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1. Introduction

In a publication of Petrenko and Stein [1], it is demonstrated that “the feasibility of the theory of
extended multiphonon electron transitions” [2—-4] “for the description of optical spectra of polymethine
dyes and J-aggregates using quantum chemistry”. A recent publication by the same authors [5]
“demonstrates the feasibility and applicability of the theory of extended multiphonon electron
transitions for the description of nonlinear optical properties of polymethine dyes using quantum
chemistry and model calculations”. About twenty years have passed since the first publications
on the theory of extended multiphonon electron transitions [2—4], however, apart from the author
of this theory and this paper, only Petrenko and Stein managed to use their results constructively,
despite their promising character [1,5,6], and despite the fact that for a long time, the new theory has
been constantly in the field of view of a sufficiently large number of researchers (see, e.g., [7-31]).
The low demand in practice for the new, promising theory is associated not only with its complexity
(however, we note that this theory is the simplest theory of all its likely future and more complex
modifications [6]), but also with an insufficiently clear presentation of its physical foundations in
the author’s pioneering works [2-4]. This lack of clarity is expressed, in particular, in the title of
the new theory as “the theory of extended multiphonon electron transitions”, which, following the
pioneering articles of the author, is used by Petrenko and Stein in their articles. Over the past twenty
years, the physical interpretation of the new theory has been significantly improved by the author,
as expressed in his recent review [6], as well as in a number of publications preceding it [32—41].
However, these results on improved physical interpretation are not taken into account by Petrenko
and Stein [1,5]. This shortcoming can be compensated by a concept review of the author, according to
which, for example, it would be more correct to present the new theory not as “the theory of extended
multiphonon electron transitions” [1-5], but as dozy-chaos mechanics [6], in other words, not as some
effective but nevertheless particular theory, but as a fundamentally new and universal approach to the
theoretical description of the dynamics in the transient state of elementary physico-chemical processes.
This concept review is provided below and is intended for a wide audience.
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2. Dozy-Chaos Mechanics on a Qualitative Level of Consideration

2.1. Full-Fledged Electron-Nuclear Motion in the Transient State of Molecular Quantum Transitions,
Singularity in Their Rates, and the Franck—Condon Principle as a Primitive Singularity Damper

Quantum mechanics as a fundamental theory and the main component of modern theoretical
physics works well in atomic and nuclear physics, but it stops working as well in molecular and
chemical physics. The reason for this is the appearance of a singularity there in the probabilities of
quantum transitions per unit time or, in other words, in the transition rate constants when going beyond
the adiabatic approximation [6]. As is well known, the Born—-Oppenheimer adiabatic approximation
(see [6,42] and references therein), which is the basis of modern molecular physics, solid state physics,
quantum chemistry, and other disciplines, allows us to solve problems related to the elucidation of the
structure of physical and chemical objects. It is based on the use of a huge difference in the masses of
light electrons and heavy atomic nuclei, which leads to a very fast adjustment of the distribution of the
electron charge to the motion of slowly moving nuclei. As a result, the electrons form an electrical
potential in which the nuclei make their oscillations. In the adiabatic approximation, only the motion
of nuclei is dynamically full-fledged; the electrons play a dynamically passive role, which is reduced
exclusively to the formation of electric potential for the motion of nuclei. When the molecule is optically
excited, it is assumed that the quantum transition of an electron occurs at the turning point of the nuclei
making classical oscillations. This assumption constitutes the essence of the Franck—Condon principle
(see [6,42] and references therein), which is introduced into molecular physics as some addition
to quantum mechanics for calculating the rates of molecular quantum transitions. Thus, with the
standard consideration of molecular quantum transitions, that is, consideration within the framework
of quantum mechanics in the adiabatic approximation, supplemented by the Franck-Condon principle,
the motion of electrons is dynamically primitive, under which there is a forbiddance on the exchange
of energy and motion between electrons and nuclei. This forbiddance can be removed if we go beyond
the adiabatic approximation, thus ensuring, along with the nuclei, a full-fledged dynamic for electrons.
However, in this case of the dynamically full-fledged motion of both nuclear and electronic subsystems
of the molecule, due to the incommensurability of the masses of these strongly interacting (according
to Coulomb’s law) subsystems, we get a singularity in the rates of quantum transitions. We dampen
this singularity in the framework of the so-called dozy-chaos mechanics [6], see details below. In the
standard molecular quantum mechanics, which is not singular only in the adiabatic approximation and
thanks to it, both the adiabatic approximation and the Franck-Condon principle itself play together the
role of such a damper of the singular transition rates [6]. In contrast to the adiabatic dynamics, where
electrons are dynamically primitive, while nuclei oscillate, the Franck—-Condon principle makes the
motion of electrons to be full-fledged when they perform a quantum jump at turning points of nuclei,
that is, where the fixed nuclei are dynamically primitive. It is the cases of this kind of “shutdown”
from the full-fledged dynamic process of one of the subsystems of the molecule, electrons or nuclei,
which ensure the true applicability of quantum mechanics to molecular systems [6].

2.2. Potential Box with a Movable Wall and Dozy Chaos as a Damper of the Singularity

The aforementioned singularity and the possibility of its damping can be easily demonstrated
by the example of a one-dimensional potential box with one movable wall, which is connected to
the abscissa axis by a certain movable hinge (Figure 1). Suppose that this hinge can be both ideal
and non-ideal, that is, to ensure the movement of the wall along the abscissa axis with absolutely no
friction, and with some friction. Suppose that the case of infinitely large friction, or in other words, the
case of an absolutely fixed wall corresponds to some primitive model of an atom. Then both cases with
a movable wall moving without friction and with friction, we are forced to attribute to some primitive
model of the molecule, where the movement of the wall models the reorganization of its nuclear
subsystem as a result of the electronic transition. It already follows from the aforementioned evaluative
judgments (Section 2.1) that standard quantum mechanics is not able to describe theoretically molecules
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and molecular systems in their entire dynamic completeness. It can describe them only in stationary
states, taken in the adiabatic approximation, which in our model correspond to the case of a fixed
wall, by which, in turn, we simulate an atom. It can be said that the adiabatic approximation reduces
the problem of the theoretical description of a molecule to the problem of describing an atom, in
which the dynamics of a quantum transition can, as a rule, be neglected. What cannot be said about a
molecule, in which the dynamics of a quantum transition cannot be neglected, since, in addition to the
electronic transition, there is a reorganization of the nuclear subsystem, which is forced to adjust to the
distribution of the electron charge in a new electronic state. Such a reorganization, as we indicated
above, corresponds to the displacement of the wall of the potential box during the electronic transition
in our primitive model of the molecule.
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Figure 1. Singularity in the rate of molecular quantum transitions: a potential box with a movable wall
(a) and the optical absorption band shape dependent on the dozy chaos available to a given quantum
transition (b); the band shape with the strongly pronounced peak (J-band) corresponds to the least
dozy chaos [37]. The wall is fastened to the abscissa axis by a freely movable hinge and can move with
a certain friction or without friction against the axis. Such a wall simulates the environmental nuclear
reorganization in the molecular “quantum” transitions, where dozy chaos plays the role of friction.
In the theory [6], this results in the dozy-chaos dependent optical absorption band being displaced
to the red spectral region and narrowed (b). The position, the intensity and the width of the optical
absorption band are determined by the ratio between the dozy-chaos energy y and the reorganization
energy E (see Section 3). The smaller the value of y is, the higher the degree of organization of the
molecular “quantum” transition, and the more the intensity and less the width of the optical band (b).
The position of the wing maximum is determined by the energy E, whereas the position of the peak is
determined by the energy y [37]. (Original citation)—reproduced by permission of The Royal Society
of Chemistry.

Suppose first that the hinge fastening the wall to the abscissa axis is ideal, and in the process of
electronic transition caused, for example, by optical excitation from the ground state, our wall can
move along the abscissa axis without friction. As is known, in the case of a quantum transition of an
electron from the ground state to the first excited state, there occurs a redistribution of the electron
charge, concentrated in the middle of the potential box, towards its edges. Such a redistribution of
the charge causes pressure on its walls, with the result that the movable wall comes into very rapid
motion. This, in turn, leads to a rapid and unlimited increase in the width of the potential box, with
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the result that the energy level of the excited electronic state rapidly tends downward to coincide with
the energy level of the ground state. As a result, the rate of the electron transition tends to infinity, in
other words, we have a singularity in this rate.

If the hinge fastening the wall with the abscissa axis is not ideal, that is, in the process of an
electron transition the wall moves with some friction, then during the transition the wall will not have
time to go to infinity, and the rate of the electron transition will have a normal finite value. Such a
wall movement with friction in a potential box corresponds to the chaotic nature of the reorganization
of the nuclear subsystem in a molecule during an electron transition in it. This chaos is called
dozy chaos [32,33] (Figure 1), since it occurs in the nuclear and electronic motion in the process of a
“quantum” transition (in a transient state) only and is absent in the initial and final (adiabatic) states [6].
Due to dozy chaos, the energy spectrum of the electron and nuclear movements in the transient state
is continuous, which corresponds to the classical nature of the motion of both the nuclei and the
electron. Such a classical motion of electrons and nuclei in a transient state is no longer described by
standard quantum mechanics. On the other hand, the structures of the electron—nuclear system of the
molecule in the ground and excited states, due to the reorganization of both the electron and nuclear
subsystems, differ sharply and are described, as a rule, quite well within the framework of the adiabatic
approximation in standard quantum mechanics. Thus, the initial and final states of the molecule can be
regarded as quantum states, whereas the transient state is chaotic and of the classical nature. Therefore,
molecular quantum transitions can be called dozy-chaos transitions. The corresponding new theory
that describes these dozy-chaos molecular transitions is called dozy-chaos mechanics [6]. The simplest
example of dozy-chaos mechanics is dozy-chaos mechanics of elementary electron—charge transfers in
condensed media in chemical physics [6]. To date, on the basis of this new theory, it has been possible
to systematically explain a large amount of experimental data on the optical spectra of polymethine
dyes and their various aggregates [1,5,6,39], as well as a number of other fundamental experimental
data in physical chemistry [6].

3. Dozy-Chaos Mechanics: Hamiltonian, Green’s Function, and Dozy Chaos

The Hamiltonian for the theoretical description of the elementary electron transfers between its
donor 1 and acceptor 2, which are immersed in a condensed medium, has the form [2-4,6,32,33,37,39,41]

2 1 92
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where m is the effective mass of the electron, r is the electron’s radius vector, g, are the real normal
phonon coordinates, wy are the eigenfrequencies of normal nuclear vibrations, and « is the phonon
index; ), Vi(r)gx is the electron—phonon coupling term. In comparison with the Hamiltonian in the
standard theory of many-phonon transitions (see [43]), in the theory of elementary electron transfers
the Hamiltonian is complicated merely by an extra electron potential well V,(r — L) set apart from the
original well V7 (r) by the distance L = |L| [3,4]. The nuclear reorganization energy E (see Section 2.2
and Figure 1) is defined as follows [6,39,41]

— 1 =2
E — E; ﬁa)KqK/ (2)

where 7, are the shifts of the normal phonon coordinates g,, which correspond to the shifts in the
equilibrium positions of the nuclei, caused by the presence of an electron in the medium on the donor
1 or on the acceptor 2.

As shown in [3,4,6], within the framework of standard quantum mechanics, the taking into
account of the dynamics of the transient state by the Green’s function method using Hamiltonian (1)
leads to a significant singularity in the rates of “quantum” transitions. This singularity is the result of a
full-fledged account of the dynamic interaction of light electrons and very heavy nuclei in the transient
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state [6,32,33,37,39,41] (see Section 2.1), in other words, the consequence of considering their joint
motion beyond the Born-Oppenheimer adiabatic approximation and the Franck-Condon principle
(see [6,42] and references therein). This singularity can be easily demonstrated by the example of a
one-dimensional potential box with a moving wall [6,32,33,37,39,41] (Section 2.2). In this example, the
box is a primitive model of a molecule or electron donor-acceptor system, and the moving wall models
the reorganization of the nuclear subsystem of the molecule or the reorganization of environmental
nuclei [6].

The general expression for the spectral representation of the total Green function of the system G
has the form:

, Ys(r,q) ¥s+(r,q
Gulrr’; 0.4’ EH):Z‘ SEH—EZ —(iy )' X

where ¥;(r, q) are the eigenfunctions of the total Hamiltonian of the system, in our case, the Hamiltonian
(1); (r,q) is the set of all electronic and nuclear coordinates; E; are the eigenvalues of H, and Ep is the
exact value of the total energy of the system; iy (y > 0) is the standard, infinitesimally small imaginary
additive, the energy denominator vanishes when y = 0. The aforementioned singularity in the rates of
“quantum” transitions is eliminated by replacing y in the energy denominator of the Green’s function
(3) with a finite quantity [2-4,6,32,33,37,39,41]. Such a replacement serves as the basis for constructing
a new theory—dozy-chaos mechanics of elementary electron transfers in condensed matter [6].
Successful comparison of the new theory with a large number of experimental data, for example,
on the optical spectra of polymethine dyes and their aggregates shows that the y value far exceeds the
magnitude of the quantum of nuclear vibrations fiw: y >> hiw. The energy y could be interpreted as
the width of the electron-vibrational energy levels in the transient molecular state, which provides the

exchange of energy and motion between the electron and the nuclei in the transient state. However, due
to the anomalously large y values indicated above, this exchange occurs so intensely that it leads to dozy
chaos [32,33] in the motion of both the vibrating nuclei and the electron itself (Section 2.2). Dozy chaos is
a mix of chaotic motions of the electronic charge, nuclear reorganization, and the electromagnetic field (dozy-chaos
radiation) via which the electrons and nuclei interact in the transient state [35,36]. The energy y is called
dozy-chaos energy [32,33] (see Figure 1). Since the electron is a light and mobile elementary particle in
comparison with heavy nuclei, it is precisely the electron that provokes chaos in the vibrational motion
of nuclei in the transient state to coordinate their spatial configuration with the new distribution of
the electron charge in the final state. Thus, from a physical point of view, we are talking about the
discovery in theory of a new property of an electron [6]. In atoms, an electron makes quantum jumps from
one discrete energy level to another, while in molecules, to transfer from one adiabatic state to another,
the electron provokes chaos in the vibrational motion of nuclei to control their motion in the transient
state. In other words, a light electron, by provoking dozy chaos, shifts the very heavy nuclei to new
equilibrium positions of their vibrational motions. Therefore, the new theory is called dozy-chaos
mechanics [6] (Section 2.2). On the other hand, this name of the theory follows from the fact that
it is a generalization of the well-known theory of many-phonon transitions [43], which, in turn, is
a quantum mechanics of condensed matter, which takes into account the reorganization of nuclear
vibrations during electron transitions. This generalization consists in taking into account the chaotic
electron—nuclear dynamics in the transient state [6].

It is known from the theory of many-phonon transitions [43] that the main contribution to the shifts
of the normal phonon coordinates during electron transitions and, accordingly, to the reorganization
energy E (Equation (2)) is made, as a rule, by optical phonons, which are often considered in the
framework of the Einstein model w; = constant = w. The dozy-chaos energy y can be considered in a
sense as the imaginary part of a complex reorganization energy in which the reorganization energy E
is its real part [37]. Moreover, as the comparison of theory with experiment shows, the energy v is
comparable to the energy E: 0.1 E <y < 3 E [2-4,32,33,37-39,41]. Therefore, it can be assumed that
the main mechanism of the occurrence of dozy chaos is determined by the interaction of the electron
(its charge and spin) with the bound (induction) electromagnetic field of optical phonons. A more
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definite answer to this question can be obtained in the framework of the future quantum-classical
electrodynamics, which will be a generalization of dozy-chaos (quantum-classical) mechanics, just as
standard quantum electrodynamics [44-46] is a generalization of quantum mechanics [47,48].

4. Dozy-Chaos Mechanics, Quantum Mechanics, and Classical Mechanics: Some Analogy

The aforementioned replacement of the y value in the energy denominator of Green'’s function
by its finite one, which eliminates the singularity in the rates of molecular “quantum” transitions
(Section 3), takes physical theory beyond the scope of quantum mechanics and provides us with
dozy-chaos mechanics, similar to how the introduction of the finite value of the elementary action, the
Planck constant #, which eliminates the singularity in the spectrum of an absolutely black body [49]

hO3 1 kgT
O,T)= ,(h—0,f(QT) = —=
fQ,T) 4722 exp(hQ)/kpT) — 1 (h=0,£(.T) 4722

2 2
), (0 T) = HAFET) @

took the physical theory beyond the scope of classical mechanics and gave us subsequently quantum
mechanics itself (() is the circular frequency of the radiation, and T is the absolute temperature;
see Figure 2) [6].
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Figure 2. Distribution function of black light ¢(A, T) (Equation (4)) and singularity in this function
in the framework of classical mechanics (on the right). The wavelength A, indicated on the x-axis,
corresponds to the frequency () by the standard formula A = 27ic/Q) (c is the speed of light in vacuum).

5. Dynamic Electron-Nuclear-Reorganization Resonance

One of the main results of dozy-chaos mechanics is a dynamic electron—nuclear-reorganization
resonance (the so-called transferon resonance) [3,4] (see also [6]) or, according to [5], the Egorov resonance

(27) " =17, ®)

where 7, is the characteristic time of motion of the electron in the donor—acceptor system, and
is the characteristic time of motion of the reorganization of nuclear vibrations in the environment.
These times are obtained by the following equations

L

_ 6
V2J1/m ©
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where L is the distance between the donor and the acceptor of an electron (L is equal to
the length of the polymethine chain—the main optical chromophore of polymethine dyes, see
Section 7) [2-4,32,33,37,39,41], J1 is the binding energy of the electron on the donor 1 (electronic energy
of the ground state of the dye) [2—4,32,33,37,39,41], and

T= E’ (7)

where E is the energy of reorganization of the nuclear vibrations in the medium (see Section 3,
Equation (2)). Thus, the Egorov resonance is the resonance between the characteristic frequency
associated with the motion of the electron in the space between its donor and the acceptor and the
characteristic frequency associated with the movement of the reorganization of the nuclei of the
environment in which the donor and acceptor of the electron are immersed. In other words, the Egorov
resonance is an important special case in the dynamics of the transient state of elementary electron
transfers in condensed matter [6,39,41].

6. Absorption and Luminescence Spectra

The energy hQ) of the absorbed photon and the heat energy A [43] are related by the law of
conservation of energy:
hQ=J1-Ja+A, )

where J; is the electron binding energy on the acceptor 2 and the quantity A defines the thermal effect
energy (the heat energy) in elementary electron-transfer processes. The wavelength A, indicated on
the x-axis in Figure 4 below, corresponds to the frequency () in Equation (8) by the standard formula
A = 21t/ Onyer (Myefy is the refractive index). The conservation law (Equation (8)) corresponds to the
entire shape of the optical band as a whole: by varying the heat energy A, we vary the frequency of
light () and determine one or another part of the absorption band [2-4,6,32,33,37,39,41,43].

In the analytical result for the shape of the optical bands of polymethine dye monomers and their
J-aggregates [2—4,6,39,41], the transition from absorption spectra to luminescence spectra is carried
out by changing the sign before the heat energy A (A — —A) [41,43] and the length of the optical
chromophore (electron-charge-transfer distance) L (L — —L) [41].

7. Optical Electron-Transfer-Polymethine-Chain Chromophore

The simplest example of the considered molecular “quantum” transitions with the dynamics of
their transient states taken into account is the “quantum” transitions in the main optical chromophore of
monomers of polymethine dyes placed in a solvent—in the system “polymethine chain + environment”.
According to the concept of the so-called ideal polymethine state (IPS), formulated by Dahne [50], the
main element of a chromophore in the monomer of polymethine dyes—the polymethine chain has a
markedly extended m-electron-charge density. It strongly alternates along the quasi-linear polymethine
chain and is alternately redistributed on optical excitation (see Figure 3) [51].

O 1
VePe e ete ™ @

Figure 3. Ideal polymethine state (IPS) [50,51]. Charges reside on carbon atoms of the polymethine
chain in the ground state; charges: 1, positive; 2, negative [37]. The polymethine chain length L is
defined as the distance between nitrogen atoms N. (Original citation)—Reproduced by permission of
The Royal Society of Chemistry.

For the first excited state of IPS, the moment of electron transition is directed along the
polymethine chain [51], and this corresponds to the elementary electron-charge transfer along the
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chain [2-4,32,33,37,39,41]. Therefore, in Equations (1) and (6) (see Sections 3 and 5, respectively)
the distance L can be regarded as the polymethine chain length (see the caption to Figure 3).
The thiapolymethinecyanine discussed in Section 8 belongs to IPS.

The specific alternating charge structure of the quasi-linear polymethine chain allows almost
neglecting tunnel effects of electron-charge transfers between neighboring carbon atoms inside the
chain and so to reduce completely the problem of the electron charge alternately redistributed on
optical excitation to that of electron transfer to the distance L with the tunnel parameter n < 1 which is
taken close to unity [2—4,32,33,37,39,41].

In addition, due to the sufficiently long quasi-linear polymethine chain, one can neglect nuclear
motion in a chain itself in the transient state and only take into account the interaction of electron-charge
transfers with the nuclear environment [2-4,32,33,37,39,41]. Such a physical picture is clearly confirmed
in the Egorov resonance (Equations (5)—(7)) region by quantum-chemical calculations [1,5] for
thiacyanine [1] and thiapyrylocyanine [5].

8. Implementation of the Dynamic Electron-Nuclear-Reorganization Resonance in the Optical
Band Shape

Experimentally, the dynamic electron—nuclear-reorganization resonance (the Egorov resonance,
see Section 5) manifests itself, for example, in polymethine dyes [2-4,32,33,37,39,41], namely, in the
resonance nature of the dependence of the shape of the optical absorption band on the length of the
polymethine chain L (see Figure 4). The optical band with n = 3 corresponds to the Egorov resonance
or is close to it.

(a) (b)
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Figure 4. Experimental [52,53] (a) and theoretical [4] (b) monomer’s optical absorption spectra
dependent on the length of the polymethine chain L = 2(n+ 2)d, where d are certain roughly
equal bond lengths in the chain (thiapolymethinecyanine in methanol at room temperature; ¢ is
the extinction coefficient) [37,39,54]. The optical absorption band with n = 3 corresponds to the
dynamic electron-nuclear-reorganization resonance (the Egorov resonance, see Section 5) or is close to
it. (Original citation)—reproduced by permission of The Royal Society of Chemistry.

The weakening of the interaction of the electron with the medium as a result of the transition from
a more polar solvent to a less polar solvent, that is, when moving to the smaller values of the nuclear
reorganization energy E, leads, according to Equations (5)—(7), to a shift of the Egorov resonance to the
region of larger lengths L of the polymethine chain [1,39], which is consistent with experimental data in [55].

9. Dozy-Chaos Mechanics and the Franck—-Condon Principle

We note that the Franck—Condon principle itself, which involves the classical motion of nuclei
“towards” a quantum electronic transition at their turning point (Section 2.1), essentially serves as
a prerequisite for creating dozy-chaos (quantum-—classical) mechanics [6]. However, an attempt to
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formalize the Franck—Condon principle in the framework of quantum mechanics leads to a singularity
in the rates of “quantum” transitions, which is eliminated in a regular way only in dozy-chaos
(quantum-classical) mechanics [6].

10. Conclusions

As it follows from Section 1, future research should focus on generalizing dozy-chaos mechanics
to nonlinear optical processes, which are important in a variety of applications [5], in particular, in
the imaging of cancerous tumors [56] and cells [57] and in photodynamic therapy [58,59]. Based on
the dozy-chaos mechanics of nonlinear optical processes, the optical resolution of the corresponding
medical devices can be improved.

On the other hand, from the point of view of theoretical physics, it is of interest to formulate
dozy-chaos mechanics in which the initial Hamiltonian is Hermitian (see Equation (1)) [6], as in the
well-known theory of many-phonon transitions [43], in the language of non-Hermitian Hamiltonians
(see, e.g., [60-67]). In other words, it is of interest to solve the inverse problem: by the form of the
complete Green function of the system (Equation (3)), in which the infinitesimal imaginary additive
iy in the energy denominator of its spectral representation is replaced by a finite value, to find the
form of the original non-Hermitian Hamiltonian that corresponds to such a modified Green function.
In dozy-chaos mechanics, in contrast to the initial Hermitian Hamiltonian with linear electron-nuclear
(—phonon) interaction (term Y., Vi (r)gy in Equation (1)), in the non-Hermitian Hamiltonian obtained
from the solution of the inverse problem, the electron—nuclear interaction can turn out to be nonlinear.

If we consider our commitment to the axiomatic construction of fundamental physical theories
based on the Hamiltonian formalism being unshakable, a successful solution of the inverse problem can
raise the status of dozy-chaos mechanics to the status of quantum mechanics and classical mechanics.
This new quantum mechanics, taking into account the classical nature of the transient electron—nuclear
state, could then be called quantum-classical mechanics, which, however, has already been made in
advance in [6,41].

It is well known that the basic dynamic equation of quantum mechanics, the Schrédinger equation,
is an analytical analogue of the Hamilton—Jacobi equation for action in classical mechanics. What is the
analogue of the Schrédinger equation in quantum-—classical mechanics? Is there such an analogy?
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