figure 5g. This phase pattern creates the least amount of curvature in the membrane for
the case of coupling a fundamental mode to a second-order mode and is therefore expected
to correspond to the lower energy state.

In the ω+ mode, we again observed three distinct amplitude peaks: Figure 5h. In this
mode, R2 oscillated out of phase with the upper half of the R1 resonator and near in phase
with the lower half (R2 = 1.96± 0.37 rad, upper half of R1 = −0.93± 0.07 rad, and lower
half of R1 = 2.49± 0.18 rad); Figure 5i. This phase pattern creates more curvature in the
membrane and is therefore expected to result in a higher energy state. Higher-order mode
coupling between these two resonators may be possible due to the differing sizes of R1
and R2.

To confirm this coupling, we measured an amplitude spectrum of R2, shown in
Figure 5c (lower). In this spectrum, we observed a small peak (∼ 4× 10−5 V) near the
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fundamental mode of R1 and two much larger peaks (∼ 9× 10−4 V) around ω− and ω+,
with slight shifts due to heating. Due to the amplitude difference, and the homogeneous
phase behavior of R2 observed in both the ω− and ω+ modes, we expect that the small peak
near the fundamental mode of R1 does not correspond to a resonance of R2. We therefore
conclude that the mode splitting observed around 17 MHz is due to coupling between the
second-order mode of the driven resonator R1 and the fundamental mode of R2.

4. Discussion

We have demonstrated the tunability of our resonator platform by tensioning the res-
onators both thermally and electrically to collect avoided crossing spectrograph. Thermally
driving the resonators often led to coupling between resonators asymmetric in size, which
may be advantageous for tuning neighboring resonators at different rates under a univer-
sally applied back gate. This platform also has the potential for scalable phototuning [19],
which would enable persistent and individual tensioning of suspended graphene regions
without the need for individual back gates. Additionally, if the shared membrane between
neighboring resonators were to be tensioned with any of the discussed methods, it may be
possible to tune coupling strength between resonators.

The additional evidence of inter-resonator, higher-order mode coupling highlights the
possibility of rich dynamics that are an asset unique to this graphene platform. Coupling
between higher-order modes of spatially separate resonators can be utilized as means of
turning coupling on and off between different areas of the network or to achieve coupling
between resonators of different sizes without additional thermal tensioning.

Although we focused our analysis on strong coupling, the SIM spatial maps exhibit
oscillating regions corresponding to areas of weak coupling. Weak coupling is an important
network parameter, as it is essential for realizing many oscillator-based phenomena [8]. Al-
though weak coupling is often difficult to measure [35], our SIM spatial imaging technique
illuminates weakly coupled regions, enabling a more accurate model of the network.

5. Conclusions

In conclusion, we have presented evidence of coupling between two resonators, three
resonators, and resonators of with a higher-order mode in a pillar-based graphene NEMS
network platform. This platform thus enables persistent 2D mechanical strain coupling,
with the unique properties of graphene offering potential for scalable tunability. With
this platform, we can achieve large-scale arrays with persistent coupling for applications
such as computing schemes [1–3], experimentation of tunable metamaterial [6,7,36,37], and
physical simulation of natural and artificial networks [38,39].
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Appendix A. Fabrication, Simulation, and Measurement

We fabricated the suspended graphene resonator devices using standard nanofabrica-
tion processes to pattern the base substrate, followed by a wet transfer method to suspend
the graphene. We also included a via electrode contacting the doped silicon substrate and a
top electrode contacting the graphene, such that we could electrically bias the graphene to
increase the tension.

We began our process with Si/SiO2 substrates with 1 µm of commercially grown wet
oxide. We first patterned via electrodes, such that we could electrically contact the Si layer
of the substrate from the top of the sample. We defined the via area with photolithography
and etched 1 µm of SiO2 using a wet buffered oxide etch. We then deposited 10 nm/40 nm
of Ti/Pt to contact the exposed silicon. We fabricated the pillars by using electron beam
lithography to pattern dot arrays into PMMA A4 resist. After developing the dot patterns,
we deposited a thin layer of chromium (∼ 20 nm) to act as a negative mask for etching. To
form the pillars, we etched ∼ 600 nm of the exposed SiO2 with a CHF3 reactive ion etch
(RIE). Finally, we deposited 10 nm/40 nm of Ti/Pt as a top electrode on the SiO2 using
photolithography to define the pattern.

We suspended the graphene over the defined SiO2 features using a wet transfer
method [32]. We began the transfer with commercially grown graphene on copper foil. We
applied a layer of PMMA A11 resist to graphene/copper sheet to support the graphene
layer during the transfer. We then dried the sheet in air for 10–15 min before carefully
floating it copper side down in a solution of 40 mg/mL ammonium persulfate to etch the
copper. Once the copper foil was completely etched, we transferred the PMMA/graphene
sheet to float in three successive water baths to dilute any remaining ammonium persulfate.
While the PMMA/graphene sheet was in the final water bath, we prepared the Si/SiO2
substrate with an O2 plasma to clean the surface and make it hydrophilic for better adhesion.
We then used the substrate to scoop the PMMA/graphene sheet directly from the surface
of the final water bath and dried it overnight in air to minimize any liquid trapped between
the graphene and SiO2. We transferred graphene to arrays with a range of pillar radii, r,
from 0.25–0.75 µm and pitches, a, from 1–3.75 µm. The sample was then baked for 5 min at
105 ◦C to soften the PMMA and allow the graphene to adhere better to the surface of the
sample. We removed the PMMA layer by soaking the sample in Remover PG for 5–6 h. To
minimize tensions in the graphene that occur when drying, we used a critical point dryer
to transfer the sample from solution into air.

We used FEA to determine the eigenfrequencies of the symmetric and antisymmet-
ric modes to predict the coupling strength between neighboring resonators using the
condition [35]

Q
(

∆ω

2ω0

)
> 1

where ∆ω is the frequency difference between the first and second hybridized modes, ω0
is the average of the two frequencies, and Q is the quality factor. In this calculation, we
conservatively estimate the quality factor to be Q = 100 based on previously measured
suspended graphene devices [19,33,40,41]. We selected the range of pillar radii and pitches
for the arrays to be both spread out enough to host strong coupling and dense enough to
allow for successful graphene suspension. Although overall we obtained higher yield on
arrays with larger r/a ratios, we also observed certain areas of the sample transfer better
than others. As an example, Figure A1a shows an array with the same dimensions as in
Figure 1c but located in a difference area of the sample and only partially covered with
suspended graphene. The largest pitch with suspended graphene devices was 3.75 µm,
shown in Figure A1b, and the largest r/a ratio was 0.5/3, shown in Figure A1c.
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To simulate the response of the proposed geometry, we used the membrane physics
package (mem) in COMSOL. The material parameters included a membrane thickness of
0.335 nm, a Young’s modulus of 1.0149 TPa, a mass density of 6600 kg/m3, and a Poisson’s
ratio of 0.17. We used a Linear Elastic Material with an initial strain of −1× 10−4 in the
boundary. We set the initial values on the boundary for the displacement and velocity
fields to zero. For a clamped edge configuration, we set the displacement of the geometry
boundaries in x, y, and z directions to zero. For the mesh size, we used an “extremely fine”,
physics-controlled mesh. The study manually searched for 10 eigenfrequencies around a
MHz using the closest absolute value eigenfrequency search method. The MUMPS solver
used a 1.2 memory allocation factor with a pivot threshold of 0.1.
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We drove the suspended graphene resonators and read out the corresponding out-of-
plane motion using an optical drive/probe method. A schematic of the optical setup and
device geometry is provided in Figure A2. The drive was a 445 nm laser modulated with an
acousto-optic modulator to thermally tension the graphene and drive out-of-plane motion.
The probe was a 633 nm laser, in which the reflected interference signal was measured
via lock-in detection to extract the corresponding amplitude and phase of an oscillating
resonator. We modulated the coupling between resonator pairs with the 445 nm heating
laser or by applying a gate bias Vg between the top electrode and the back gate.
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Appendix B. Three Coupled Resonator Model

Typically, we expect three strongly coupled resonators to have three hybridized modes
based on the eigenvectors of a linear chain of masses and springs. Therefore, because we
only observed two modes in the spectra of the coupled system in Figure 5, it is possible
that there is weak coupling present in the system, or mode splitting that is unresolvable in
the spectra [35]. However, by modeling the three drumhead resonators as a linear chain
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of masses and springs with an applied drive force, we find that it is possible for only two
hybridized modes to emerge, even when all three resonators are strongly coupled.

In our linear mass and spring model, each mass had an intrinsic spring and was
connected to the nearest neighbor mass through a coupling spring. We set all masses and
spring constants to be equal and we set the damping to be one order of magnitude less
than the individual resonance frequencies ω0 =

√
k/m. We found that when the drive force

was applied to one of the edge masses, the eigenvector behavior of three coupled masses
emerged; three hybridized modes in which all masses oscillated in phase for the first mode,
the outer masses oscillated in phase and the center mass was stationary for the second
mode, and finally the outer masses oscillated in phase and the center mass oscillated out of
phase for the third mode. Simulated amplitude and phase spectra are shown for the outer
masses in Figure A3a,c and for the middle mass in Figure A3b.

With the same parameter values, we repeated this simulation for the drive force
applied to the middle mass, as was the case for the coupled system in Figure 5. In this
simulation, we observed only two hybridized modes, in which all masses oscillated in
phase for the first mode, and the outer masses oscillated in phase while the middle mass
oscillated out of phase for the second mode. Simulated amplitude and phase spectra are
shown for the outer masses in Figure A3d,f and for the middle mass in Figure A3e. This
matches the behavior observed in the three measured graphene drumhead resonators in
Figure 5. We therefore conclude that although only two modes were detected, it is possible
that the three measured graphene resonators were strongly coupled.

Micromachines 2023, 14, x FOR PEER REVIEW 10 of 12 
 

 

force was applied to one of the edge masses, the eigenvector behavior of three coupled 
masses emerged; three hybridized modes in which all masses oscillated in phase for the 
first mode, the outer masses oscillated in phase and the center mass was stationary for the 
second mode, and finally the outer masses oscillated in phase and the center mass oscil-
lated out of phase for the third mode. Simulated amplitude and phase spectra are shown 
for the outer masses in Figure A3a,c and for the middle mass in Figure A3b. 

With the same parameter values, we repeated this simulation for the drive force ap-
plied to the middle mass, as was the case for the coupled system in Figure 5. In this simu-
lation, we observed only two hybridized modes, in which all masses oscillated in phase 
for the first mode, and the outer masses oscillated in phase while the middle mass oscil-
lated out of phase for the second mode. Simulated amplitude and phase spectra are shown 
for the outer masses in Figure A3d,f and for the middle mass in Figure A3e. This matches 
the behavior observed in the three measured graphene drumhead resonators in Figure 5. 
We therefore conclude that although only two modes were detected, it is possible that the 
three measured graphene resonators were strongly coupled.  

 
Figure A3. Simulated amplitude (upper) and phase (lower) spectra for three mass model for the 
case of the drive force applied to one of the edge masses for (a) driven edge mass, (b) middle mass, 
and (c) last edge mass. Simulated amplitude (upper) and phase (lower) spectra for three mass mod-
els for the case of the drive force applied to the middle mass for (d) first edge mass, (e) driven middle 
mass, and (f) last edge mass. 

References 
1. Vodenicarevic, D.; Locatelli, N.; Araujo, F.A.; Grollier, J.; Querlioz, D. A Nanotechnology-Ready Computing Scheme based on 

a Weakly Coupled Oscillator Network. Sci. Rep. 2017, 7, 44772. https://doi.org/10.1038/srep44772. 
2. Csaba, G.; Porod, W. Coupled oscillators for computing: A review and perspective. Appl. Phys. Rev. 2020, 7, 011302. 

https://doi.org/10.1063/1.5120412. 
3. Coulombe, J.C.; York, M.C.A.; Sylvestre, J. Computing with networks of nonlinear mechanical oscillators. PLoS ONE 2017, 12, 

e0178663. https://doi.org/10.1371/journal.pone.0178663. 

Figure A3. Simulated amplitude (upper) and phase (lower) spectra for three mass model for the case
of the drive force applied to one of the edge masses for (a) driven edge mass, (b) middle mass, and
(c) last edge mass. Simulated amplitude (upper) and phase (lower) spectra for three mass models for
the case of the drive force applied to the middle mass for (d) first edge mass, (e) driven middle mass,
and (f) last edge mass.



Micromachines 2023, 14, 2103 11 of 12

References
1. Vodenicarevic, D.; Locatelli, N.; Araujo, F.A.; Grollier, J.; Querlioz, D. A Nanotechnology-Ready Computing Scheme based on a

Weakly Coupled Oscillator Network. Sci. Rep. 2017, 7, 44772. [CrossRef]
2. Csaba, G.; Porod, W. Coupled oscillators for computing: A review and perspective. Appl. Phys. Rev. 2020, 7, 011302. [CrossRef]
3. Coulombe, J.C.; York, M.C.A.; Sylvestre, J. Computing with networks of nonlinear mechanical oscillators. PLoS ONE 2017, 12,

e0178663. [CrossRef] [PubMed]
4. Cha, J.; Kim, K.W.; Daraio, C. Experimental realization of on-chip topological nanoelectromechanical metamaterials. Nature 2018,

564, 229–233. [CrossRef] [PubMed]
5. Cha, J.; Daraio, C. Electrical tuning of elastic wave propagation in nanomechanical lattices at MHz frequencies. Nat. Nanotechnol.

2018, 13, 1016–1020. [CrossRef]
6. Hatanaka, D.; Bachtold, A.; Yamaguchi, H. Electrostatically Induced Phononic Crystal. Phys. Rev. Appl. 2019, 11, 024024.

[CrossRef]
7. Wang, Y.; Lee, J.; Zheng, X.-Q.; Xie, Y.; Feng, P.X.-L. Hexagonal Boron Nitride Phononic Crystal Waveguides. ACS Photonics 2019,

6, 3225–3232. [CrossRef]
8. Matheny, M.H.; Emenheiser, J.; Fon, W.; Chapman, A.; Salova, A.; Rohden, M.; Li, J.; de Badyn, M.H.; Pósfai, M.; Duenas-Osorio,

L.; et al. Exotic states in a simple network of nanoelectromechanical oscillators. Science 2019, 363, eaav7932. [CrossRef]
9. Shim, S.-B.; Imboden, M.; Mohanty, P. Synchronized Oscillation in Coupled Nanomechanical Oscillators. Science 2007, 316, 95–99.

[CrossRef]
10. Frank, I.W.; Tanenbaum, D.M.; van der Zande, A.M.; McEuen, P.L. Mechanical properties of suspended graphene sheets. J. Vac.

Sci. Technol. B Microelectron. Nanometer Struct. 2007, 25, 2558. [CrossRef]
11. Lee, C.; Wei, X.; Kysar, J.W.; Hone, J. Measurement of the Elastic Properties and Intrinsic Strength of Monolayer Graphene. Science

2008, 321, 385–388. [CrossRef] [PubMed]
12. Van Der Zande, A.M.; Barton, R.A.; Alden, J.S.; Ruiz-Vargas, C.S.; Whitney, W.S.; Pham, P.H.Q.; Park, J.; Parpia, J.M.; Craighead,

H.G.; McEuen, P.L. Large-scale arrays of single-layer graphene resonators. Nano Lett. 2010, 10, 4869–4873. [CrossRef]
13. De Alba, R.; Abhilash, T.S.; Hui, A.; Storch, I.R.; Craighead, H.G.; Parpia, J.M. Temperature-dependence of stress and elasticity in

wet-transferred graphene membranes. J. Appl. Phys. 2018, 123, 095109. [CrossRef]
14. Mathew, J.P.; Patel, R.N.; Borah, A.; Vijay, R.; Deshmukh, M.M. Dynamical strong coupling and parametric amplification of

mechanical modes of graphene drums. Nat. Nanotechnol. 2016, 11, 747–751. [CrossRef] [PubMed]
15. De Alba, R.; Massel, F.; Storch, I.R.; Abhilash, T.S.; Hui, A.; McEuen, P.L.; Craighead, H.G.; Parpia, J.M. Tunable phonon-cavity

coupling in graphene membranes. Nat. Nanotechnol. 2016, 11, 741–746. [CrossRef]
16. Midtvedt, D.; Isacsson, A.; Croy, A. Nonlinear phononics using atomically thin membranes. Nat. Commun. 2014, 5, 4838.

[CrossRef]
17. Bunch, J.S.; van der Zande, A.M.; Verbridge, S.S.; Frank, I.W.; Tanenbaum, D.M.; Parpia, J.M.; Craighead, H.G.; McEuen, P.L.

Electromechanical resonators from graphene sheets. Science 2007, 315, 490–493. [CrossRef] [PubMed]
18. Ye, F.; Islam, A.; Zhang, T.; Feng, P.X.L. Ultrawide Frequency Tuning of Atomic Layer van der Waals Heterostructure Electrome-

chanical Resonators. Nano Lett. 2021, 21, 5508–5515. [CrossRef]
19. Miller, D.; Blaikie, A.; Alemán, B.J. Nonvolatile Rewritable Frequency Tuning of a Nanoelectromechanical Resonator Using

Photoinduced Doping. Nano Lett. 2020, 20, 2378–2386. [CrossRef]
20. Okamoto, H.; Gourgout, A.; Chang, C.-Y.; Onomitsu, K.; Mahboob, I.; Chang, E.Y.; Yamaguchi, H. Coherent phonon manipulation

in coupled mechanical resonators. Nat. Phys. 2013, 9, 480–484. [CrossRef]
21. Okamoto, H.; Schilling, R.; Schütz, H.; Sudhir, V.; Wilson, D.J.; Yamaguchi, H.; Kippenberg, T.J. A strongly coupled Λ-type

micromechanical system. Appl. Phys. Lett. 2016, 108, 153105. [CrossRef]
22. Šiškins, M.; Sokolovskaya, E.; Lee, M.; Mañas-Valero, S.; Davidovikj, D.; van der Zant, H.S.J.; Steeneken, P.G. Tunable Strong

Coupling of Mechanical Resonance between Spatially Separated FePS3 Nanodrums. Nano Lett. 2022, 22, 36–42. [CrossRef]
[PubMed]

23. Faust, T.; Rieger, J.; Seitner, M.J.; Kotthaus, J.P.; Weig, E.M. Coherent control of a classical nanomechanical two-level system. Nat.
Phys. 2013, 9, 485–488. [CrossRef]

24. Doster, J.; Hoenl, S.; Lorenz, H.; Paulitschke, P.; Weig, E.M. Collective dynamics of strain-coupled nanomechanical pillar
resonators. Nat. Commun. 2019, 10, 5246. [CrossRef] [PubMed]

25. Gajo, K.; Schüz, S.; Weig, E.M. Strong 4-mode coupling of nanomechanical string resonators. Appl. Phys. Lett. 2017, 111, 133109.
[CrossRef]

26. Karabalin, R.B.; Cross, M.C.; Roukes, M.L. Nonlinear dynamics and chaos in two coupled nanomechanical resonators. Phys. Rev.
B Condens. Matter Mater. Phys. 2009, 79, 165309. [CrossRef]

27. Luo, G.; Zhang, Z.-Z.; Deng, G.-W.; Li, H.-O.; Cao, G.; Xiao, M.; Guo, G.-C.; Tian, L.; Guo, G.-P. Strong indirect coupling between
graphene-based mechanical resonators via a phonon cavity. Nat. Commun. 2018, 9, 383. [CrossRef] [PubMed]

28. Zhang, Z.Z.; Song, X.-X.; Luo, G.; Su, Z.-J.; Wang, K.-L.; Cao, G.; Li, H.-O.; Xiao, M.; Guo, G.-C.; Tian, L.; et al. Coherent phonon
dynamics in spatially separated graphene mechanical resonators. Proc. Natl. Acad. Sci. USA 2020, 117, 5582–5587. [CrossRef]

29. Doster, J.; Shah, T.; Fösel, T.; Paulitschke, P.; Marquardt, F.; Weig, E.M. Observing polarization patterns in the collective motion of
nanomechanical arrays. Nat. Commun. 2022, 13, 2478. [CrossRef]

https://doi.org/10.1038/srep44772
https://doi.org/10.1063/1.5120412
https://doi.org/10.1371/journal.pone.0178663
https://www.ncbi.nlm.nih.gov/pubmed/28575018
https://doi.org/10.1038/s41586-018-0764-0
https://www.ncbi.nlm.nih.gov/pubmed/30542167
https://doi.org/10.1038/s41565-018-0252-6
https://doi.org/10.1103/PhysRevApplied.11.024024
https://doi.org/10.1021/acsphotonics.9b01094
https://doi.org/10.1126/science.aav7932
https://doi.org/10.1126/science.1137307
https://doi.org/10.1116/1.2789446
https://doi.org/10.1126/science.1157996
https://www.ncbi.nlm.nih.gov/pubmed/18635798
https://doi.org/10.1021/nl102713c
https://doi.org/10.1063/1.5006332
https://doi.org/10.1038/nnano.2016.94
https://www.ncbi.nlm.nih.gov/pubmed/27294506
https://doi.org/10.1038/nnano.2016.86
https://doi.org/10.1038/ncomms5838
https://doi.org/10.1126/science.1136836
https://www.ncbi.nlm.nih.gov/pubmed/17255506
https://doi.org/10.1021/acs.nanolett.1c00610
https://doi.org/10.1021/acs.nanolett.9b05003
https://doi.org/10.1038/nphys2665
https://doi.org/10.1063/1.4945741
https://doi.org/10.1021/acs.nanolett.1c03010
https://www.ncbi.nlm.nih.gov/pubmed/34919402
https://doi.org/10.1038/nphys2666
https://doi.org/10.1038/s41467-019-13309-9
https://www.ncbi.nlm.nih.gov/pubmed/31748570
https://doi.org/10.1063/1.4995230
https://doi.org/10.1103/PhysRevB.79.165309
https://doi.org/10.1038/s41467-018-02854-4
https://www.ncbi.nlm.nih.gov/pubmed/29374169
https://doi.org/10.1073/pnas.1916978117
https://doi.org/10.1038/s41467-022-30024-0


Micromachines 2023, 14, 2103 12 of 12

30. Chaste, J.; Missaoui, A.; Huang, S.; Henck, H.; Ben Aziza, Z.; Ferlazzo, L.; Naylor, C.; Balan, A.; Johnson, A.T.C.; Braive, R.; et al.
Intrinsic Properties of Suspended MoS2on SiO2/Si Pillar Arrays for Nanomechanics and Optics. ACS Nano 2018, 12, 3235–3242.
[CrossRef]

31. Zhang, Q.-H.; Ying, Y.; Zhang, Z.-Z.; Su, Z.-J.; Ma, H.; Qin, G.-Q.; Song, X.-X.; Guo, G.-P. Graphene-Based Nanoelectromechanical
Periodic Array with Tunable Frequency. Nano Lett. 2021, 21, 8571–8578. [CrossRef] [PubMed]

32. Reserbat-Plantey, A.; Kalita, D.; Han, Z.; Ferlazzo, L.; Autier-Laurent, S.; Komatsu, K.; Li, C.; Weil, R.; Ralko, A.; Marty, L.; et al.
Strain superlattices and macroscale suspension of graphene induced by corrugated substrates. Nano Lett. 2014, 14, 5044–5051.
[CrossRef] [PubMed]

33. Miller, D.; Alemán, B. Spatially resolved optical excitation of mechanical modes in graphene NEMS. Appl. Phys. Lett. 2019, 115,
193102. [CrossRef]

34. Ju, L.; Velasco, J.; Huang, E.; Kahn, S.; Nosiglia, C.; Tsai, H.-Z.; Yang, W.; Taniguchi, T.; Watanabe, K.; Zhang, Y.; et al. Photoinduced
doping in heterostructures of graphene and boron nitride. Nat. Nanotechnol. 2014, 9, 348–352. [CrossRef]

35. Novotny, L. Strong coupling, energy splitting, and level crossings: A classical perspective. Am. J. Phys. 2010, 78, 1199–1202.
[CrossRef]

36. Hatanaka, D.; Mahboob, I.; Onomitsu, K.; Yamaguchi, H. Phonon waveguides for electromechanical circuits. Nat. Nanotechnol.
2014, 9, 520–524. [CrossRef] [PubMed]

37. Kirchhof, J.N.; Weinel, K.; Heeg, S.; Deinhart, V.; Höflich, K.; Bolotin, K.I. Tunable graphene phononic crystal. Nano Lett. 2021, 21,
2174–2182. [CrossRef] [PubMed]

38. Motter, A.E.; Myers, S.A.; Anghel, M.; Nishikawa, T. Spontaneous synchrony in power-grid networks. Nat. Phys. 2013, 9, 191–197.
[CrossRef]

39. Winfree, A.T. Biological rhythms and the behavior of populations of coupled oscillators. J. Theor. Biol. 1967, 16, 15–42. [CrossRef]
40. Miller, D.; Alemán, B. Shape tailoring to enhance and tune the properties of graphene nanomechanical resonators. 2D Mater. 2017,

4, 025101. [CrossRef]
41. Blaikie, A.; Miller, D.; Alemán, B.J. A fast and sensitive room-temperature graphene nanomechanical bolometer. Nat. Commun.

2019, 10, 4726. [CrossRef] [PubMed]

Disclaimer/Publisher’s Note: The statements, opinions and data contained in all publications are solely those of the individual
author(s) and contributor(s) and not of MDPI and/or the editor(s). MDPI and/or the editor(s) disclaim responsibility for any injury to
people or property resulting from any ideas, methods, instructions or products referred to in the content.

https://doi.org/10.1021/acsnano.7b07689
https://doi.org/10.1021/acs.nanolett.1c01866
https://www.ncbi.nlm.nih.gov/pubmed/34613727
https://doi.org/10.1021/nl5016552
https://www.ncbi.nlm.nih.gov/pubmed/25119792
https://doi.org/10.1063/1.5111755
https://doi.org/10.1038/nnano.2014.60
https://doi.org/10.1119/1.3471177
https://doi.org/10.1038/nnano.2014.107
https://www.ncbi.nlm.nih.gov/pubmed/24929340
https://doi.org/10.1021/acs.nanolett.0c04986
https://www.ncbi.nlm.nih.gov/pubmed/33622035
https://doi.org/10.1038/nphys2535
https://doi.org/10.1016/0022-5193(67)90051-3
https://doi.org/10.1088/2053-1583/aa7127
https://doi.org/10.1038/s41467-019-12562-2
https://www.ncbi.nlm.nih.gov/pubmed/31624243

	Introduction 
	Materials and Methods 
	Results 
	Discussion 
	Conclusions 
	Appendix A
	Appendix B
	References

