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Abstract: The unfriendly-for-humans environment of space causes automatic or remotely controlled
vehicles and devices to be used for its research. In robot and manipulator control systems, and also in
mechanisms adjusting antennas and photovoltaic panels, the hermetic harmonic drive can be used. A
special advantage of this type of gear is the ability to transfer power to an isolated space separated by
physical barriers from external influences. Therefore, the purpose was to design gears that will allow
achieving the highest kinematic precision for control systems by simultaneously maintaining their
hermetics. The article presented an analysis of the kinematic accuracy of harmonic hermetic drives
powered by four different types of wave generators. The generators used differed in construction
but also caused other deformations of the flexspline. The calculation of angular displacement was
prepared in the computer program Abaqus. The simulations were performed on virtual models of
a complete harmonic hermetic drive using the finite element method (FEM). The results from the
analysis allow the most favorable solution to be applied to the Mars rover drive or spacecraft control
system. It was determined for which of the wave generators the kinematic accuracy is the highest
and how high the backlash exists for the reversing rotation. Finally, the proposed design will allow
one to increase the accuracy of the working movements and control of space vehicles while ensuring
a minimal influence of the external ambient.
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1. Introduction

The first harmonic drive was patented by Clarence Walton Musser in 1959 [1]. Since
then, many new constructions have been created and new ones, differing in construction
and purpose, are constantly appearing [2-4]. Harmonic drives have a wide range of
applications in robotics, control and regulation systems, and measuring devices [5-7].
However, the harmonic drives used so far in space vehicles are constructed with a flexspline
having a classical shape of a sleeve or cup. In these constructions, there are problems
with lubrication due to oil contamination or loss. Therefore, the important aspect is
adequate sealing of the gears. Along with the dynamic development of aviation and
the space industry, they are also increasingly used there [8-10]. The harmonic drives are
applied to construction demanding drives with high efficiency, a high gear ratio, and
compact dimensions [11-13]. A particularly important advantage of harmonic drives is
high kinematic accuracy. It can be provided by a correct choice of the geometry of gear
components, but also by using adequate materials. The high precision in these types
of drives is due to the unique construction and character of these drives. The classical
harmonic drive consists of the flexspline, the circular spline, and the generator. Each of the
three basis parts can be a driving or driven element. The harmonic drive can work as a
reductor, multiplicator, or differential gear. Figure 1 presents a schematic diagram of the
hermetic harmonic drive.
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Figure 1. Schematic of the hermetic harmonic drive: 1—circular spline, 2—flexspline, 3—wave
generator, 4—hermetic partition.

The characteristic feature of the harmonic drive is a way of transferring motion to
the passive element (2) as a result of the cycle deformation of the flexspline (1) by the
wave generator (3). The flexspline, while the harmonic drive is working, is deformed
by the generator in the radial direction by its relative rotational motion. The flexspline
has an outer toothed wheel rim with which the internally toothed circular spline meshes.
The number of flexspline teeth is lower than the number of circular spline teeth; hence,
outside the meshing area, the teeth of both circulars pass each other. These harmonic drives
can have generators with different shapes, methods of operation, and numbers of waves
of deformation on the circuit of flexspline, which also influences its complexity. A large
number of construction solutions are also in operation. New types of harmonic drives
are still being researched, and they have applications in new, previously unprecedented
areas of life. Often, the emergence of new design solutions is related to the requirements
and expectations of the environment. The need for harmonic drive-in isolation from the
space of the engine forced an uprising for a new type of harmonic drive-in—the hermetic
variant. The hermetic harmonic drive has this unique feature that allows handover to an
insulated space separated from the ambient by a partition. Moreover, it is the possible
opposite solution, in which the engine is closed in a sealed casing and torque is passed to
the outer just by hermetic harmonic drive.

The applied type of generator can directly impact the form of flexspline and the
kinematic accuracy of the entire drive. The selection of the appropriate type of generator is
not simple because access is not always available to special gears or advanced technology
that allows cam machining. In the article, there was also the possibility of the execution of
the elements of harmonic drive by using incremental methods such as 3D printing. This
possibility is analyzed for the production and reproduction of elements of harmonic drive
in outer space. These harmonic drives, thanks to high kinematic accuracy, can be used in
control systems of transmitting antennas or in the drives of vehicles on colonized planets.
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Hence, it is essential to have knowledge of the accuracy of harmonic drives in terms of the
applied type of generator. Depending on the available execution options, the type of wave
generator affects the kinematic accuracy of the wave gear available under given conditions.
In harmonic drives, it is essential to ensure the hermetic is possible by application flexspline
about a specific construction.

The flexspline is a long gear with the shape of a thin-walled sleeve with a toothed
rim in the middle. On one side, it is finished with a flange for fastening to the partition
and, on the other, with a bottom that separates the hermetic space from the ambient space
(Figure 2). The flexspline construction results in many complex loads and deformations
during work. It is the most loaded element of hermetic harmonic drive, and it is especially
exposed to different kinds of damage through its thin-walled construction. As a result of
the influence of the wave generator and torsional stresses derived from the torque, the
flexspline bending stresses occur.

2

Figure 2. View of main component elements of hermetic harmonic drive: 1—circular spline,
2—flexspline, 3—wave generator.

In the existing literature on construction and technological solutions and the research
on harmonic drives, there are very few works that present their hermetic type. Existing
publications presented only general attributes of these harmonic drives and did not solve
the important problems in terms of strength and durability [14-17]. The largest number of
publications on hermetic wave gears comes from the second half of the previous century
due to the dynamic development of the space industry, research flights, and the landing
and exploration of Earth’s moon at that time. The studies on harmonic drives published
at this time were published by many Russian researchers [18-20] and their competitors
cooperating with NASA [8,21]. In view of the results and conclusions from the calculations
included in these works, these publications were not satisfied with the present expectations
of and perspectives on the use of hermetic harmonic drives. Additional contemporary
studies [22-24] discussed the geometry but did not raise the strength and kinematic prob-
lems of these gears. The most extensive discussion of the hermetic type of harmonic drives
was included in the monograph [25], which describes their application to precise vacuum
mechanisms. All the mentioned publications show the flexspline as a thin-walled sleeve of
different shapes in the longitudinal section, starting from completely cylindrical through
conical to curvilinear with large rounding radii. There are also propositions to combine
two sleeves of different diameters to shorten the overall length of the flexspline. None
of the constructions of the hermetic harmonic drive presented in the above-mentioned
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publications has been subjected to detailed strength and durability analysis. The most
probable result is that such complicated calculations exceeded the technical possibilities
of computers of the time. The computational works in this area were done only by the
authors that rejected most of the proposed flexspline shapes as inadvisable due to the risk
of cracking [26-28]. In view of the complicated shape of the flexible sleeves, the authors
also performed the analysis of the flexspline with a welded bottom, which can make it
easier to make it out of steel. Due to the perspective of the use of harmonics drives and their
production by incremental methods in outer space, the authors also carried out research in
this area [29,30]. In addition to the work of the authors [29,31], there are no studies con-
sidering the kinematic accuracy of hermetic harmonic drives. High kinematic accuracy is
required especially in vehicles and devices working in outer space, where even the smaller
setting error adversely affects changes in flying trajectory or settings of communication
antennas. In view of the vacuum in space, the desired feature of devices that work is also
their hermetic. Harmonic drives have been used for years in manipulators and wheel
drives of space vehicles moving on the surface of Mars. In these cases, the tightness of the
construction allows for securing the sensitive toothed wheel rim or elastic bearing from
damaging dust and mechanical impurities. The combination of these exceptional features,
i.e., kinematic accuracy and tightness, makes it so that the hermetic harmonic drive could
be used in steering and regulating mechanisms used in an unfavorable environment (for
example, outside the Earth’s atmosphere).

2. Impact of Type of Generator on Flexspline Deformation Form

The correct work of the harmonic drive is possible by an adequate deformation of
the flexspline by the wave generator. The neutral layer of the flexspline body under the
toothing can take various forms of curvature, depending on the wave generator used.
The obtained character of deformation is chosen based on the correctness of the toothing
of circles and their influence on the quality of work of the harmonic drive. Therefore,
it is important to choose the appropriate type of wave generator, which for the chosen
harmonic drive allows obtaining the highest kinematic accuracy. There are generators,
hydraulic, pneumatic, and electromagnetic options, but due to their simple structure and
easy operation, mechanical generators are used most often [23,32]. The generator can
cause a different number of waves which allows one to determine them as single-wave,
double-wave, or three-wave. The most often used are double-wave generators because
additional waves on the circumferences of the flexspline make a significant increase in
bending stresses in its body [33,34].

Among mechanical generators, there are four main types shown in Figure 3, which
are different in construction and operation principles. There are generators: two-roll, four-
roll, disc, and cam generators. Using all listed types entails the determined benefits and
limitations, and using them depends on the destination of the drive and the technology
possibilities that make the type of generator.

Roller generators in double-wave harmonic drives have a combined slider of two or
four rolls, with the deformation of the toothed wheel rim of the flexspline to the form of a
thin-walled ring loaded with two or four forces, respectively (Figure 3a,b). In a two-roll
generator, the rolls face opposite one another and forces operate in the large axis of the
generator. In the four-roll generator, the rolls are facing at an angle v (Figure 3b) from its
large axis, whereas the deformation forces of the neutral layer of the flexspline work at an
angle v, which generally has a value within the limit of y = 25 + 35° [34].
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Figure 3. Forms of deformation of the neutral layer of a flexspline deformed by the generator:
(a) two-roll, (b) four-roll, (c) disc, (d) cam, where: 1—minor axis of generator, 2—large axis of
generator, 3—neutral layer of flexspline body before deformation, 4—neutral layer of flexspline body
after deformation, R—radius of undistorted interlayer of flexspline, Rr—radius of roll of generator,
Ri—radius, e—eccentricity of the disc setting, F—force deformation of flexspline in roll generators,
3B—angle of action of forces in the roll generators, 3;—angle of settings of generator rollers, y—angle
of contact of generator with flexspline, wp—radial deformation of the neutral layer of flexspline.

The outer diameter of the generator roll D, = 2R, should be possibly as large as
D, = (0.25 + 0.3)d; (Where: d;—pitch diameter of the flexspline). The advantage of roll
generators is simple construction and the possibility of using them for anything, obtained
from the calculation and the inner diameters of the flexspline. It allows us to obtain strictly
calculated gear ratio values and makes it easier to select the parameters of the toothed rings
and other dimensions of flexsplines. The disadvantage of this type of generator is the limited
possibility of using them for large rotational speeds of generators and the impossibility of
keeping a complex form of the toothed ring of flexspline after the loading of the harmonic
drive by torque. The disc generator has the name of the disc installed on the eccentrics,
which is deforming a flexspline. The two-wave generators of the harmonic drive have the
discs shifted to each other at an angle of 180°. Disc diameters are bigger than rolls in roller
generators; therefore, the disc generator makes it possible to maintain the computational form
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of deformation of the neutral layer of the flexspline, even under the load of the harmonic
drive. Its disadvantage is that the disc of the generator does not support the toothed ring
across its full width, allowing additionality stresses to occur. In designing a wave generator, it
is necessary to designate the generator angle 2y of which the disc comes into contact with the
flexspline and radius R; of the generator disc. Due to the most favorable stress distribution, it
is recommended to use the angle value y = 20 = 40° [22].

Currently, the most commonly used harmonic drives are cam generators. Their
characteristic element is the elastic bearing, which is placed in the corpus of the cam-shaped
generator. The elastic bearings used in these generators are special with thinner rings and
separators centered by rolling elements. The cam deforms the bearing, giving its ring shape
and allowing the form of deformation of the neutral layer of the flexspline to be required.
The cam generator can deform the flexspline into any form of deformation described by the
equation at the assumed, unchanged value of the cam circumference [34]. The bearing of
the cam generator adheres to the inner surface of the flexspline, allowing its deformation to
form all over the perimeter; hence, there are no additional deformations of the toothed ring
after loading the harmonic drive with torque. The neutral layer of the flexspline is deformed
cyclically during operation and takes the appropriate shape for the type of generator used.
Figure 4 shows the momentary displacement of segment AyBj of the neutral layer of the
corpus of flexspline before the deformation position of A;B; and after its deformation by
the generator. The occurring radial displacement w, the circumferential displacements v,
and rotation angle 6 of the normal for the neutral layer of flexspline depend on angle ¢
measured from the major axis of the generator.

z |

major axis

minor axis Y.

Figure 4. The angle of rotation of the normal exposed, in point Ay, to the neutral layer of flexspline
deformed by the generator.
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The segment AyBy of the undeformed neutral layer of the flexspline corpus, after its
deformation with a generator, moves to position AyBy. At this time, the normal point A
will rotate about angle 6, which is the difference between the angles 61 and 6, (Figure 4).
The radial and circumferential displacements and rotation angle of the normal in point
A of the neutral layer allow its location to be determined in relation to the flexspline
origin of the polar coordinate system. Because the impact of different generators on the
neutral layer of the flexspline is different, the forms of deformation for different types
of generators are different, and therefore their respective displacements differ from each
other. Analytical calculations contain geometric simplifications and ignore the impact
of the load on the torque, resulting in additional deformation of the neutral layer. In
these calculations, the toothed ring is replaced by the smooth ring and the influence of
the flexspline body sleeve is ignored. Equations allowing for the calculation of geometric
parameters of the neutral layer of flexspline for different types of generators are available in
many publications [12,14,17] and will not be discussed in more detail because the analysis
used more advanced computational tools. During the operation of the harmonic drive, the
wave generator rotates, causing the mating of successive pairs of teeth of both gears. Each
of the teeth of the flexspline moves from one interdental notch to the next with the circular
spline. On the major axis of the flexspline, the teeth are fully in mating, while in the minor
axis of the generator, the teeth of the two gears pass each other, as shown in Figure 5.
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Figure 5. Position of teeth in moment ¢ = 0: y, z—the coordinate system in which the relative
movement of the tooth is considered, R—radius of the neutral layer of not deformed flexspline,
Ya1,7ap—tip radii, rf1,1—root radii.

Point A on the tip of the flexspline teeth determines a trajectory with a shape depending
on the type of generator, parameters of the rim of the toothed wheel rim, and which
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of the gears is stationary. Determining the relative path of the teeth takes place in the
y,z coordinate system associated with a fixed circular spine. In the situation described
above, the beginning of this system (0) is at the intersection of the undeformed layer of
the flexspline with radius R with a minor axis of the generator. To define the location
unambiguously, the tooth in this coordinate system should be determined by the position
of its two characteristic points. In an undistorted flexspline, these points are Ap—at the
intersection of the tooth axis with the tip circle and Fp—at the intersection of the tooth axis
with the root circle. The coordinates of the points A, and F; of the teeth of the circular spine
in the y,z coordinates system on the z-axis are presented in Formulas (1) and (2) [22,35,36]:

We =1 — R, 1)

W =71 — R, 2

The coordinates of v and vy, are equal zero because these points laying on z axis (3) and (4):
Vg2 =0, (3)

vp =0, (4)

The position of the tooth of flexspline in the y, z coordinate system is variable and
depends on the angle ¢ of the generator rotation. At the initial moment ¢ = 0, the major
axis of the generator is parallel to y-axis, and after time ¢t > 0 will turn about angle wt.
The current location of the major axis of the generator relative to the starting position is
determined by angle ¢ (5) [22,34,35]:

s
¢ = E - wgt/ (5)

where: w,—angular velocity of the wave generator, t—time.
Depending on the position of the major axis of the generator, the angle of the rotation
of flexspline ¢, has values according to the dependency [22]:

T _
<pz=—(2i(”), (6)
where: i—gear ratio.
The coordinates of the points A1 and F; of the adequate flexspline tooth on the z-axis

(wa1, wp) and on the y-axis (va1, vp1) are the same as in Formulas (7)—(10) [22,34,35]:

Wa1 = (a1 +w)cos g3 — R, (7)

wp = (rfl + w) cos g2 — R, (8)

Vit =V + (rn — R)0 — (ra1 + w) 2, )
Ve =v+ (rfl — R)Q - (rfl + w) @2, (10)

where: 0—the angle of rotation of the normal exposure to the neutral layer of the flexspline by
angle ¢, w—radial displacement of the neutral layer point of flexspline, v—circumferential
displacement of the neutral layer point of the flexspline.

Figure 6 shows the trajectory of the A; point of a single tooth lying on the intersection
of the axis of symmetry with the tip radius of the flexspline. The displacement of this point
is determined in the coordinate system y,z and combined with a fixed circular spline and
calculated based on dependences (7) and (9) for the values of the rotation angle of generator
inrange 0 < ¢ < Iy,



Appl. Sci. 2023,13, 1694

9 of 22

A

|
|
‘/7
|
(1'd = ® 3" o

Figure 6. The trajectory of A; point of the tooth of flexspline.

In the flexspline initial moment (¢ = 0°), the tooth enters maximally in the space of
the circular spline. If that occurs, then the full penetration /, is predicted for the harmonic
drive. As a result of the rotation of the generator at angle ¢, the teeth of the flexspline
will start to move, and its characteristic point A; will move along the trajectory shown in
Figure 6. When the generator rotates at an angle (¢ = 90°), the teeth of the flexspline will
come out of the mesh and position themselves opposite the teeth of circular spline A’;. In
the right-designed harmonic drive, the moving teeth of the flexspline should bypass the
teeth of the circular spline so that there is no interference.

This complicated character of the work of harmonic drive causes many construction,
material, technology, and exploitation problems. Thus, because of the smooth meshing
of successive teeth, harmonic drives are characterized by high smoothness of work and
kinematic accuracy. The quality of the gear operation also influences the flexspline form of
deformation of the neural layer obtained by the application of different types of generators.
The harmonic drives of general applications used in the machine tool industry, robotics, or
valve control have, for these applications, sufficiently high precision. When there is a need
to use the hermetic harmonic drive in spacecraft control systems, the highest kinematic
accuracy is expected from them. Therefore, it is important to perform an analysis to
determine for which of the mechanical wave generators the angular error of the hermetic
harmonic drive is the lowest.

3. Preparation of Numerical Calculations

The issues related to the cooperation of gears in the harmonic drive are complicated
and require a large number of operations. If the calculations are made in an analytical
method, it is necessary to transform and solve many geometrical dependencies. The
results obtained this way, through the simplifications contained therein, do not provide
solutions equivalent to the real ones. Also useful are any numerical tools and computer
programs that can improve this calculation process. A good universal calculation tool



Appl. Sci. 2023,13, 1694

10 of 22

that supports engineering design is the finite element method (FEM). There are a lot of
computer programs based on the numerical FEM method, which definitely facilitates
calculations concerning harmonic drives. Many of them are integrated with programs
for computer-aided design (CAD). Moreover, the possibilities of computer modeling and
numerical calculations were used during the preparation and calculation of the hermetic
harmonic drive.

The considered issue concerning the influence of the generator type on the kinematic
accuracy of the hermetic harmonic drive is a very complicated task. In the numerical
calculation, it is necessary to include three cooperating elements of the harmonic drive,
namely flexspline, circular spline, and wave generator. Moreover, it is necessary to define
the surface of contact between pairs of these elements and their continuous control because
conditions of contact are changed at different stages of calculation. The next problem is
the elastic deformation of the flexspline, which should be defined correctly. A much more
complicated problem is the forced rotation of the circular spline relative to the flexspline.
This motion of the circular spline is the result of the deformation of the flexspline by the
wave generator with simultaneous rotation of the generator about the axis of the gear.
Analysis of the accuracy of the cooperation of gears in the harmonic drive requires a precise
definition of the boundary conditions for the rotation of the wave generator.

Numerical analysis FEM using full model hermetic harmonic drives would require
large memory operation resources of the working station and would take a very long time.
However, for special causes, it is necessary to find the exact way to solve construction
tasks. For the vast majority of numerical calculations, it is enough to use only simplified
models. The calculation models can be fragments of real components or have changes in
geometry to simplify their build. In many analyses, gears can be successfully used with
two-dimensional models being their cross sections. Such a simplification is also possible
in the case of the analyzed hermetic harmonic drive. The flexspline had a toothed wheel
rim in the middle of its length and straight teeth with a constant contour. The dimension
of the width of the toothed wheel rim compared to the height and width of a single tooth
is large. Moreover, it is necessary to mention that all cross-sections of a single tooth have
the same profile and are between non-movable end walls, which are impossible to relocate
toward the main axis of the gear. In addition, it was assumed that the load of the circular
spline is evenly distributed across the width of the toothed flexspline wheel rim. With
such assumptions, each single tooth cross-section is under the same conditions and is
equally loaded. If the assumptions presented are met, it can simplify the spatial problem
of the wheel rim to the two-dimensional problem in a plane state of strain. Since each
cross-section is the same, when carrying out numerical analyses, it is enough to consider
only the middle layer of the toothed wheel rim with a unit thickness, i.e., an adequate
cross-section of the flexspline passing through the center of the toothed wheel rim. In
this way, two-dimensional models for numerical calculation FEM realized in the Abaqus
program were made. Figure 7 presents an ideological way to create a section of flexspline
and generator in a CAD program. To improve the readability of the drawing, the circular
spline was omitted, which was included in the calculations.

In the case of the planar theory of elasticity, the two-dimensional models of the full
harmonic drive are analyzed, therefore its calculation using the FEM method and the
processing of results takes less time. It is caused by a much smaller number of finite
elements needed to describe the model, and through it also a smaller number of formulas
are necessary to solve the computing program. In view of device limitations, it is sometimes
the only possibility for a precise computer analysis of harmonic drives or for confirming
the mating of their components.
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Figure 7. Essence of creating a two-dimensional model as a cross-section for calculation.

For the needs of the realized task, the initial project of the hermetic harmonic drive
was done by determining its geometric parameters. In addition, check calculations were
performed that refer to the interference of the teeth of the mating wheels for each of the four
types of generators. Then, on the basis of analytically obtained geometrical parameters,
solid models of the main components of the harmonic drive were created. These models
were created in the SolidWorks program by defining four assemblies for each of them with
the other type of wave generator. On their basis, two-dimensional models were prepared,
which are cross sections passing through the middle of the width of the toothed wheel rim
of both wheels and the generator. The models prepared in this way were used as a basis for
strength calculations using FEM, which were performed in the Abaqus program. A sample
model of harmonic drive with a double-roller generator used in the calculations is shown
in Figures 8 and 9.

In the figure are visible all components of the gear and marks of some boundary
conditions introduced during the creation of the computational model. Preparation of
numerical calculations of kinematic accuracy started by loading models into the counting
program, their settings, and linking them with each other. Then they were discretized using
quadrangular finite elements with appropriate mesh density in particularly important
areas. The increase in mesh density is defined on the teeth flanks of both gears and on the
inner diameter of the flexspline and generator because these surfaces are in contact during
operation. Boundary conditions were also defined for all models, as well as displacements
and loads, in accordance with the real nature of the operation of the harmonic drive
elements. Because the analysis refers to a hermetic harmonic drive in which the flexspline
is attached to the casing, in the computational model the possibility of deformation was
allowed but the possibility of rotation was blocked. The circular spline and the flexspline
were associated with the point positioned on their axis (0) using rigid links. This point
was fixed, but the possibility of rotating was allowed to realize the load of the harmonic
drive. At this reference point, the angle of rotation of the circular spline was also read after
rotating the wave generator about the determined angle ¢.
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minor axis

major axis

Figure 8. Numerical model of harmonic hermetic drive with double-roller generator: 1—flexspline,

2—circular spline, 3—double-roller generator.

Figure 9. Characteristic area of computational model of harmonic drive: (A) meshed toothed wheel
rims (major axis), (B) pass each other of teeth (minor axis).
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S, Mises [MPa]
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Calculations for each variant difference were only the type of generator used and were
composed of three steps. In the initial step, a deformation of the flexspline occurred by a
wave generator for the tested model. This stage was not taken in the analysis because it
had only caused the wheels to mesh, as it is in a real harmonic drive.

In the first stage, rotation of the wave generator about angle 1 rad in a positive
direction was forced, and the load of harmonic drive by torque was realized. In the next
stage, rotation of the wave generator was also followed, but in this case in the negative
direction of 2 rad. The stages followed each other smoothly and allowed us to trace the
relative rotation of the gears forced by the rotation of the generator. It was also possible
to determine the backlash of the harmonic hermetic drive when changing the direction of
rotation of the generator.

4. Results

The calculations for all four variants were without errors and obtained a lot of result
data, allowing us to conduct a thorough analysis of many aspects of the work of the
hermetic harmonic drive. The basic results obtained in the Abaqus postprocessor are
displayed as stress distribution on the surface of the analyzed model.

The preliminary comparison of them has revealed that discrepancies occur with
different types of generators. The distribution of areas with significantly higher values on
the flexspline model in the next variant of calculations was also different. Figures 10 and 11
show the results obtained for the harmonic hermetic drive with a flexspline deformed
double-roller generator without torque.

major axis

Figure 10. Stress distribution on the model of harmonic hermetic drive with the double-roller generator.
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Figure 11. Stress distribution in characteristics cooperation areas of harmonic drive major axis and
minor axis.

Areas of increased stress in all calculation variants occurred in areas of the major (D)
and minor (M) axis of the generator because the deformation of the flexspline is the highest.
However, in none of the computational models were the allowable stresses exceeded.
However, a more detailed stress analysis was not performed because the main purpose of
the analysis was to determine the kinematic accuracy of the harmonic drive.

The first point of analysis was to compare the angle § of rotation of the circular spline
of the harmonic drive depending on the angle ¢ of rotation of the generator. In these
calculations, rotation of the generator model to angle 1 radian was forced, firstly in the
positive destination and then in the negative from the major axis of the generator. The
rotation of the wave generator caused the proper rotation of the circular spline, which is
the result of the meshing pairs of teeth on both gears. Because the harmonic drive ratio
tested was large (i = 95), observation of the models on the computer screen was not allowed
for capturing the differences between individual results. For each of the models, there
were prepared graphs of the angle of rotating the flexspline, depending on from angle of
the rotating generator. In each of them, the nominal value of the angle of rotation of the
flexspline has been drawn with a thin grey line. This theoretical value was determined
from formulas only on gear ratio. None of the wave generators’ values of the actual angle
of rotation of the circular spline do not converge with the nominal values. In the case of
both roller generators, in the first phase of cooperation, the rotation of the circular spline
is delayed relative to the theoretical value. After rotation about the angle 1 radian, the
equalization of the angle value of rotation of the circular spline was obtained in the results
of the simulation with the nominal value. Therefore, at this value, the wave generator was
stopped and forced to rotate in the opposite direction to a value of —1 radian from the main
axis. During the return movement, an even greater delay of the circular spline in relation
to the theoretical value was noticed in the analyzed model. The delays occur in the first
phase of moving the generator, and then the values of the angle of rotation of the flexspline
are approaching theoretically. This shows the high kinematic inertia of the harmonic drive
with roller generators. For the other two generators, the course of the graph of the angle
of rotation of the circular spline obtained as a result of numerical calculations was much
closer to the nominal one. It resulted from the construction of these generators, which
allows for the control of form deformation of flexspline much better than roller generators.
Of all the computational models, the most favorable course of the graph was obtained for
the cam generator, which is in contact with the inner diameter of the flexspline along its
entire circumference.

Furthermore, in the case of this type of generator, it was noticed in the numerical
simulation that there is a slight delay in the rotation of the circular spline relative to the
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nominal value. This is the result of clearance occurring between the mating gears, the
stiffness of the computational models, or the slide of the generator. At the beginning of
cooperation, it also follows the “tooth arrangement” considered with a minimum deflection
of the toothed wheel rim to match the flanks of the teeth of both gears. This phenomenon
was not described earlier, but it was observed in the results from numerical calculations
after applying a sufficiently large scale of deformation during presentation moves and
selecting a small range of results (Figure 12).
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Figure 12. The angle of the rotation of circular spline as the result of generator work: (a) two-roller;
(b) four-roller; (c) double-disc; (d) cam.

The graphs of the angle of rotation of the flexspline relative to the rotation angle of
the generator help to indicate characteristic discrepancies relative to theoretical values.
They allow one to determine whether there is a deceleration or acceleration relative to
the nominal values of the angle of rotation. However, to accurately compare the angular
value of the difference for different types of wave generators, additional calculations were
made in the spreadsheet, and their result is shown in Figure 13. In this plot, the graphs
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of the angle error of the flexspline relative to the nominal values were compiled, which
corresponds to the axis of the abscissa (X) in the graph. All fragments of charts obtained
in results of numerical calculations FEM for different generators above the axis means
acceleration of circular spline relative nominal value, whereas negative values mean delay
of the circular spline. The chart can read that the largest temporary angular error occurs for
a four-roll generator and is equal to 0.0062247 radians, so 21 arc minutes and similar values
are for the two-roll generator.

o [rad] , : . . |
-0.008 4 Kinematic errors with generators: 1
double-roller four-roller double-disc cam
-0.006
-0.004
/
-0.002 /,,d:.'l '“\w.%

0.000 -L_éw—"”’” s [ L e
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Figure 13. Kinematic errors of the circular spline are the result of the generator excitation of different
types of generators.

The slightest error read for the cam generator was 0.003 radians, so about 4 arc minutes.
The wave generator recommends that the angular error is kept in the range of 1 to 9 arc
minutes [37]. The kinematic error was also lower for the double-disc generator than for the
roller generator and was equal to 0.0041344 radians.

The kinematic error for the roller generators was the highest and exceeded the values
even recommended for standard harmonic drives. These two types were omitted in the
next part of the analysis. Clearly, gears equipped with roller generators still have high
kinematic accuracy and can be used successfully in valve mechanisms and regulators or
machine tool setting systems. They definitely have a much simpler construction than cam
generators, which in many cases is decided during the choice of these wave generators in
the harmonic drive.

Selected models of harmonic drives with double-disc and cam generators were further
analyzed. The influence of the load of torque on the kinematic accuracy of the harmonic
drive was tested. The same computational models as in the previous calculations were used,
but the only difference was that the circular spline was loaded with an additional torque of
about 200 Nm. Two variants of the calculation were assumed. In the first, the direction of
the torque was consistent with the direction of rotation of the generator (positive) and with
the direction of the circular spline. In the second step, the moment (negative) resisted the
movement of the wheel because it was opposite to the direction of its rotation.

In the graphs shown in Figures 14 and 15, the rotation angle without a load in relation
to the rotation angle of the generator was marked by a black color (0). After the circular
spline was loaded by torque in accordance with its rotation, there was not a clear difference
in the view of the model without load. The graph obtained by numerical calculations for
this calculated variant has a green color (2). Almost every time, the charts for these two
types of cause overlap. Larger discrepancies occurred in the case of loading the circular
spline of torque in the opposite direction. The red-colored figure (2) corresponds to this
case. The largest differences are noticeable after crossing a torque angle equal to 1 radian.
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At this point, the generator stopped and started to rotate in the opposite direction, which
also caused the circular spline to rotate in the opposite direction. Differences in the chart
regarding the reversing and return movement of the generator indicate for both types of
generators the largest differences from the no-load solution. However, the waveform of the
graph for the return rotation (from 1 to a —1 rad) refers to the model with a load opposite
to the direct torque of the wave generator that is mostly parallel to the case without load.
Based on this, it can be assumed that the kinematic error occurs during the change of
directions of the rotating generator. Since during further cooperation the deceleration of
the circular spline did not increase, it was a consequence of the backlash of the cooperating
teeth of both gears and the deformation of the flexspline.
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Figure 14. Rotation angle of circular spline resulting from double-disc generator work.
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Figure 15. The rotation angle of the circular spline resulting from the cam generator work.

In the presented charts concerning hermetic harmonic drive with the do generator
differences and cam generator, we can notice both the shape of the graph and the error
values. The harmonic drive with a cam generator should be rated as more accurate, also
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in the case of its load with torque. It can be concluded that the load of the hermetic
harmonic drive had a significant impact on its kinematic accuracy. This factor can have
little importance by using harmonic drives in space vehicles where gravitation is low, so a
large part of the load can be omitted at a low level. It is also worth paying attention to the
direction of the load of flexspline by outer torque because this factor influences accuracy in
reverse motion.

Harmonic drives are used in the control mechanisms of antennas or manipulators of
space vehicles where there is a continuous change in the direction of rotation. The kinetic
accuracy of reversing movement is in this case a parameter decisive for the usefulness
of harmonic drive. To more accurately check what kinematic errors occurred during the
change of the rotation direction of the generator, the charts of kinematic errors for circular
spline dependent on the rotation angle of the generator were prepared. The charts presented
in Figures 16 and 17 refer to computational models of hermetic harmonic drive with double
disc and cam generator. The charts show the results read based on calculations FEM for
circular spline without outer load. The kinematic errors were shown, so the difference
between the nominal and calculated value of the rotation angle of the circular spline result
of rotate generator about the angle. The graphs include the range of rotating angle ¢ from
—1 to 1 radian relative to the major axis of the generator, which corresponds to the value
¢ = 0 radian. For this purpose, the computational model forced the generator to rotate
initially by 1 radian in the positive direction and then by 2 radians in the negative direction.

In the graphs of both analyzed types of generators, it can be seen that the initial motion
from 0 to A does not follow the same curves as the return motion of the circular spline
from point B to C. After the direction of rotation of the wave generator was changed, the
circular spline was in its position due to the backlash occurring in the meshing. This state
corresponds to the fragment of the graph between points A and B in Figures 16 and 17.
This section is longer in the case of a disk generator, which means that this type of hermetic
harmonic drive will have greater inertia, and therefore lower kinematic accuracy.

0.020
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0.010

0.005

0.000 T T

-1.25 -0.75 -0.25 T 025
-0.005 E

-0.010 /

-0.015 1

0.75 1.25
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Figure 16. The kinematic error of circular spline in reversing motion relative to the angle of rotation
of a double-disc generator.
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Figure 17. Kinematic error of the circular spline in reversing motion relative to the angle of rotation
of a cam generator.

The measured backlash for the harmonic drive with double disc generator was equal
to 1.16 [arc-min], and for the harmonic drive with cam generator, 0.98 [arc-min]. The
values recommended by the producer for harmonic drives in standard execution equal
2.5 [arc-min], whereas the value of the backslash for the special harmonic drive was equal
to 1.5 [arc-min] [19,20]. Both are based on Figures 16 and 17 and values of delay;, it can be
concluded that the recurring error for a harmonic drive with a cam generator is lower than
the case of using a double disc generator. The obtained results clearly indicate that the
cam generator allows one to obtain the highest of all the tested kinematic accuracy of the
toothed wave hermetic transmission, also in the presence of reversing motion.

5. Discussion

The calculations performed confirm the generally known advantage of harmonic
drive—namely, its high kinematic accuracy. Thanks to this study, harmonic drives are
used so eagerly in control mechanisms of machine tools, control systems, robots, and
manipulators [38—40]. The hermetic harmonic drive combines these advantages with
the possibility of tight separation of the engine from the ambient space, which is not
allowed by harmonic drives with standard construction. This opens the possibility of a
wider application of these devices in vehicles and devices operating in space than before.
There, hermetic harmonic drives could be an essential component of antenna, camera,
or solar panels, ensuring high precision in their positioning. The harmonic drives used
should, in addition to hermeticity, ensure the highest possible kinematic accuracy. The
previous studies of the authors and knowledge of the construction show that the type of
generator to make the greatest extent of influences the kinematic accuracy is the harmonic
hermetic drive. The quality of work in hermetic drive also depends on the shape of
the tooth or the construction shape of the flexspline, but the deformation form of the
toothed wheel rim influences the correct operation of the entire transmission. In the FEM
numerical calculation performed, the four types of mechanical generators were analyzed.
Models forcing different forms of deformation were selected but also significantly different
in construction and manufacturing technology. These were two-wave generators: two-
roller, four-roller, double-disc, and cam. Each of the generators has different operating
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characteristics, so it is necessary to determine whether it is possible to use them in control
devices with the required highest kinematic accuracy.

Research on the generator impact of the type on the kinematic accuracy of the harmonic
drive was realized by using the numerical finite element method. The calculations were
realized in the Abaqus program using flat models of a hermetic harmonic drive. The
computational models of all basic elements of the hermetic harmonic drives were their
cross sections created on the basis of full spatial models in the CAD program.

The calculations of kinematic error were done for the nonloaded gear and loaded gear
by torque with a changed direction of action. The size of the backlash that occurs when
changing the direction of rotation of the wave generator was also analyzed. The results of
FEM calculations also stresses distributions on the models but were not the purpose of the
analysis, so they were not discussed in detail. The highest stress levels were observed on
the wheel rim of the flexspline after it was deformed by a two-roll wave generator.

In the first step of the analysis, it was checked how the type of wave generator and
the form of deformation of the flexspline obtained affect the kinematic accuracy of the gear.
For each of the four types of generators, read the values of kinematic error, so the difference
between the expected and real value of the rotation angle of the circular spline and relative
angle of rotation of the generator. The largest kinematic error occurred in the case of roller
generators, and the harmonic drive with a cam generator was the most accurate. However, the
production of the cam generator is much more difficult than that of the roller generators, which
can be easily made by conventional methods. The harmonic drives with roller generators,
although worse results, can still be successfully used as power transmission gears and in
normal quality control mechanisms. However, the kinematic error values for models with
roller generators exceed the recommendations of the literature [23] and manufacturers of
harmonic drives [37,41], so they were not included in the next part of the analysis.

The harmonic drives work under load, so also in the FEM analysis the load of the
circular spline model with the external moment was simulated. The load was first applied
in the direction of rotation of the circular spline and then its direction was changed to the
opposite. In the first step of the calculations, no negative effect of the torque on the value of
the kinematic error of harmonic drive was observed, regardless of its direction. However,
in the second step of the calculations, when the wave generator started to rotate in the
opposite direction after stopping, there were discrepancies between the values of the angle
of rotation of the circular spline without and with the load. The greatest difference occurred
immediately after the change in the direction of rotation of the wave generator, indicating
the clearances on the sides of the teeth. The occurring delays in the angle of rotation of
the circular spline are also influenced by additional and unforeseen deformations of the
flexspline or slippage between the generator and the inner diameter of the flexspline. Based
on results obtained in the FEM calculations, it is clearly shown that the error is greater
when using a disc generator than when using a cam generator.

The values read for both generators are so low that, according to the producers’ rec-
ommendations, they should be classified as harmonic drives with higher than standard
kinematic accuracy. However, it should be taken into account that in real harmonic her-
metic drives, the value of the backlash and also the total kinematic error includes the
torsional stiffness of the flexspline, vibrations of elements, or sliding between all elements
of the kinematic chain. Finally, of all computational models tested, the smallest values
of kinematic error occurred in the hermetic harmonic drive with a cam generator. This
type of harmonic drive is recommended for applications that require the highest kinematic
accuracy. With airtightness in mind, it is recommended to use hermetic gears in devices
that explore new planets or space objects.

The hermetic harmonic drive kinematic accuracy tests confirm its high kinematic
accuracy, which further demonstrates the possibility of its use also in precision mechanisms
and space vehicle control systems.



Appl. Sci. 2023,13, 1694 21 of 22

Author Contributions: Conceptualization, J.P. and A.P.; methodology, J.P.; software, J.P. and D.S,;
validation, D.S., A.P. and ].P.; formal analysis, ].P.; investigation, D.S.; resources, D.S.; data curation,
A.P; writing—original draft preparation, J.P. and D.S.; writing—review and editing, A.P.; visualiza-
tion, D.S.; supervision, A.P. and ].P,; project administration, A.P. All authors have read and agreed to
the published version of the manuscript.

Funding: This research received no external funding.
Institutional Review Board Statement: Not applicable.
Informed Consent Statement: Not applicable.

Data Availability Statement: Not applicable.

Conflicts of Interest: The authors declare no conflict of interest.

References

1. Musser, C.W. Strain Wave Gearing. U.S. Patent 2,906,143, 29 September 1959.

2. Gazda, A,; Pacana, A.; Dusan, M. Study on Improving the Quality of Stretch Film by Taguchi Method. Przem. Chem. 2013, 92,
1000-1002.

3. Siwiec, D.; Pacana, A. A Pro-Environmental Method of Sample Size Determination to Predict the Quality Level of Products
Considering Current Customers’ Expectations. Sustainability 2021, 13, 5542. [CrossRef]

4. Jonsta, P;Jonsta, Z.; BroZzova, S.; Ingaldi, M.; Pietraszek, J.; Klimecka-Tatar, D. The Effect of Rare Earth Metals Alloying on the
Internal Quality of Industrially Produced Heavy Steel Forgings. Materials 2021, 14, 5160. [CrossRef] [PubMed]

5. Han, B,; Chen, Y,; Li, H,; Yang, L. Discrete Model Reference Adaptive Control for Gimbal Servosystem of Control Moment Gyro
with Harmonic Drive. Math. Probl. Eng. 2013, 2013, 897579. [CrossRef]

6. Dong, B.; Liu, K; Li, Y. Decentralized Control of Harmonic Drive Based Modular Robot Manipulator Using Only Position
Measurements: Theory and Experimental Verification. J. Intell. Robot. Syst. 2017, 88, 3-18. [CrossRef]

7. Tjahjowidodo, T.; Al-Bender, E; van Brussel, H.; Symens, W. Positioning Controller for Mechanical Systems with a Mini Harmonic
Drive Servo Actuator. In Proceedings of the 2007 IEEE/ ASME International Conference on Advanced Intelligent Mechatronics,
Zurich, Switzerland, 4-7 September 2007; pp. 1-6.

8. Krishnan, S.; Voorhees, C. The Use of Harmonic Drives on NASA’s Mars Exploration Rover. In Proceedings of the Harmonic
Drive International Symposium, Nagano, Japan, 19 November 2001.

9.  Johnson, M,; Gehling, R.; Head, R. Life Test Failure of Harmonic Gears in a Two-Axis Gimbal for the Mars Reconnaissance Orbiter
Spacecraft. In Proceedings of the 38th Aerospace Mechanisms Symposium, Langley Research Center, Hampton, VA, USA, 17
May 2006; pp. 1-14.

10. Xinjie, Z.; Changxiang, Y. Application of Precision Harmonic Gear Drive in Focusing Mechanism of Space Camera. In Proceedings
of the SPIE, the International Society for Optical Engineering, Dalian, China, 26 April 2010; Luo, X., von Georg, F,, Eds.; SPIE:
Bellingham, WA, USA, 2010.

11. Pacana, A.; Bednarova, L.; Pacana, ].; Liberko, I.; WozZny, A.; Dusan, M. Effect of Selected Factors of the Production Process of
Stretch Film for Its Resistance to Puncture. Przem. Chem. 2014, 93, 2263-2264.

12. Orman, L.J.; Majewski, G.; Radek, N.; Pietraszek, J. Analysis of Thermal Comfort in Intelligent and Traditional Buildings. Energies
2022, 15, 6522. [CrossRef]

13.  Wolniak, R. Downtime in the Automotive Industry Production Process—Cause Analysis. Qual. Innov. Prosper. 2019, 23, 101.
[CrossRef]

14. Foley, S.; Michaud, J. Hermetically Sealed Harmonic Drive Transmission Manufacture. U.S. Patent 5,642,645, 1 July 1997.

15. Matiskova, D.; Balog, M.; Tomaskova, M.; Chomov4, K. Reduction Gearbox Motion Transmission Using a Crankshaft and Bellows.
TEM J. 2020, 9, 1038-1041. [CrossRef]

16. Mathia, K. Robotics for Electronics Manufacturing; Cambridge University Press: Cambridge, UK, 2010; ISBN 9780521876520.

17.  Ueura, K; Slatter, R. Development of the Harmonic Drive Gear for Space Applications. In Proceedings of the European Space
Mechanisms and Tribology Symposium, Toulouse, France, 29 September—1 October 1999; pp. 259-264.

18.  Abramov, V.; Kuzmin, S. Sealed Harmonic Drive with Cylindrical Flexspline. Russ. Eng. J. 1980, 60, 20-21.

19. Shuvalov, S. The Parameters of Precision and Rigidity of Harmonic Rotary Drive. Mach. Build. 1970, 6, 56—62.

20. Istomin, S. Choosing the Geometrical Parameters of the Flexible Wheel of a Hermetically Sealed Harmonic Gear Transmission.
Sov. Eng. Res. 1985, 5, 15-17.

21. Eisen, H.; Buck, C.; Gillis-Smith, G.; Umland, J. Mechanical Design of the Mars Pathfinder Mission. In Proceedings of the 7th
European Space Mechanisms and Tribology Symposium, Noordwljk, The Netherlands, 1-3 October 1997; p. 293.

22. Marian, M. Synteza Falowych Przektadni Zebatych: Zagadnienia Konstrukcyjno-Technologiczne; Oficyna Wydawnicza Politechniki
Rzeszowskiej: Rzeszow, Poland, 1999.

23.  Wiestaw, O. Przekiadnie Falowe; Oficyna Wydawnicza Politechniki Warszawskiej: Warszawa, Poland, 2011.

24. Shen, Y.; Ye, Q. Theory and Design of Harmonic Gear Drive; Mechanical Industry Press: Beijing, China, 1985.


http://doi.org/10.3390/su13105542
http://doi.org/10.3390/ma14185160
http://www.ncbi.nlm.nih.gov/pubmed/34576384
http://doi.org/10.1155/2013/897579
http://doi.org/10.1007/s10846-017-0521-x
http://doi.org/10.3390/en15186522
http://doi.org/10.12776/qip.v23i2.1259
http://doi.org/10.18421/TEM93-27

Appl. Sci. 2023,13, 1694 22 of 22

25.

26.

27.

28.

29.

30.

31.

32.

33.

34.

35.

36.

37.

38.

39.

40.

41.

Deulin, E.A.; Mikhailov, V.P; Panfilov, Y.V.; Nevshupa, R.A. Ultrahigh Vacuum Rotary-Motion Feedthroughs. In Mechanics and
Physics of Precise Vacuum Mechanisms; Springer: Berlin/Heidelberg, Germany, 2010; pp. 167-184.

Pacana, ].; Siwiec, D.; Pacana, A. New Construction Solutions of Gear Using in Space Vehicle Control Systems. Appl. Sci. 2022, 12, 12285.
[CrossRef]

Pacana, J.; Witkowski, W.; Mucha, J. FEM Analysis of Stress Distribution in the Hermetic Harmonic Drive Flexspline. Strength
Mater. 2017, 49, 388-398. [CrossRef]

Pacana, J. The Impact of the Structural Form on the Stress Distribution in a Flexspline of a Hermetic Harmonic Driver. . Theor.
Appl. Mech. 2020, 58, 1049-1060. [CrossRef]

Pacana, J.; Oliwa, R. Use of Rapid Prototyping Technology in Complex Plastic Structures. Part II. Impact of Operating Conditions
on Functional Properties of Polymer Harmonic Drives. Polimery 2019, 64, 216-223. [CrossRef]

Pacana, J.; Oliwa, R. Use of Rapid Prototyping Technology in Complex Plastic Structures. Part I. Bench Testing and Numerical
Calculations of Deformations in Harmonic Drive Made from ABS Copolymer. Polimery 2019, 64, 56—62. [CrossRef]

Pacana, J.; Markowska, O. The Analysis of the Kinematic Accuracy of the Actual Harmonic Drive on a Test Bench. Adv. Manuf.
Sci. Technol. 2016, 40, 47-54.

Ianici, S.; Ianici, D. Influence of the Wave Generator Type on the Stress Distribution in the Flexible Wheel of Double Harmonic
Transmissions. In Proceedings of the IOP Conference Series: Materials Science and Engineering, Novi Sad, Serbia, 6-8 June 2018;
Volume 393, p. 012056. [CrossRef]

Li, X,; Song, C.; Yang, Y.; Zhu, C.; Liao, D. Optimal Design of Wave Generator Profile for Harmonic Gear Drive Using Support
Function. Mech. Mach. Theory 2020, 152, 103941. [CrossRef]

Dudley, D.W. Harmonic Drive Arrengements; McGraw-Hill Publishing Co.: New York, NY, USA, 1962.

Ishikawa, S. The Gear Geometry of Tooth Engagement in Harmonic Drive. Proc. [SME Semi-Int. Symp. 1967, 1967, 94-104.

Piotr, F. Computer-Aided Engineering of Selected Gear Transmission Elements [Wspomagane Komputerowo Konstruowanie Wybranych
Elementow Przektadni Zebatychl; Wydawnictwo Politechniki élaskiej: Gliwice, Poland, 2015.

Reducer Catalog, Harmonic Drive LLC. Speed Reducers for Precision Motion Control. Available online: https://www.
harmonicdrive.net/_hd/content/documents/FB_Component.pdf (accessed on 25 January 2023).

Pacana, A.; Siwiec, D.; Bednarova, L. Method of Choice: A Fluorescent Penetrant Taking into Account Sustainability Criteria.
Sustainability 2020, 12, 5854. [CrossRef]

Korzynski, M.; Pacana, A. Centreless Burnishing and Influence of Its Parameters on Machining Effects. ]. Mater. Process. Technol.
2010, 210, 1217-1223. [CrossRef]

Pacana, A.; Czerwinska, K.; Bendarova, L. Comprehensive Improvement of the Surface Quality of the Diesel Engine Piston.
Metalurgija 2019, 58, 329-332.

Wang, B.; Liu, J.; Wang, C. Measurement and Analysis of Backlash on Harmonic Drive. IOP Conf. Ser. Mater. Sci. Eng. 2019, 542,
012005. [CrossRef]

Disclaimer/Publisher’s Note: The statements, opinions and data contained in all publications are solely those of the individual
author(s) and contributor(s) and not of MDPI and/or the editor(s). MDPI and/or the editor(s) disclaim responsibility for any injury to
people or property resulting from any ideas, methods, instructions or products referred to in the content.


http://doi.org/10.3390/app122312285
http://doi.org/10.1007/s11223-017-9879-z
http://doi.org/10.15632/jtam-pl/127416
http://doi.org/10.14314/polimery.2019.3.7
http://doi.org/10.14314/polimery.2019.1.7
http://doi.org/10.1088/1757-899X/393/1/012056
http://doi.org/10.1016/j.mechmachtheory.2020.103941
https://www.harmonicdrive.net/_hd/content/documents/FB_Component.pdf
https://www.harmonicdrive.net/_hd/content/documents/FB_Component.pdf
http://doi.org/10.3390/su12145854
http://doi.org/10.1016/j.jmatprotec.2010.03.008
http://doi.org/10.1088/1757-899X/542/1/012005

	Introduction 
	Impact of Type of Generator on Flexspline Deformation Form 
	Preparation of Numerical Calculations 
	Results 
	Discussion 
	References

