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Abstract: The growth of power-electronic-based components is inescapable in future distribution
grids (DGs). The introduction of these non-linear components poses many challenges, not only
in terms of power quality, but also in terms of stability. These challenges become more acute
when active loads are behaving as generators and power is flowing in reverse direction.
The frequency-domain-based impedance modeling methods are preferred for small signal stability
analysis (SSSA) of DGs involving such non-linear components. The harmonic linearization method
can be used for impedance estimation, and afterwards, the Nyquist stability criterion can be used for
stability analysis. In this paper, a parametric-based stability analysis of grid-connected active loads at
the point of common coupling (PCC) is done by changing the parallel clustering distance and size of
active loads. The results verify a positive impact on the stability of increasing parallel clustering and
distance from the PCC and a negative impact of increasing the size of individual active loads.

Keywords: DC-AC power converters; frequency-domain analysis; impedance-based model; Nyquist
stability analysis; small signal stability analysis; harmonic linearization

1. Introduction

Electrical energy is the global source of energy, and every device in the future will eventually
switch to the electric source of energy. It is necessary to not only utilize every possible resource
of energy, but also make the transmission system as efficient, reliable, and stable as possible.
The worldwide integration of renewables and other power electronic (PE)-based resources at
distribution grids (DGs) is an effort to meet this ever-increasing energy demand [1–3].

The PE-based components, which are non-linear devices and draw/deliver constant power, have
a dominant role in the future DGs [4–7]. It is expected from the PE-based active loads to give support
to the grid under the IEEE-1547 grid integration code [8]. These PE-based non-linear devices behave as
negative impedances and have a constant power nature, so traditional stability methods are unable to
deal with these [9–13]. The growth and clustering of these new PE-based components at or near the
point of common coupling (PCC) may lead to the instability of DGs [14–19].

In the frequency domain, the impedance-based modeling methods are used for small signal
stability analysis (SSSA), where the impedances are estimated at the PCC to apply the stability
criterion. Two frequency domain impedance-based SSSA modeling methods are harmonic
linearization (HL) [20–22] and the impedance estimation method used for balanced three-phase system
transformation into the synchronous reference frame (SRF) [23–27]. A comparative analysis for different
stability analysis techniques is given in Table 1.
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Table 1. Comparative analysis of different stability techniques [20,28–33]. SRF, synchronous
reference frame.

Model Disadvantages Reference

Lyapunov
Methods (Time
Domain)

A detailed system modeling is required for this method, so it does not
work well for complex large systems. Its converter model is unable to
capture the harmonic effect.

[28,29,31,33]

Probabilistic
Methods (Time
Domain)

It requires huge computational effort, so this method is very time
consuming. Inaccurate first approximation may lead to faulty conclusions.
Not all applied schemes work for complex large systems.

[32]

Phasor Model It is often not differentiable due to significantly higher dimensions. [20]

Bifurcation
Theory

It is slow in the time domain and more complicated in the frequency
domain for a higher order system.

[30]

SRF Method Limited to only balanced three-phase systems. [20,33]

In the SRF method, the balanced three-phase shunt current perturbation is used for impedance
estimation [24,34–36] with the automated unit as presented in [36,37]. The impedance can be measured
in real time with negligible additional cost [21,22,25,38–43] by this method. The limitation of the
SRF method is that it can only be used to extract the impedances for balanced three-phase systems.
This method is unable to capture harmonic effects. This method does not work for a system that is a
combination of single- and a three-phase system. Furthermore, this method cannot be used for such a
three-phase system in which one specific phase is heavily loaded as compared to the other phases or
for an unbalanced system when a fault or other abnormal conditions occur [20,33]. In these scenarios,
the zero-axis component is not zero, so the model cannot be linearized by using the SRF method to
extract the impedances [20].

HL can be used without the limitations of SRF and is generally applicable to all kinds of AC
systems. It can be used for a balanced three-phase system, a single-phase system, an unbalanced
three-phase system having harmonics, and a three-phase system having one phase heavily loaded
as compared to the other phases [20,33]. This method decomposes the AC system into linear and
time-invariant symmetrical components without cross-coupling between them. Here, HL has many
advantages over the other methods.

In this paper, the three-phase harmonic shunt-current-injection technique is used to introduce
harmonic current perturbation at the PCC. The resultant harmonic voltage and harmonic current
components on the source side and load side respectively are used to estimate the source and load side
impedances by using the HL technique.

2. System Modeling Using HL

In this technique, the impedances of the non-linear system are extracted by superimposing a
specific harmonic component. Superimposing a specific harmonic component involves two steps:
firstly, harmonic perturbation is introduced into the system at the PCC, and secondly, the system
response is monitored by using symmetrical components (positive, negative, and zero components).

To estimate the impedances, the perturbation source is switched in at the PCC to inject the
perturbations into the system. This perturbation source should have a perturbation magnitude
significantly higher than the magnitude level PCC to have an impact at the PCC. Current perturbations
are usually preferred because these are used in shunt configuration (as shown in Figure 1) as compared
to voltage perturbations used in series configuration [24,34]. There are two basic methods, one based
on electronic circuits and the other based on wound rotor induction machines, to switch in shunt
current perturbations’ source for practical impedance estimation [34]. After injecting the perturbations
at the PCC, the corresponding change in the source side and load side parameters (voltages and
currents) is measured.
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Figure 1. Current perturbation injection in the shunt configuration.

The Nyquist stability criterion (NSC) and/or Bode plot stability criteria are applied after developing
the impedance-based model for the stability analysis in the frequency domain. Mostly, NSC is applied to
verify the stability of the interconnected systems after extracting the impedances of both sides at the PCC.

The HL technique can deal with the positive and negative components of symmetrical components
separately by using the property of linear time-invariant (LTI) systems. The system is stable only if all
the components of the sequence domain are stable.

In the HL technique, specific harmonic perturbations are injected at a specific point, usually at the
PCC. The old and new values of voltages and currents are measured both at the source side and load
side. From the ratio of voltages and currents, the impedances are extracted from both the source and
the load side.

This technique estimates the stability of the overall system at the PCC after extracting impedances
through symmetrical components by developing a linear model (along a periodically time-varying
operation trajectory) of the AC system having non-linear components. This operation trajectory
may consist of any single harmonic or a collection of multiple odd harmonics for impedance
extraction. The corresponding impedances in the sequence domain are extracted by using the harmonic
balance principle [44] and small-signal approximation, assuming that the harmonic perturbation is
sufficiently small.

To ensure the power quality and grid stability, it is necessary that the grid interconnection of
active loads be carefully examined. The objective of this work is to estimate and establish the pattern
of small signal stability (SSS) in relation to the varying sizes, penetration level, and distances of the
active loads from the PCC (as shown in Figure 2) to assess the stability of the distribution grid. Figure 2
describes how the size, distance, or penetration is changed for comparative stability analysis.
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Figure 2. Comparative stability analysis of grid-connected active loads at the point of common coupling
(PCC) with changing size, distance, and penetration.

3. Mathematical Modeling of the Impedances at the PCC

By applying the concept of the feedback control system on the simplified power system shown in
Figure 3, the transfer function with Vl(s) as output, Vs(s) as input, Z1(s) as forward gain, and Zs(s) as
reverse gain is given in (1).

[Vl(s)]
[Vs(s)]

=
1

1 + [Z1(s)][Zs(s)]−1 (1)

+

_

Figure 3. Simplified power system as a feedback control system.

The open loop gain, L(s) can be extracted by rearranging (1) as given in (2).

Vl(s) = [1 + [Z1(s)][Zs(s)]−1]−1[Vs(s)] (2)

The stability can be determined by applying the NSC and only observing the Nyquist contour of
the open loop transfer function, as given in (3).

L(s) = [Z1(s)][Zs(s)]−1 (3)

The transfer function of this power system can be determined in terms of input voltage Vs and
output voltage Vl , as shown in (4), where the term 012 (zero-positive-negative) represents that the
quantities are in the HL.

Vl(012)(s)
Vs(012)(s)

=
1

1 + [Zl(012)(s)][Zs(012)(s)]−1 (4)
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This can be rearranged as given by (5) to extract the open loop gain L(s) to apply the NSC on the
open loop gain in (3).

Vl(012)(s) =
Vs(012)(s)

1 + [Zl(012)(s)][Zs(012)(s)]−1 (5)

Since the HL technique uses the symmetrical components for stability analysis, therefore relations
are expressed in terms of the symmetrical components.

By increasing the parallel clustering of the active loads, at a specific frequency, the effective value
of the load side impedance decreases at the PCC as shown in Figure 4 and as given by (6), where Za is
the impedance of non-linear active loads connected at the PCC.

1
Za

=
1

Za1
+

1
Za2

+
1

Za3
+

1
Za4

+ ... +
1

Zan
(6)

+

_

Zs

vs vl
Za1 Za2 Za3 ZanZa4

Z  = 0d

Figure 4. The effect of increasing penetration on load side impedance.

The total load side impedance Zl can be expressed as given by (7).

Zl = Zd + Za (7)

On the other hand, by increasing serial clustering (size) at the PCC, at a specific frequency, the
effective value of load side impedance Zl increases, as shown in Figure 5 and as given by (8).

Zl = Za1 + Za2 + Za3 + Za4 + ... + Zan + Zd (8)

If (8) is compared with (7), it is clear that the value of Za = Za1 + Za2 + Za3 + Za4 + ... + Zan is
increasing with size while Zd remains constant.

+

_

Zs

vs vl
Za1 Za2 Za3 ZanZa4

Z  = 0d

Figure 5. Effect of increasing the size on load side impedance.

Finally, by increasing the distance from the PCC, at a specific frequency, the effective value of
the load side impedance Zl decreases. This is because as the distance increases, the contribution of
non-linear active load impedance in total series impedance decreases, as shown in Figure 6 and as
given by (9).

Zl = Zd1 + Zd2 + Zd3 + Zd4 + ... + Zdn + Za (9)

If (9) is compared with (7), it is clear that the value of Zd = Zd1 + Zd2 + Zd3 + Zd4 + ... + Zdn is
increasing with distance, while Za remains constant.
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Figure 6. Effect of increasing distance from the PCC on load side impedance.

In the impedance-based method, the perturbations are injected into the distribution system with
the perturbation injection point dividing the system into two parts. The part with larger AC sources is
called the source side, and the other part is called the load side.

The first step to determine the impedance is to superimpose the harmonic perturbation over
the fundamental carrier signal. Then, the second step is to determine the resultant change in the
response of that specific harmonic component at the frequency of interest. The fundamental or any
other single harmonic, as well as multiple harmonics can be superimposed on the original power wave
to extract the impedances. The current perturbations are injected into the system in shunt, as shown in
Figure 1. Three-phase AC voltage and current are converted into symmetrical components at the point
of injection. The source and load impedances are then extracted using the ratio of voltage and current
at the extraction point. The impedance extracted from the ratio of symmetrical components of voltage
and currents can be directly used for stability analysis. A typical impedance measurement setup is
shown in Figure 7.
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Figure 7. Impedance measurement setup for the (a) source side and (b) load side.
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The load and source side impedance matrix in symmetrical components are given by (10) and (11):

[
Zl(012)

]
3×3

=

Zl(00) Zl(01) Zl(02)
Zl(10) Zl(11) Zl(12)
Zl(20) Zl(21) Zl(22)

 (10)

[
Zs(012)

]
3×3

=

Zs(00) Zs(01) Zs(02)
Zs(10) Zs(11) Zs(12)
Zs(20) Zs(21) Zs(22)

 (11)

The relation between voltage and current in symmetrical components on the load side is given by
(12) for a balanced three-phase system.[

Vl(012)

]
3×1

=
[

Zl(012)

]
3×3

[
Il(012)

]
3×1

(12)

The perturbations are introduced at the PCC to build nine full equations based on a 3 × 3
impedance matrix for both the source side and the load side. A single perturbation can generate only
three equations (for both the source and load side) [45]. At least three perturbations are introduced to
build full 3 × 3 impedance matrices for the source and the load side. Voltages on the load side in HL
after first perturbation are given by (13):[

V1
l(012)

]
3×1

=
[

Zl(012)

]
3×3

[
I1
l(012)

]
3×1

(13)

The voltages in HL on the load side after the second perturbation are given by (14):[
V2

l(012)

]
3×1

=
[

Zl(012)

]
3×3

[
I2
l(012)

]
3×1

(14)

The voltages in HL on the load side after the third perturbation are given by (15):[
V3

l(012)

]
3×1

=
[

Zl(012)

]
3×3

[
I3
l(012)

]
3×1

(15)

Equations (13)–(15) can be written in combined form as (16).[
Vl(012)

]
3×3

=
[

Zl(012)

]
3×3

[
Il(012)

]
3×3

(16)

Rearranging (16) results in (17),[
Zl(012)

]
3×3

=
[
Vl(012)

]
3×3

[
Il(012)

]−1

3×3
(17)

Similarly, for the source side, (17) can be rewritten as (18):[
Zs(012)

]
3×3

=
[
Vs(012)

]
3×3

[
Is(012)

]−1

3×3
(18)

The unknown impedances can be found through simulation or the experiment-based
impedance method.
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4. Simulation Results

The Simulink model of the grid-connected PV systems (shown in Figure 8) was used for stability
analysis.

The detail of the system parameters is tabulated in Table 2. In this model, different PV systems,
each having a rating of 100 kW, were integrated with PCC. In this configuration, each unit of the PV
system consisted of 100 kW, and the size of the active load may consist of multiple units. To achieve
the objective of comparative analysis, it was assumed that all the PV systems were working at the same
temperature and receiving the same amount of irradiance. The stability at the PCC was evaluated
against three different indices. These three indices were;

1. First, stability was assessed by changing the parallel clustering (penetration) of grid-connected
active loads.

2. Then, the stability was evaluated by changing the distance of active loads from the PCC.
3. Afterwards, the stability at the PCC was assessed by changing the serial clustering (size) of

active loads.

These parameters were changed one by one, and the corresponding change in load side impedance
at the PCC was recorded. Then, NSC was applied on the load side and source side impedance in each
of the above cases. The corresponding Nyquist plots were drawn against different specific values of
these parameters. The objective was to assess how varying these parameter affected the stability at
the PCC.

Table 2. Parameters at the PCC for different penetrations of active loads.

Parameter Symbol Value Symbol Value

Power Source P 2500 MVA V 120 kV
Line Section R[r1] [0.1153] L[r1] [1.05 × 10−3]
Line Section R[r0] [0.413] L[r0] [3.32 × 10−3]

Industrial Load P 30 MW Q 2 MVar
Residential Load 1 P 2 MW Q 0
Residential Load 2 P 100 kW Q 0

Active Loads

P

Q

100 kW Solar Park

100 kW Solar Park

100 kW Solar Park

100 kW Solar Park

Y  

PQ

Industrial 

Load

P

2500 MVA

120kV

14 km Line5 km Line

25/120 kV

Residential 

Load 1

2500 MVA

120kV

25/120 kV

P

Q
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Load

Y  
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P

8
 k

m
 L

in
e
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Load 2
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Extraction
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Harmonic 

Perturbation 
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Figure 8. Simulink model of grid-connected active Loads.
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The dynamic models of grid-connected active loads were developed and designed in MATLAB
Simulink. The block diagram of the grid-connected active loads is shown in Figure 2 where PCC
was working at a 25-kV voltage rating. Figure 2 describes how the size, distance, or penetration was
changed for comparative stability analysis.

4.1. Effect of Penetration

The first objective was to check the stability pattern at the PCC against various penetrations.
The penetration of active loads was varied in a systematic way, and the corresponding change in load
side impedance was recorded. The resultant Nyquist plots for different values of parallel clustering by
keeping the distance and size constant are shown in a single plot in Figure 9a.
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Figure 9. Nyquist plot for different penetrations and distances.

It is clear from these plots that as the parallel clustering increased, the anti-clockwise encirclements
of −1 vanished. The anti-clockwise encirclements of −1 depicted the total number of closed loop
poles in the night half plane, which caused the instability of the system. When the anti-clockwise
encirclements of −1 vanished, the system became stable. The microgrid system was designed in such
a way that the PCC was working at a stability boundary for different indices. Therefore, as the system
indices were changed near the PCC, the system changed from unstable to stable or vice versa. Not all
of the Nyquist plot is clearly visible to the naked eye, so the selected parts of the lower Nyquist plots
are zoomed-in and shown above for better and clear understanding of the Nyquist plots. The system at
the PCC was unstable when only a single active load (of size 700 kW i.e., seven units) was connected at
the PCC (distance = 0 km). The Nyquist plot of one active load depicted an anti-clockwise encirclement,
as shown in the lower part of Figure 9a. Similarly, the system at the PCC was still unstable when two
and three active loads were connected respectively at the PCC in parallel configuration, as shown
in the zoomed-in version of Figure 9a. When the parallel clustering reached the four active loads,
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keeping size and distance unchanged, the system at the PCC became stable. The stability would
further improve by increasing the penetration at the PCC by keeping the distance and size constant.

4.2. Effect of Distance from PCC

To check the effect of the distance of active loads from the PCC to the stability at the PCC,
the distance of active load was varied by keeping the penetration and size constant. The objective of
selecting a specific penetration and a specific size was to keep the PCC near the stability boundary.
The penetration of one active load and the size of seven units (700 kW) were chosen in this case.
The load side impedance was recorded by changing the distance from the PCC by keeping the
penetration and size constant in all the cases. The NSC was applied on the load and the source side
impedances to get the Nyquist plot for different values of distances, as shown in Figure 9b.

The results show that the system was unstable at the PCC when the distance was 0 km because
there was a pole in the right half plane (anti-clockwise encirclement of −1). As the distance was
increased to 1 km, the anti-clockwise encirclement vanished (as shown in the zoomed-in version of the
Nyquist plots), so the system became stable at the PCC. This stability further improved as the distance
increased to 2 km and 3 km, respectively, by keeping the size and penetration constant.

4.3. Effect of the Sizes of Active Loads

To check the effect of changing the size of an active load on the stability at the PCC, the size
was varied by keeping the distance and penetration constant. A single active load was connected at
the PCC in this case, so the distance was 0 km and the penetration was one active load. The load
side impedance changed by changing the size. Different Nyquist plots were obtained when NSC was
applied on different values of load side impedances and the same value of source side impedance.
These Nyquist plots, each corresponding to different sizes of an active load, are shown in Figure 10.
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Figure 10. Nyquist plot for different sizes of active loads.

Initially, the system was stable at the PCC, as there were no anti-clockwise encirclements of −1,
which depicts that there were no poles in the right half plane. The system remained stable when the
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size of active loads was equal to or less than four units (400 kW). As the size of the system reached
five units (500 kW), the system became unstable, and there was an anti-clockwise encirclement of
−1, which depicts a pole in the right half plane. The stability further deteriorated as the size was
increased further.

The summery of the above three cases is given in Table 3. According to this table, when the size
was increased by keeping other parameters constant, the stability at the PCC deteriorated. When
the distance was increased from the PCC by keeping other parameters constant, the stability at the
PCC improved.

When the penetration was increased at the PCC by keeping the distance and size constant,
the stability at the PCC improved. The stability behavior at the PCC by changing the size, distance,
and penetration is given in Figure 11. Figure 11 depicts the stability region in connection with
size, distance, and penetration. Firstly, keeping distance (=0 km) and penetration (=1) constant,
the instability boundary for size was six units. As the size decreased, the stability improved.
The direction of the arrow shows the stability behavior (from the unstable to stable region and
from the stable to more stable region). Secondly, keeping distance (=0 km) and size (=7 units) constant,
the instability boundary for penetration was one active load. The direction of the arrow shows the
stability behavior, so as the penetration increased, the stability improved further. Finally, keeping
size (=7 units) and penetration (=1) constant, the instability boundary for distance was 0 km. As the
distance increased, the stability improved further. These results verified that there was a strong relation
between these parameters and the stability at the PCC. Changing any other system components,
the stability boundary would shift, but the behavior of the stability and the relation to these parameters
will remain the same.

Table 3. Effect of different parameters on stability.

Penetration Distance at PCC Size Effect on Stability

Increasing Constant Constant Improve
Constant Increasing Constant Improve
Constant Constant Increasing Deteriorate
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P
e

n
e
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8
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4

Size

2

12

0
0
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-5 -4

Figure 11. The stability behavior at the PCC for different sizes, distances, and penetrations.

The simulation results presented were near the stability boundary. These results and stability
boundaries were only specific for the system designed for simulation. Changing the system would
change the stability boundary because impedance would change. However, the relation of different
parameters with the Nyquist stability would remain the same.
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5. Conclusions

In this paper, the SSSA at the PCC was done by varying one of three parameters (size distance and
penetration) and keeping the other two constant. The results show that the stability pattern of NSC
changes in a systematic way in response to a systematic change in any of these parameters. The impact
of increasing penetration and increasing distance from the PCC was positive on the stability at the PCC,
while the impact of increasing the size (while keeping the other parameters constant) was negative
on the stability at the PCC. Thus, a change in any of these parameters will play a significant role in
deciding the stability at the PCC.

The design and composition, as well as the distance from the PCC of active loads play an important
role in the SSS of an AC microgrid. These parameters must be thoroughly assessed before deploying
active loads at the PCC.
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