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Abstract: Fuel burn during the actual route flown is an important indicator of aircraft operational
efficiency. This study aims to assess and systematically evaluate the method for fuel consumed
during flights using data from the automatic dependent surveillance-broadcast (ADS-B), European
reanalysis (ERA5) meteorological dataset, and BADA 3 performance. A literature background and
comprehensive methodology are provided for fuel estimation using track data. The airborne part of
the trajectory was used to estimate the total trip fuel consumed during several flights of a commercial
airliner. The calculated fuel burn is compared with measured fuel consumption from the flight data
recorder (FDR). The results show that fuel consumption for the entire airborne part of the trajectory
can be estimated with an average error of 1.2% and with a standard deviation of 1.3%. Detailed results
of fuel burn for individual flight phases, from the initial climb to the approach, are also presented. In
addition, this paper also discusses the sources of errors and the potential applications of the method

for network operations and environmental monitoring.

Keywords: automatic dependent surveillance-broadcast; track data; BADA; flight data recorder;
validation; fuel consumption estimation; environmental monitoring; flight efficiency; OpenSky
network; Airbus

1. Introduction

Accurate fuel burn estimation is essential for the evaluation of environmental impact.
Fuel consumption directly affects the amount of greenhouse gases and other pollutants
emitted into the atmosphere. In 2019, the average fuel inefficiency on flights within
the Eurocontrol network manager area, from take-off to landing, was 8.6% to 11.2% [1].
Enhancing fuel efficiency is a critical aspect of addressing these environmental concerns.

Recently, SESAR 3 JU launched the campaign for European ATM Master Plan 2024
with an ambitious goal to establish Europe as the most efficient and environmentally
friendly sky to fly in the world.

To increase flight efficiency, air traffic management (ATM) implements a number of
initiatives, such as free route airspace, performance-based navigation, continuous climb
and descent, and other solutions [2].

To assess flight efficiency, it is necessary to calculate fuel burn since airlines do not
share these data. Without accurate fuel burn calculations, monitoring of flight efficiency or
estimating the impact of ATM initiatives would be less reliable.

For operational monitoring and route evaluation purposes, fuel burn is calculated
within the enhanced tactical flow management system (ETFMS) by Eurocontrol [3]. The
ETFMS calculates fuel burn using meteorological data, flight profiles, and aircraft perfor-
mance details extracted from the base of aircraft data (BADA) database. Real-time flight
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data updates, wind speed, and wind direction enrich these calculations. The ETFMS pri-
marily deals with the in-flight segment of trajectories, excluding fuel consumption during
take-off, landing, and taxiing (wheels up to wheels down) [3]. A comparative analysis of
ETEMS predictions and actual airline data revealed a 10% disparity in fuel burn for the
en-route part of the flight [3].

This paper focuses on data and methods for fuel consumption estimation using track
data, specifically automatic dependent surveillance-broadcast (ADS-B) data. The signifi-
cance of this methodology lies in its potential to serve as the basis for calculating advanced
performance indicators based upon the real fuel burn data, which are instrumental in
measuring flight efficiency and its environmental impact in real-time and during post-
operational assessments [4].

ADS-B provides good coverage in many regions but may have limitations in remote
or mountainous areas. The recent integration of real-time air traffic surveillance data from
Aireon’s space-based ADS-B into the network manager operational system enables more
accurate fuel burn algorithms due to better area coverage [5].

This research reviews existing literature on fuel flow estimation using surveillance
data, highlighting various applied methodologies. Moreover, it presents an extensive and
systematic approach for estimating fuel burn using track data. This approach refines the
existing framework and can serve as a valuable resource for future research efforts.

The methodology employed in this study involves a detailed analysis of meteorolog-
ical, ADS-B, and flight data recorder (FDR) data extracted from five distinct commercial
flight instances of a single aircraft.

The main contribution of this research is the systematic validation of fuel burn estima-
tion using surveillance data for the entire airborne trajectory (including part of trajectories
with deployed configuration) and individual flight phases such as initial climb, climb,
cruise, descent, and approach. FDR data are used for validation purposes. This approach
yielded a wealth of data, offering meaningful insights regarding the accuracy of fuel burn
estimation with BADA configuration scheduling, ADS-B, and available meteorological data
currently missing in the available and published literature.

Advancements in fuel consumption estimation are pivotal for informed decisions
regarding future airspace design. Policymakers and investors rely on these data to shape
the industry’s environmental responsibilities and efficiencies.

This paper is organized in the following manner. Section 2 provides a comprehensive
review of the existing literature on fuel consumption estimation using track data, highlight-
ing the advantages and limitations of different methods and models. Section 3 includes a
detailed description of the data sources, data processing, fuel estimation algorithm used in
this study, and the validation procedure and performance indicators. Section 4 presents and
analyzes the fuel estimation results for five commercial flights, comparing them with the
FDR data and discussing the sources of error and uncertainty. The summary of the main
findings, contributions, limitations, and implications of this study, as well as suggestions
for future research, are given in concluding Section 5.

2. Background and Literature Review

The method of calculating fuel consumed from 4D track data (time, latitude, longitude,
and altitude) was first introduced in the paper [6] by Oaks et al. The method used 4D radar
track data, aircraft drag, and characteristics data from BADA v3.7. Weather information
was extracted in the rapid update cycle (RUC) weather file from the Weather Service. The
authors did not introduce a method for estimating initial weight since the weight was
known from the available FDR of the aircraft used for validation. All data points from the
4D trajectory were used, and drag configuration was assumed to follow BADA flight phase
altitude changes.

Chatterji et al. improved the method in [7] by deriving a fuel estimation procedure
from nonlinear equations of motion with point-mass assumption instead of the approx-
imations introduced in [6]. Accurately evaluating the fuel consumption rate requires
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knowing the aircraft’s initial weight. The method for estimating aircraft and wind states
using proportional-integral-derivative (PID) filtering and the procedure of initial weight
estimation is presented in [7]. Chatterji et al. [7] used Bombardier Global 5000, while Oaks
et al. [6] used CRJ900 aircraft to validate the method using FDR data for a single flight. The
paper by Chatterji et al. [7] used BADA flight phases to determine configuration changes.
The authors managed to estimate fuel burn from a single flight with accurate initial mass
with less than 1% estimation error after adjusting BADA drag coefficients to minimize
the error.

The method from [6,7] was used to validate the possibility of fuel consumption calcu-
lation using track data in [8]. Dalmau et al. [8] used 2248 commercial flights of Airbus-type
aircraft from top of descent (ToD) to 5000 ft above ground level (AGL) to avoid problems
with unknown configurations. The configuration was assumed to be clean. The authors
extracted 4D track and weather data from available FDR records. They also used radar
tracks for the same flight to compare the algorithm’s accuracy with data of lower quality.
The comparison was made to assess the accuracy of the algorithm and to see if any dis-
crepancies could be attributed to data quality. The initial mass was used as known data.
Dalmau et al. [8] also used the BADA performance model and the aircraft performance
model obtained from the performance engineer’s program (PEP) made available by the
aircraft manufacturer. The authors used data filtering techniques to lower the noise due
to the numerical derivation of aircraft states. Results for fuel burn with a PEP-derived
performance model gave a relative mean error of 4.8% using the FDR track. In contrast,
with the BADA performance model, the estimated fuel burn was 18.7% different from the
actual fuel burn.

A similar methodology to [8] was used by Harada et al. [9] with the purpose of
accurate evaluation of the BADA model. Harada et al. [9] used FDR data to estimate fuel
consumption in clean configuration flight phases, climb, cruise, and descent. They showed
that fuel consumption during descent has reduced accuracy, even for clean configurations,
due to the simplified idle thrust fuel flow defined in BADA 3. They showed that, based on
fuel flow, the difference between the BADA model and flight data for clean configuration
is within 5%. More recently, Sun et al. combined OpenSky’s ADS-B data with the open
aircraft performance and emission model OpenAP [10] to perform a global study of different
aviation emissions, including CO,, H,O, NOx, and SOx [11]. Additionally, they focused
on business jet fuel emissions only in a separate study [12]. They used state vector data
of each trajectory from the available OpenSky dataset. Due to a large amount of data,
trajectories were down-sampled to one point per 30 s, and all calculations were based on
the ground speed values, ignoring the effects of wind. A range of mass between 60% and
90% of the maximum take-off mass was used. Similar studies for global emission modeling
from ADS-B are also studied in [13-16].

In papers by Filippone et al. [15,16], real-time ADS-B data from OpenSky network
were integrated with flight performance computer program FLIGHT [17] to predict aviation
emissions at altitude. They used ADS-B with Mode S to fly the route and calculate aircraft
emissions based on the ability to calculate thrust.

Wickramasinghe et al. in [18] used BADA 4 and simulated data for continuous descent
to estimate accurate fuel flow for clean and non-clean aircraft configurations with total fuel
consumption being within +6% of the actual value and descent fuel consumption within
10%. Table 1 provides specific details of the methodology, input data, and results of the
most relevant research studies, including this paper’s research.

Several methods have been suggested in the literature regarding the initial mass
estimation [6,7,19-21]. Rohani et al. [20] used machine learning methods to estimate
key performance data including the initial mass of aircraft using available flight data.
Alligier et al. [21] used machine learning methods using millions of climbing segments from
the OpenSky network to estimate the take-off mass and its uncertainty during the climb
phase by fitting the observed power and energy rate to a point-mass model. Sun et al. [19]
estimated the take-off mass using a total energy model at different flight phases, with
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validation experiments showing a mean absolute error of 4.3%. Some authors [6,7] used
the iterative method to find take-off mass based on the assumption of 80% passenger load
factor, maximum zero fuel mass (MZFM), and traveled distance. The iterative initial mass
method is simple but sometimes erroneous since a short-haul flight can include more fuel
than needed for the specific route. Longer-haul flights have a more successful approach to
initial mass estimation than shorter ones using an iterative method [6].

Table 1. Detailed overview of key research studies with radar tracks or automatic dependent

surveillance-broadcast (ADS-B) data in relation to our research framework and results.

Item Chatterji et al. [7] Dalmau et al. [8] Filiponne et al. [15] Sun et al. [11,12] This Study
Surveillance data Radar track Radar track ADS-B and Mode S ADS-B ADS-B
Airport to airport.
The aircraft is
Traiectory part Entire Descent from ToD to ~ assumed to be flying Entire From lift-off till touch
) yp 5000 ft AGL along an arc defined down or airborne
by successive
GPS points.
Configuration B.e low ?.)OOO. ft Clean Not specified OpenAP procedure BADA procedure
configuration is out
Flight dynamic Point-mass with Point-mass with Point-mass with Simple four-degree Point-mass with
. non-constant . . . . non-constant
equations (FDEs) wind field constant wind constant wind point-mass no wind wind field
Wind source RUC FDR records None None ERAS5
Wind compared with
FDR-derived wind No - - - Yes
Outside air Calculated from Calculated from
temperature ISA FDR records Mode S data ISA ERAS
FDR, free mass . .
.. estimation, and . Estlmanon and Estimation in range
Initial mass initial mass iteration FDR 1terat_1or}-based on 60-90% MTOM FDR
fuel-mission analysis
method
True airspeed (TAS) ~ Track + RUCwind ~ Track + FDRwind 120 GS or directly TAS = GS GS + ERA5
from Mode S
Drag model BADA 3-corrected BADA 3 & PEP FLIGHT OpenAP BADA 3
coefficients
ith wind ith ith Fr = D + mgsinvy, ith
Thrust FDE with win FDE without FDE without Fr > Fr. and FDE wit
effects wind effects wind effects idle wind effects
PT < FTmax, phase
Fuel flow model BADA 3 BADA 3 and PEP FLIGHT OpenAP BADA 3
Filtering noise due . . . . Savitzky-Golay and
to differentiation PID filter Savitzky-Golay filter Yes, not specified No FIR filter
Fuelf?urn analysis by Yes No No No Yes
ight phases
Number of flights 2 2448 2500 1000s 5
Number of 1 1 4 10 1
aircraft types
Validation FDR records FDR records None None FDR records
7.8% (PEP) & 11.3%
o, _ _ 0,
Fuel burn error(s) <1% (BADA 3) 1.2%
Trajectory is
- . interpolated along
Applied two different Sen§ itivity to qua?hty . great circles when Compared ERA5 and
o . A of input data using Real-time fuel and FDR weather data.
Additional paper info methods for initial . .. - ADS-B data are e S
FDR trajectory track  emissions monitoring Sensitivity to initial

mass estimation.

data as input.

missing. Sensitivity
to initial mass is
calculated.

mass is calculated.
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Chati et al. [22] proposed a statistical approach based on Gaussian process regression
to determine a mean estimate of the take-off mass (TOM) and the associated confidence
interval using observed data from the take-off ground roll. More recently, Holzapfel et al.
in [23] used Mode S data to estimate aircraft landing weight based on BADA descent speeds
for the Airbus A320 family. The findings in [23] revealed a bias of approximately 1.6% and
a standard deviation of 4.7% when the mass was restricted to 95% of the maximum landing
mass (MLM), compared to the actual landing masses obtained from over 3328 flights
involving various aircraft. The slightest deviation in landing mass was observed for data
collected at altitudes below 1000 ft. However, the landing mass at higher altitudes deviated
significantly due to air traffic control’s prescribed descent speeds, which often differed
substantially from the BADA descent phase model airspeed due to varying wind and
traffic conditions.

Despite extensive research, there is still a significant gap in the literature regarding
fuel burn estimation using surveillance data. Current methodologies do not fully address
accuracy across all flight phases, especially when combining ADS-B and ERA5 (European
reanalysis) data with BADA configuration scheduling. Additionally, the influence of BADA
3 aircraft performance data and configuration scheduling on fuel consumption has not
been adequately investigated. Furthermore, there is a lack of systematic validation of fuel
burn estimation for the entire airborne trajectory. This study aims to fill these gaps by
conducting a thorough evaluation of fuel burn estimation accuracy using the mentioned
data sources and methodologies.

This research contributes to the existing body of knowledge by focusing on the accu-
racy of fuel flow estimation from ADS-B and ERA5 data using the highly reliable BADA 3
model for aircraft from the Airbus A320 family. It contributes to several key areas including
the following:

1. Verifying the reliability of ADS-B data by comparing them with FDR data.

2. Demonstrating the accuracy of ERA5 wind and temperature data in calculating true
airspeed.

3. Providing an evaluation of the impact of BADA 3 aircraft performance data and
configuration scheduling on fuel flow estimation precision.

4. Conducting an examination of fuel flow accuracy throughout different flight phases.

This study used the actual flight data from FDR as reference points. The FDR data
were obtained directly from one of the European airliners. ADS-B data for the same flights
were also available from live tracking applications such as the OpenSky network. These
data were used to calculate the fuel consumption of each flight.

Since ADS-B and radar track data do not provide information about aircraft configu-
ration, this study also aims to investigate whether using BADA configuration scheduling
can help estimate the aircraft fuel burn for the entire trajectory and, if so, how precise the
estimates are.

This study is currently limited to five flights due to the complexities of acquiring a
larger dataset. The findings should, therefore, be interpreted within this context, and any
generalizations made from these results should be made cautiously due to the inherent
limitations of this study. Additionally, initial mass uncertainty analysis was also evaluated.

3. Data and Methods

This section describes the data sources and methodologies used in the study. It details
how ADS-B flight and weather data are collected, preprocessed, and used to estimate fuel
consumption for five commercial flights of a single aircraft (Figure 1). This section also
explains the use of the BADA performance model for fuel flow estimation, the point-mass
model for representing the aircraft’s flight dynamics, and the data filtering techniques used
to smooth and estimate the derivatives of altitude and ground speed measurements.
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Figure 1. Block diagram for validation of fuel burn algorithm using ADS-B and ERA5 data.

3.1. ADS-B Flight Data

ADS-B data are surveillance data that aircraft equipped with ADS-B Out transpon-
ders automatically broadcast. An ADS-B Out transponder emits a variety of information
every second. This includes the timestamp, latitude, longitude, pressure altitude, ground
speed, track angle, vertical speed, on-ground status, geometric altitude, and other data not
used within this study (Table 2). Mode S is also sometimes available from the secondary
surveillance radar for additional information, such as true airspeed and Mach number.

Table 2. List of ADS-B data parameters, units, and data format.

# Parameter Unit Data Format

1 alert - bool

2 altitude m integer

3  callsign - string

4  geoaltitude m integer

5 groundspeed m/s integer

6 hour - time

7 icao24 - string

8 last_position - time string in ISO 8601 format
9 latitude deg decimal

10  longitude deg decimal

11 on ground - bool

12 spi - bool

13 squawk - NaN

14 timestamp - time string in ISO 8601 format
15  track deg decimal

16  vertical_rate ft/min integer

ADS-B coverage of the OpenSky network differs globally, but the European Union
(EU) is mostly covered at higher altitudes. At lower altitudes, coverage is sometimes
inadequate due to obstacles between the receiver and the aircraft.

To estimate the fuel consumption of a particular aircraft during its entire flight, we
analyzed FDR data from five flights that took place over two days in 2021. The Python
traffic library [24] was utilized to search the historical dataset of the OpenSky network for
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the selected aircraft, using time records from the FDR and call signs for identification. All
five flights were found, and data were analyzed for completeness of trajectory. Trajectory
data were missing around one local airport where ADS-B coverage was poor for the period
of interest, so part of the trajectory at lower altitudes was missing for three flights.

ADS-B data preprocessing was necessary since ADS-B data often display impossible
altitudes, NaN, wrongly written data, and even missing data. Missing data between
two consecutive points were interpolated using adjacent points, while NaN records were
discarded. Altitudes were checked, and impossible altitude values were scaled to the
proper values. The ‘on ground’ status was used to filter out the part of the flight when the
aircraft was airborne.

3.2. Weather Data

ADS-B data do not include wind and temperature data. To overcome this limitation,
we utilized wind and temperature data from the ERA5 meteorological dataset of the
European Centre for Medium-Range Weather Forecasts (ECMWF) [25]. The ERAS dataset
offers reanalyzed fields of wind and temperature values at 0.25° x 0.25° horizontally, with
hourly temporal resolution, and at 37 pressure levels from 1000 hPa to 1 hPa with 25 hPa
intervals (1000 hPa = 0 m and 1 hPa = 16,000 m in ISA).

The ERAS5 weather data are provided in 4D coordinates with the following resolution:
¢  Longitude AA = 0.25%;

e Latitude A¢ = 0.25°;
e  Altitude Ah = 25 hPa;
* TimeAt=1h

Given that the resolution of our flight trajectory data is considerably higher than
that of the available weather data, we employed multidimensional linear interpolation
by time, longitude, latitude, and altitude to match weather data with trajectory points.
At each 4D trajectory point, there are 16 4D weather points nearby. As we perform time
interpolation, the number of weather points surrounding our trajectory point decreases to
eight. Applying longitude interpolation on the remaining eight weather data points leaves
us with four weather points that share the same time and longitude as our trajectory point.
After applying the same linear interpolation process on latitude and altitude, we end up
with a single weather point that matches the exact 4D coordinates of our trajectory point.

While our study primarily relies on ADS-B and ERAS data, it is worth noting that
alternative sources for meteorological data exist and could be considered. For instance,
Mode S secondary surveillance radar technology allows air traffic controllers to access
various information from aircraft, including airspeed, turn parameters, target altitudes, and
meteorological conditions. Mode S enhanced surveillance (EHS) is a valuable feature for
approximately 99% of Airbus- and Boeing-type aircraft [26]. In the EU, EHS is mandatory
for all fixed-wing aircraft flying under instrument flight rules (IFR) within the general air
traffic category. This requirement applies to aircraft with a maximum take-off weight ex-
ceeding 5700 kg or those with a maximum cruise true airspeed (TAS) higher than 250 kt [27].
Since the Mode S data are often incomplete [15] and not available for all aircraft flying
under IFR, we considered ADS-B in combination with ERA5 data. Additionally, some
aircraft transmit Mode S meteorological routine air report (MRAR) data. While MRAR
data includes highly valuable information about wind and temperature, it is important to
note that only a limited number of aircraft transmit these data [28]. Despite the potential of
these alternative data sources, our study does not investigate these approaches in detail.

3.3. FDR Data

The FDR data from one European airline were taken as reference data. The FDR data
were given in a comma-separated value (.csv) format with over 90 parameters recorded
at various sampling rates ranging from one to eight samples per second. The data pre-
processing in the first step included a selection of relevant parameters required for the
fuel flow estimation method. The second step involved tedious data preprocessing tasks,
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encompassing raw data cleaning and formatting. This included converting string data
to numerical values while ensuring accurate unit conversions and adherence to sign con-
ventions. After preprocessing, data were used as an input file to the fuel flow estimation
algorithm. The relevant FDR parameters used in the analysis are presented in Table 3 with
units and available rates.

Table 3. List of flight data recorder (FDR) parameters used for fuel estimation procedure validation.

#  Parameter Unit Symbol
1 Time sec t
2 3D latitude deg A
3 3D longitude deg [
4 3D altitude m h
5 3D heading deg X
6  Flight phase - -
7 Wind speed kt Ve
8  Wind direction true deg Xw
9  Diriftangle deg 0
10  True heading deg X
11  Total air temperature °C Ty
12 Ground speed kt Ve
13 Computed airspeed kt Veas
14  Vertical speed (1013.25 mB) ft/min V
15 Fuel flow eng 1 kg/h fifq
16  Fuel flow eng 2 kg/h titfo

17 A/Ctype engine - -
18 UTC (seconds) - -
19 UTC (minutes) - -
20 UTC (hours) - -
21  Time (sec from midnight) - -
22 GMT date (month) - -
23 GMT date (day) - -

The FDR data did not include the mass of the aircraft, but we were given the TOM for
each flight from the mass and balance sheet. The fuel burnt was subtracted from TOM to
obtain aircraft mass as a function of time.

Additionally, the FDR data did not directly provide the Mach number. Still, using
the ground speed V¢ and available FDR wind heading and wind speed information, we
calculated the true airspeed necessary for fuel flow estimation. The outside air temperature
T is calculated from the energy equation for adiabatic flow (Equation (1)), using the
measured total air temperature Ty and calculated airspeed.

To

1
?:1+%M§ (1)

Since,

1%
M, = ——
T \/ART

it follows that outside air temperature T is:

-1 >
T=Ty— —— - 2
7R % (2)

where R = 287]/l<gK’1 and ¢y = 14.
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Track angle was not given in FDR, but heading x, wind speed, wind direction, and
drift angle & were given. The north and east ground speed components Vg, and Ve, were
calculated using heading x and drift angle ¢:

Ven = cos(x +6) - Vg (3a)
Vee = sin(x +0) - Vg (3b)

3.4. Flight Dynamics Model

In the field of aircraft performance modeling, a point-mass model is commonly em-
ployed. This model represents the aircraft as a single-point mass, with all forces at the
center of gravity. It assumes zero sideslip and thrust is always aligned with the velocity
vector. This model is described by seven state vectors: north and east positions x and y,
pressure altitude /, true airspeed V, aerodynamic climb angle v, heading ), and aircraft
mass m. These state vectors are governed by seven nonlinear differential equations, com-
prising three kinematic, three dynamic, and one equation representing mass decrease over
time. For the point-mass aircraft model operating in a non-constant wind environment,
specifically in an airmass-relative coordinate system with negligible vertical wind, the
following set of equations is derived [29]:

X =V cosycosx + Viyx 4)
y = Vcosysinx + Vuy (5)
hh = Vsiny (6)
v FN - D . wa any . .
V= - gsiny — V( 7 cosx+w sin x) siny cos 7y (7)
. L-cospy—mgcosy | Vi Wy . .2
¥ = - ( 5 cosx + By sin x) sin” vy (8)
_ L-sinp WVux . Vauy
X = iV cos ( 5, S~ 3 cos x) tany 9)
fit = —rits (10)

In these equations, V;,; and Vi, represent the north and east wind components, Fy
is thrust, D is a drag, L is lift, p is bank angle, ¢ is the gravitational acceleration, and rit¢
is fuel flow. The point-mass model, despite its simplifications, has a pivotal function in
understanding and predicting aircraft performance in varying wind conditions and is a
valuable tool in aviation research and analysis.

3.5. BADA Aircraft Performance and Fuel Flow Model

BADA, by Eurocontrol, serves as a comprehensive database widely employed by
researchers in aviation. This invaluable resource offers a detailed repository of aircraft
performance data, which is essential for conducting precise analyses. It is free of charge but
requires a license agreement. BADA 3, used in the study, gives propulsion, aerodynamic,
and fuel flow model specifications for nearly 100% of aircraft types in the European Civil
Aviation Conference (ECAC) area. For each aircraft type, BADA specifies the model and
engine used for modeling.

The aerodynamic model coefficients are modeled as a function of flight phase and
landing gear configuration but do not include essential dependencies on Mach number.
Using high-lift devices increases aerodynamic drag on the aircraft. This is primarily due
to increased induced drag caused by changes in the lift distribution along the wing when
flaps are extended and, to a lesser extent, due to parasite drag increase. Therefore, aircraft
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performance models usually specify different drag coefficient parameters for each high-lift
device configuration. The aerodynamic drag D is computed using the drag coefficient Cp
from the following Equation.

D:CD%-p-vz.Sref (11)

where p = f(p, T), p is standard pressure at altitude &, T is the outside air temperature
at aircraft position and altitude, V is true airspeed, and S,,s is wing reference area. Drag
coefficient Cp is given as the sum of parasite Cpy and induced drag Cp, - C% where Cpg and
Cpy depend on high-lift devices dy;, and landing gear position ¢} g, ignoring compressibility
effects or Reynolds number dependencies:

Cp = Cpo+Cpa - C} (12)

where
Cpo = f(0HL,01G)

Cp2 = f(0H1,01G)

The drag model was employed using drag coefficients from BADA v3.16. Drag
coefficients are given for take-off, initial climb, approach, cruise, and landing stage of
the flight, plus extra drag due to extended landing gear. Each stage is associated with a
typical aerodynamic configuration, which includes the positions of high-lift devices and
landing gear. Climb, cruise, and descent are clean phases of flight, while take-off, initial
climb, approach, and landing are associated with deploying high-lift devices and landing
gear. There are several configurations of high-lift devices. Each configuration of high-lift
devices, such as flaps and slats, has a designated speed and/or altitude range within which
it can operate following the aircraft’s standard operating procedures (SOPs) as specified by
BADA files.

Fuel flow ritf is calculated using the BADA fuel flow model. Nominal fuel flow is
a product of thrust-specific fuel consumption and thrust for turboprops and jets, while
for piston engine aircraft, fuel flow is constant throughout all flight phases. For jets and
turboprops, specific fuel consumption is a linear function of true airspeed V, and the fuel
flow is:

mfnom = Cfchfl(l + V/sz) -Fy et (13a)
titf yom = CferCr1(1 =V /Cpp) - V/1000 - Fy  turboprop (13b)

BADA fuel flow for idle thrust conditions is:
titgigle = Cr3(1—hyp/Cpq) (14)

BADA specifies Cr, Cy, Cr3, and Cpy coefficients in the operations performance file
(OPF) for every aircraft type. Cy, is 1 for all phases except the cruise. The input V should
be in knots, Fy is kN and %, in ft, and fuel flow is provided in kg/min.

To avoid errors in the modeling fuel flow during descent when the configuration is
used but not correctly recognized, fuel flow is set as max of nominal and idle fuel flow:

tivg = max (1 g igie, 1 f pom ) (15)

Finally, to estimate the fuel flow, we need, at every time recorded, the altitude, true
airspeed, thrust, and whether the aircraft is in the cruise phase. Altitude is directly available
from the ADS-B data, while all other data must be calculated.
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3.6. Fuel Burn Estimation Method
From Equation (7), it follows that thrust is equal to
oVy Vuy
Fy = mV + D + mgsiny +mV/( ah 0s X + By sm)() sin 7y cos 7y (16)

Two options are possible to estimate true airspeed V: looking for Mode S enhanced
surveillance data available for some aircraft or using ground speed and wind data. Wind
data can be obtained from a meteorological database such as the reanalyzed ERA5 wind
speed. In this paper, we used ground speed and wind data from ERA5 in order to estimate
the true airspeed V. Alternatively, ignoring winds and taking true airspeed equal to ground
speed is also possible. This approach was used in studies such as [11,12,15]. If the V' is
determined using ground speed and wind data, the vertical wind is assumed to be zero,
and only horizontal winds are considered. The true airspeed can then be estimated using
Equation (17) derived from sum of Equations (4)—(6):

V= /(&= Vau)? + (5 — V)2 +12 o (17a)

V= (Vs — Va2 + (Vey — Vay)? + 12 (17b)

X or Vgyx and y or Vg, can be calculated either from known latitude, longitude, and altitude
data using ADS-B (Equation (18))

Vexr = A+ (ME +h) (18a)
Vey = @ - (NE+h) - cos(A) (18b)

or directly from ground speed V; and track angle x, (Equation (19)).

Vgx = cos xq - Vg (19a)
Vgy = sin ¢ - Vg (19b)

Pressure data are derived from pressure altitude using the standard atmosphere
pressure distribution model. Temperature data can be obtained from available weather
data or assumed to match the standard atmosphere temperature at a given altitude. The
density of the air is then calculated using the state equation for air.

By combining Equations (4) and (7), we obtain an expression for thrust as a function
of wind.

v, . :
Fy = mV + D+ mgh/V +m(222 - cos x + 2 siny) -\ [1- (h/ V)2 (20)

oh oh
Equation (20) becomes a simplified total energy equation if the wind rates

are ignored: .
Ey =mV +D+mgh/V (21)

The rate of true airspeed V in the upper equations is calculated from the differentiation
of Equation (17)

V = (Vgx - wa)(vgx - wa) + (ng - wa)(vgy - wa) + h : ]’l/V (22)
where:
. OV -
Viy = wah (23a)
. IV -
wa = d h (23b)

oh
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And, finally:

W ; o Wy
o)+ (Vey = Vaoy) (Vg = =, “ )+l /v (24)

V - (Vgx - wa)(vgx - )

To calculate C;, we need the lift, and lift is calculated using Equations (8) and (9).
L cos p follows from Equation (8) and L sin # from Equation (9):

.V, v,
Lcosyu = mVy + mg cosy — mh( E)Zx -cos x + a;zuy -sin x) siny
. V.
Lsiny = mVx cosy — mh(ag;fx -siny — a;luy - Cos X)

To calculate Lcosp and Lsiny, we need the rate of climb angle ¥ and the rate of
heading angle x. After differentiation of Equation (6), j is available as:

. h—Vsiny  h—-Vh/V

7= = : (25)
Vcosy Vy/1— (h/ V)2
since
cosy = /11— (h/V)2
The heading angle x can be calculated from Equations (4) and (5)
- 9_wa> 1(ng_wa)
=tan I —") =tan 1| L 26
x (x — Vx Vgx — Vx (26)

and after differentiation of the upper expression, we obtain the rate of heading angle X

(Vey = Vauy) (Vi = Vaor) = (Viy — Vaoy) (Ve = Vauw)
2

= 27
(Ver — Va2 ¥ (Vgy — Vay) &
Finally, the lift L and lift coefficient C; are calculated as:
L= \/(Lcos #)?+ (Lsinp)? (28)
L
CL=5—— 29
L Tves (29)
Bank angle yu is then also possible to calculate as:
Lsin
_ —1( Lsiny
U =tan (L o5 }1) (30)

3.7. Data Filtering Methods

The second-order Savitzky-Golay (SG) filter [30], with a frame length of 25 data points,
was employed to smooth altitude and ground speed measurements and estimate the first
and second derivatives of altitude along with the first derivative of ground speed. These
derivatives are important for calculating V, -, and ji derivatives. Alternative methods,
including the PID state estimator [7], zero phases finite impulse response (FIR) low-pass
filtering [9], and Kalman filtering, offer additional options for similar tasks, each with
unique advantages. Before applying the SG filter, we utilized a low-pass infinite impulse
response (IIR) filter designed using the Butterworth method.

The filter order for the IIR filter was set to 2, and the cutoff frequency was specified as
1/128 Hz relative to the original sampling rate. The procedure was implemented using the
filtfilt function in Matlab, a dual-direction application that ensures zero-phase filtering. This
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process effectively attenuates higher frequency noise and fluctuations in the original signal,
resulting in the smoothed data utilized for subsequent analysis. To maintain consistency
and precision, we applied the same low-pass IIR filter configuration to preprocess the
derivative of accurate airspeed data. This ensured a smoothed and noise-attenuated first
derivative of true airspeed for further analysis.

3.8. Initial Mass Data

Understanding the aircraft’s mass is essential for accurate fuel flow estimation, yet
it is often an unknown variable. In this analysis, we begin with the assumption of know-
ing the initial mass. This approach allows us to explore how various factors, including
weather conditions, drag, and fuel flow model, influence the total fuel burn estimated from
ADS-B data.

The initial mass is the aircraft mass at the first observed point of its trajectory. This
value is determined from FDR data using a given TOM and fuel burn up to this first
observed point.

First, we need to identify the coordinated universal time (UTC) at which the aircraft
starts accelerating on the runway since this point reflects the given TOM. Using the recorded
fuel flow data during this phase, we estimate the aircraft’s mass at each data point to reflect
the fuel burn. Ensuring the time synchronization between FDR and ADS-B data is critical
in this process. The synchronization procedure enables us to align specific data points from
the ADS-B trajectory precisely with their corresponding mass values.

In cases where the ADS-B trajectory’s coverage is more limited than the actual trajec-
tory, we use the calculated mass at a given time as the starting mass for ADS-B trajectory-
based fuel estimation. It is important to note that, for fuel estimation, trajectory data are
limited to the airborne phase. Take-off ground roll and landing roll are excluded from the
current analysis.

This methodology ensures a reliable estimate of the aircraft’s initial mass, which is
essential for subsequent fuel flow calculations.

4. Results and Discussion

Section 4 presents the results of the fuel burn estimation method applied to five
commercial flights of a single Airbus aircraft. The results are compared with FDR data
and the sources of error and uncertainty are discussed. The main points of this section are
ADS-B and ERAS data accuracy, fuel estimation algorithm accuracy, wind effects, initial
mass sensitivity analysis, and configuration scheduling effects.

In Section 4.1, we compared and analyzed ADS-B and FDR data for identical flights to
ascertain the reliability of ADS-B data. In Section 4.2, we performed a correlation study
between ERA5 and FDR weather data for the same flight to establish the credibility of ERA5
weather data. In Section 4.3, we applied the fuel flow estimation algorithm to FDR data
for validation purposes. In Section 4.4, we assessed the applicability of BADA scheduling
procedures within the algorithm using FDR flight and weather data. Lastly, in Section 4.5,
we carried out a validation process using ADS-B flight data, ERA5 weather data, and BADA
scheduling within the fuel burn estimation algorithm.

4.1. Evaluation of Derived Variables—Comparing ADS-B with FDR Data

We compared ADS-B flight data with the FDR data to gain confidence in the ADS-B
dataset. The results of those comparisons for pressure altitude, ground speed, and vertical
speed are given. The pressure altitudes from ADS-B and FDR are plotted in Figure 2 against
flight time with mean error (ME) and standard deviation mean error (SDME).

From Figure 2a,c,d, it is visible that part of ADS-B trajectories are incomplete due to
missing ADS-B coverage at lower altitudes in some areas. The ME and SDME of altitude
indicate minor discrepancies between FDR and ADS-B altitude data. We can conclude that
pressure altitude from ADS-B is very accurate, with mean error variations from —0.8 m to
2.5m, and SDME from 3.8 m to 11.9 m.
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The ground speed data comparisons between ADS-B and FDR are plotted in Figure 3
against the same flight time following synchronization based on UTC. The FDR data are
given with 8 Hz resolution, while ADS-B only provides one data point per second. To
compare 8 Hz and 1 Hz data, the mean of these 8 data points for every second is compared
against the exact second from ADS-B. Based on our statistical analysis of ME and SDME, it
is evident that the ground speed data obtained from ADS-B sources exhibit high accuracy
and consistency, showing only negligible deviations when compared to measurements.
The same observation can be applied to the vertical speed V;, plotted against flight time ¢ in

Figure 4.

94 10.7 11.6
El . g El
2 5 AE:2:5-mm 2, 50 MME —02m 24, uy
< SDME: 149 m = SDME: 3.8 m < [ o
o ADS-B o ADS-B o ADS-B
—FDR —FDR —FDR
0 15 30 0 15 30 45 60 0 15 30 45 60 75
t[min] t[min] t[min]
(a) Flight #1 (b) Flight #2 (c) Flight #3
10.7 11.6
] B
=5 ME: 0.3 m = 3 ME: 0.7 m
< SDME: 4.0 m = SDME: 5.3 m
o ADS-B o ADS-B
—FDR —FDR
0 15 30 45 60 75 90 0 15 30 45 60
t[min] t[min]
(d) Flight #4 (e) Flight #5

Figure 2. The pressure altitude / from ADS-B and FDR plotted against flight time t with mean error
(ME) and standard deviation mean error (SDME).
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Figure 3. The ground speed from ADS-B and FDR plotted against flight time ¢ with ME and SDME.
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Figure 4. The vertical speed V; from ADS-B and FDR plotted against time ¢ with ME and SDME.

4.2. Evaluation of Weather Data—Comparing ERAS5 with FDR Weather Data

Before comparing the precision of the fuel burn estimation algorithm executed on the
ADS-B flight and ERA5 weather data with the actual fuel flow stated in the FDR records, it
is important to evaluate the precision of ERA5 data.

The ERA5 wind heading is calculated from ERA5 north and eastward wind compo-
nents. In Figure 5, wind headings from ERA5 and FDR records are plotted against time.
The matching between ERA5 and FDR wind data enabled us to check the possibility of
ERADS data usage for true airspeed calculation. It can be observed that the wind heading
ME:s are relatively small, while standard deviations are from 15.3° to 32.6°.
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Figure 5. The wind heading from ERA5 and FDR records plotted against time with ME and SDME.
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The wind speed in Figure 6 calculated from extracted ERA5 and FDR-measured wind
data are plotted against time for comparison. Although there is a significant variance and
standard deviation in the wind speed, it will be shown in Section 4.5 that this difference
does not significantly affect the accuracy of the calculated true airspeed. This is due to the
small magnitude of the wind speed compared to the ground speed. We conclude that ERA5
wind speed is reasonably close to the actual values and should not introduce a substantial
distortion or bias in the final results.

The temperature is extracted from ERA5 and compared with FDR and ISA temperature
(Figure 7). Examining the differences between air temperature from FDR and ERA5 shows
that these two sources are consistent with high accuracy and precision, where ME is up to
0.9 K and SDME is up to 0.8 K.
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Figure 6. The wind speed V;, from ERA5 and FDR plotted against time ¢ with ME and SDME.
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Figure 7. ERA5, FDR, and ISA temperature plotted against time. ME and SDME of ERAS temperature
considering FDR temperature.
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4.3. Evaluation of Fuel Estimation Algorithm Using Flight, Configuration, and Weather Data from
FDR Records

The purpose of this section is to validate the presented fuel burn estimation algorithm
by comparing the estimated fuel burn with the measured one from FDR records. The input
data for the algorithm was obtained from FDR records with 8 Hz resolution. The goal was
to emulate ADS-B and ERA5 data from the most accurate source so that errors in the results
could be accounted for only by the algorithm’s features, not the input data. The input
data from FDR records are initial mass, time, pressure altitude, latitude, longitude, vertical
speed, ground speed, heading, drift angle, temperature, wind speed, and wind heading.
The true airspeed was calculated using the FDR-measured wind records (Figure 8).

flight data >' \ » initial initial mass
weather data mass estimation

4D track TOM
flap, slat fuel flow
landing gear

Cpo & Cpp fuel burn
(4D track) estimation FDR
algorithm
fuel flow
tuCI g
flow

Figure 8. Block diagram for validation of fuel estimation algorithm using flight, configuration, and
weather data from FDR records.

The drag coefficients from BADA v3.16 were utilized in the drag model. BADA
provides drag coefficients for take-off, initial climb, approach, cruise, and landing, along
with extra drag due to extended landing gear. The configuration setup is taken as in actual
flight. To estimate drag, we used the actual flap, slat, and landing gear schedules to apply
drag coefficients for the time of configuration usage. However, drag coefficients do not
dynamically adjust to changes in flap or slat angles during flight but use a set of predefined
values given by BADA 3 at discrete flap and slat angles for specific configurations. The
following rules were used regarding specific BADA coefficient applications:

¢  Ifin climb and with flap and/or slat extended, BADA initial climb coefficients Cpg ;¢
and Cpy,;c were applied.

e Ifin descent and with flap and/or slat extended, where the flap setting angle is less
than 15°, BADA approach coefficients Cpg 4p and Cpy 4p were applied.

e If in descent and with flap and/or slat extended, while the flap setting angle was
above 15°, the Cpp ap approach coefficient was supplemented with the additional
term Cpp aLpc due to landing gear deployment.

The mass at a particular moment is calculated based on the initial mass for a specific
flight and the fuel consumed until that moment.

The fuel was calculated for the entire trajectory (from lift-off to touch-down), the clean
part of the trajectory, and during different flight phases: initial climb (includes part of
take-off), climb, cruise, descent, and approach (includes part of landing). Initial climb and
approach are part of the flight with extracted flaps, slats, or landing gear. Climb, cruise,
and descent represent parts of the trajectory with clean configurations.

The calculated fuel burn was compared with the measured fuel burn, taken from FDR
records. The discrepancies between the calculated and measured values are presented in
Table 4. The fuel errors for the entire airborne trajectory vary from —0.2% to 3.5%.
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The most significant error of fuel burn is during flight phases with non-clean aerody-
namic configuration, i.e., initial climb error is up to 12.7% and approach is up to —26.3%.
These errors are due to mismatched drag coefficients, transient aircraft dynamics, and more
emphasized noisy aircraft states because of the short flight phase.

The fuel burn error differs by less than 0.6% when comparing an entire and
clean trajectory.

During clean phases of flight, the relative error is highest for descent, at up to 12.5% for
flight #3. The relatively large errors during clean descent are primarily because of the BADA
3 modeling of idle fuel flow as a function of altitude only, outlined by Wickramasinghe et al.
in [18]. During descent with a clean configuration, the calculated fuel burn is higher than
the true one, which was also reported by Dalmau et al. in [8]. The mean error of fuel burn
during clean descent in [8] was calculated from 2448 4D tracks from the FDR. The fuel burn
ME was 18.7% when using performance data from BADA v3.6 and 4.8% when using PEP
(Table 1).

Table 4. Fuel burn error per flight phase in % and kg, and total fuel burn calculated (kg) using
flight, configuration, and weather data from FDR records. The duration of the analyzed trajectory in
minutes is given in the first column.

. Entire Clean o . . .
Flight # Trajectory Trajectory Initial Climb Climb Cruise Descent Approach
#1 0.02% 0.6% 12.7% 1.9% 0% —-91% —26.3%
30.2 min 0.2kg 6.6 kg 25.8 kg 17.5kg Okg —99kg —33.2kg
1367 kg 1044 kg 229.4 kg 947 kg Okg 98.3 kg 93 kg
#2 0.2% 0.3% 6.7% —0.4% 0.3% 2.2% —15.6%
63.6 min 6 kg 71kg 9.6 kg —5.1kg 2.8 kg 9.4kg —10.8 kg
2791 kg 2580 kg 152.4 kg 1308 kg 840.3 kg 431.8 kg 58.5 kg
#3 3.5% 3.3% 7.3% 1.7% 0.8% 12.5% 2.3%
78.6 min 118.7 kg 972 kg 18.8 kg 23.8 kg 8.9 kg 68.1 kg 2.7 kg
3466 kg 3071 kg 278.3 kg 1391 kg 1081 kg 614.4 kg 117 kg
#4 —0.2% —0.3% 6.3% 0.1% 0.2% —5.1% —8.9%
86.9 min —7kg —16 kg 10.4 kg 21 kg 2.8 kg —153 kg —6.9kg
3706 kg 3462 kg 174 kg 1467 kg 1710 kg 2845 kg 70.1kg
#5 2.1% 2% 7.5% 1.6% —2.9% 9.4% —6.9%
64.5 min 59.8 kg 49.7 kg 182 kg 26.1kg —14.5kg 38.1kg —8.1kg
2953 kg 2583 kg 261.5kg 1659 kg 481 kg 443.5 kg 108.4 kg

In this research, the mean error during clean descent using ADS-B data emulated
from FDR records is 2%. The smaller error may be explained by the direct availability
of ground speed, which results in less numerical differentiation and less noisy aircraft
states. Therefore, we could indicate that ADS-B data could improve fuel burn calculation
during descent and overall. Nevertheless, this statement should be tested on more flights
to verify it.

The BADA 4 idle fuel flow function is expected to enable even more accurate fuel flow
during the clean descent.

In this research, we decided to apply exclusively BADA aircraft model coefficients
since they have been developed for ATM purposes, and there is a database of more than
one hundred different aircraft and their performance characteristics. The authors in [7-9]
have shown that the fuel burn error can be minimized by correcting drag and fuel flow
coefficients. The proprietary flight data records are not publicly available, and companies
are often reluctant to share them. Therefore, it would be challenging to test hundreds of
different aircraft types and look for their optimized coefficients since that would require
access to their flight data records. Also, drag and fuel flow coefficients could differ due
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to manufacturing, operational wearing, and aging [31], even for the same aircraft model
and type.

To demonstrate how the uncertainty of initial mass affects the total fuel burn, we
calculated the fuel burn with a range of initial mass from 80% to 120% of actual mass
provided by the airline company in Figure 9. From the initial mass sensitivity analysis, we
conclude that an error in the initial mass estimation of up to 10% will result in up to 6%
error in fuel burn for an entire trajectory. In tested examples, if the error of initial mass is
20%, the maximum error in total fuel burn is up to 10%.

8 T T T T T T T

Total error in fuel burn, %

710 1 1 1 1 1 1 1
-20 15 —-10 -5 0 5 10 15 20

Assumed error in initial mass, %

Figure 9. Sensitivity of fuel burn error [%] for entire trajectory due to an error in initial mass.

4.4. Evaluation of BADA Configuration Scheduling Using Flight and Weather Data from
FDR Records

While this study primarily relies on ADS-B and ERAS data, it is worth noting that
the ADS-B data do not contain information about aircraft configuration. In such cases, we
can apply BADA assumptions regarding aerodynamic configuration scheduling. BADA
configuration scheduling is based on speed and altitude limitations [32]. However, BADA
scheduling utilized for configuration deployment may not always align perfectly with
actual operational data, nor does it model aerodynamic coefficients as a function of flap
and slat dynamics.

Given that the primary goal of this section is to evaluate the impact of BADA schedul-
ing on fuel burn per flight phases and overall, we will apply BADA scheduling in com-
bination with flight and weather data from FDR to estimate the fuel burn (Figure 10).
Subsequently, we will compare the estimated fuel burn with the one measured from the
FDR to determine the effect of BADA scheduling on fuel burn estimation.

By analyzing the duration of the initial climb and approach phase for the actual config-
uration schedules, it is evident that the period of aircraft flight with deployed configuration
ranges from 5.2 to 8.7 min. However, in the case of the BADA scheduling assumptions,
these times are reduced to a range of 1.7 to 5 min.

The relative errors for fuel burn during the approach with BADA configuration applied
are substantial, reaching up to —53.3% (flight #3 in Table 5). Regardless of this large relative
error, the absolute error is 23.5 kg less than a measured fuel burn, which is 0.7% of total fuel
consumed. This is mainly due to a brief flight time with extended configuration compared
to the entire flight time.
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Figure 10. Block diagram for validation of BADA configuration scheduling using flight and weather
data from FDR records.

Table 5. Fuel burn error per flight phase in % and kg, and total fuel burn calculated (kg) using FDR
flight, weather, and BADA configuration scheduling model. The duration of the analyzed trajectory
is given in minutes.

Entire Clean

Flight # Trajectory Trajectory Initial Climb Climb Cruise Descent Approach
#1 —0.02% 1.5% 13.3% 3.2% NA —8.4% —50.9%
30.2 min —0.2kg 18.4 kg 94 kg 33.8 kg Okg —15kg —28.4 kg
1367 kg 1205 kg 79.5kg 1096 kg Okg 163.6 kg 27.5kg
#2 0.2% 0.2% 5.7% 0.02% 0.3% 0.6% —38.1%
63.6 min 6.5kg 53 kg 43 kg 0.3 kg 2.8kg 3kg —39kg
2791 kg 2664 kg 79.3 kg 1381 kg 840.3 kg 484.6 kg 6.3 kg
#3 2% 2.7% 5.2% 2.5% 0.2% 7.6% —53.3%
78.6 min 67 kg 86.2 kg 4.7 kg 38.7 kg 1.6 kg 458 kg —23.8kg
3415 kg 3299 kg 95.1kg 1575 kg 1074 kg 649.5 kg 209 kg
#4 —0.2% —0.2% 5.5% 0.5% 0.2% —5.7% —37.9%
86.9 min —6.4 kg —8.2kg 4.7 kg 7.7 kg 2.8 kg —15.8 kg —5.7kg
3706 kg 3551 kg 89.8 kg 1551 kg 1710 kg 3459 kg 94 kg
#5 0.4% 1.3% 8.1% 2.1% —2.9% 2.8% —51.4%
64.5 min 12.5kg 35.5kg 7.1kg 372 kg —14.5kg 12.8 kg —30.1kg
2906 kg 2783 kg 94.6 kg 1826 kg 481 kg 476 kg 28.5 kg

In flights #1, #2, #3, and #5 from Table 5, we noticed a decrease in absolute fuel errors
during the descent phase. This is attributed to the fact that a portion of the trajectory with
extended configuration is included in the descent, as implied by reduced flight times with
deployed configuration in the approach. The overestimated fuel flow during descent from
Table 4 was compensated with negative fuel error from the approach.

Overall, the impact of large relative errors during the initial climb and approach
phases was minimal on fuel burn for the entire trajectory (Table 5). The average error
of total fuel burn for five flights with BADA configuration schedule is 0.5%, and with
actual configuration is 1.1% (Figure 11a). The average error is smaller when using BADA
scheduling, even with the less accurate knowledge of configuration. This is attributed to
the low number of sample flights.
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Figure 11. Fuel burn error, for entire and clean-only trajectories from Tables 4 and 5, represented as a
bar chart and probability density function (PDF) using kernel density estimation (KDE). (a) Entire
trajectory, Tables 4 and 5. (b) Clean trajectory, Tables 4 and 5.

The evaluation of the clean phases also reveals discrepancies arising from the inherent
mismatch between the clean trajectory segment defined by BADA configuration scheduling
and the measured fuel flow data, which captures the actual (potentially differing) aircraft
configuration during the same time window (Figure 11b).

Tests show minimal differences in fuel burn for the entire trajectory when actual
and BADA scheduling aerodynamic configuration is applied. This suggests that BADA
configuration scheduling is acceptable for detecting configurations when interested in
overall trajectory fuel burn.

4.5. Evaluation of Fuel Burn Algorithm with ADS-B and ERA5 Data and BADA
Scheduling Configuration

This section gives the final results of the algorithm precision with ADS-B flight and
ERAS weather data while using the BADA performance dataset and configuration schedul-
ing (Figure 1). The results are compared with the measured fuel flow available from
FDR data.

ADS-B available data trajectories are partially missing for three observed flights. If we
compare the duration of ADS-B available data with FDR, it can be noted that ADS-B data
covers the following proportions of the flights:

e #1 —51.8%;
o #2 — 100%;
e  #3 — 86.8%;
. #4 — 78.9%;
e #5 — 99% of total time.

For this reason, to observe the differences between fuel burn using FDR and ADS-B
trajectory, all errors should be regarded only within the dataset and time frame for which
both ADS-B and FDR data are available. Table 6 shows “NA” during the approach of
flights #1 and #4 and the initial climb of flight #3 due to missing ADS-B data (also visible in
Figure 12).

The true airspeed is calculated using ground speed from ADS-B and wind and tem-
perature data from ERA5. The latter is compared with TAS derived from FDR and plotted
against time in Figure 12. The ME for TAS is up to 1 m/s, while the SDME is up to 2.9 m/s.
If the wind is not available, the TAS is usually set equal to ground speed as in [11,12,15].
Calculating TAS without wind would result in mean errors of TAS up to 8.6 m/s and SDME
of up to 7.4 m/s. We can conclude that utilizing ERA5 wind data significantly improves
the accuracy of true airspeed determination.
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Figure 12. Comparison of calculated TAS from ADS-B ground speed and ERA5 weather data with
FDR TAS.

Table 6 gives calculated fuel burn results and errors for the available period of surveil-
lance data for each trajectory. The fuel burn for the entire trajectory differs by up to 3.3%
from the measured fuel burn and up to 2.9% for the clean part.

Table 6. Fuel burn error per flight phase in % and kg, and total fuel burn calculated (kg) using ADS-B
data, BADA configuration, and ERA 5 weather data. The duration of the analyzed trajectory is given

in minutes.
Flight # Entire Clean Initial Climb Climb Cruise Descent Approach
& Trajectory Trajectory PP
#1 3.3% 2.9% 17.2% 2.8% NA 6.8% NA
15.7 min 36.8 kg 31.1kg 5.7kg 29.7 kg Okg 1.3 kg Okg
1156 kg 1118 kg 38.9 kg 1097 kg Okg 20.8 kg Okg
#2 0.5% 0.4% 4.7% 0.08% 0.6% 1.9% —38%
63.6 min 14.7 kg 10.4 kg 12 kg 48 kg 3.5kg 9.3 kg —3.8kg
2816 kg 2738 kg 69.9 kg 1404 kg 845 kg 491 kg 6.1kg
#3 1.8% 2.7% NA 1.7% 0.7% 6.9% —53.5%
68.2 min 42.7 kg 63.9 kg Okg 17 kg 5.3 kg 41.7 kg —224kg
2423 kg 2403 kg Okg 1035 kg 727 kg 641 kg 195 kg
#4 0.1% 0.04% 5.8% 0.3% —0.4% 1.6% NA
68.6 min 3.8kg 14 kg 44kg 4kg —6.8 kg 14kg Okg
3448 kg 3345 kg 799 kg 1574 kg 1699 kg 94.8 kg Okg
#5 0.5% 1.4% 10% 1.8% —2.7% 4% —50.4%
64 min 13.1kg 37.8 kg 5kg 31.7 kg —12.6 kg 18.7 kg —29.7kg
2865 kg 2780 kg 55.2 kg 1836 kg 461.6 kg 482 kg 29.2 kg

On average, five flights show a 1.2% error for the entire trajectory with a 1.3% standard
deviation (Figure 13). The data exhibit a positively skewed distribution with heavier tails
than the normal distribution, as visible from Figure 13a. This indicates that, for most flights,
calculated fuel burn for the entire trajectory matches measured values. However, some
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flights, such as flight #1, with higher error values influence the distribution, contributing
to skewness.
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Figure 13. Fuel burn error, for entire and clean-only trajectory. Table 6, represented as a bar chart and
probability density using KDE. (a) Entire trajectory, Table 6. (b) Clean trajectory, Table 6.

Figure 13b suggests the clean trajectory fuel burn error distribution resembles a normal
distribution with a positive mean equal to 1.5% and a standard deviation of 1.3%. Notably,
the entire trajectory mean error (1.2%) is lower than the mean error of clean trajectory due
to negative fuel burn errors during the approach. Interestingly, median values for both
clean and entire trajectory data are closer to zero (0.2%), suggesting a larger number of
flight experience errors closer to zero than the average error. A larger flight sample would
enable a more robust statistical analysis and confirm these observations.

The most significant differences in fuel flow and fuel burn are observable during
non-clean phases of flight, i.e., initial climb and approach (Figure 14). This is primarily due
to less accurate configuration scheduling, as explained in Section 4.4.

The fuel burn during the approach phase was the least accurately calculated, reaching
up to —53.5%. This discrepancy is attributed primarily to differences between actual and
BADA configuration scheduling since fuel burn errors of up to —26.3% (Table 4) were
observed during the approach with actual configuration scheduling. The underestimation
of fuel burn during the approach with actual configuration can be mainly attributed to
the drag approach coefficients not perfectly aligning with the true one and to the errors
in dynamics modeling. Such differences could be reduced with aerodynamic coefficient
optimization and better recognition of configuration scheduling.

For the initial climb phase, the errors were up to 17.2%. These opposite errors for the
initial climb and approach counteract each other, resulting in low errors of burned fuel for
an entire trajectory.

Most of the fuel is burned during the clean phase. Short phases of flight with extended
configurations do not affect accuracy by more than 0.9% for an entire trajectory, e.g., flights
#3 and #5 (Table 6). This is likely due to the short initial climbing time and low thrust
during approach with lower flaps, slats, and gear-out time. We also observe small offsets of
fuel consumed for the cruise phase for flight #5. This offset could be due to errors in initial
mass or shorter cruise time compared with other flights. Also, differentiation errors are
affected by the size of a dataset.

The most accurate fuel burn is calculated for climb and cruise phases with errors up to
2.8%, while descent errors are up to 6.9%.
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Figure 14. The calculated fuel flow from ADS-B and ERA5 wind and temperature data compared to
measured fuel flow from FDR.

To evaluate how the wind and ADS-B data affect the accuracy of fuel consumed, we
studied the fuel errors for the most complete ADS-B trajectories. The fuel burns for the
entire and clean flight segment are almost the same when comparing data from Table 5
(FDR weather and flight data) and data from Table 6 (ADS-B and ERAS5 data), with a
difference of less than 0.3%. This can be seen by comparing the relative errors of flights #2,
#3, and #5 (Figure 15a). We can also observe that distributions for both data sources are
positively skewed and that the same is valid for clean-phase fuel burn errors (Figure 15).
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Figure 15. Comparison of fuel burn error for entire and clean trajectories from Tables 5 and 6,
represented as a bar chart and probability density using KDE. (a) Entire trajectory, Tables 5 and 6.
(b) Clean trajectory, Tables 5 and 6.

Overall, using ADS-B and ERA5 weather data and BADA 3 configuration scheduling
provides a high level of accuracy in predicting aircraft fuel flow behavior for the clean-only
and entire airborne flight trajectory within the limited flight data sample of the study.
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5. Conclusions

Accurate information on fuel consumption based on aviation surveillance data is
crucial for informed decision-making in airspace design and measuring the influence of
emerging technologies, ATM effectiveness, and emission reduction. Policymakers and
investors rely on these data to identify inefficiencies and make strategic decisions.

In this study, we have presented and tested a method to calculate fuel burn based
on ADS-B data from the OpenSky network and weather data from the ERA5 dataset.
The proposed method assumes a BADA 3 aircraft drag aerodynamic and configuration
scheduling and a fuel consumption model of the engine installed on a single aircraft, which
may not represent other aircraft of the same type. The aircraft is modeled as a point-mass
model with non-constant wind. A linear interpolation of weather data from ERA5 was
utilized to estimate wind and temperature data at specific 4D points for each flight. The
algorithm was validated using a limited dataset of five flights for a complete set of 8 Hz
FDR data. The available ADS-B data were compared with FDR data for the same UTC, and
all data were found to be highly accurate and with acceptable precision:

*  Pressure altitude up to ME of 2.5 m and SDME of 11.9 m;
*  Ground speed up to ME of —0.5 m/s and SDME of 2.7 m/s;
*  Vertical speed up to ME of 0.1 m/s and SDME of 0.5 m/s.

Also, weather data from ERAS5 agree satisfactorily with the weather data from FDR:

*  Wind heading up to ME of 2.9° and SDME of 32.6°;
*  Wind speed up to ME of 0.9 m/s and SDME of 1.9 m/s;
*  Temperature up to ME of 0.9 K and SDME of 0.8 K.

As a result, calculated true airspeed has a high accuracy along trajectories with ME up
tolm/s and SDME up to 2.9 m/s.

Overall, the fuel burn estimation algorithm for the whole trajectory with the ADS-B
flight, ERA5 weather data, and BADA configuration scheduling showed high accuracy with
an average mean absolute error of 1.2%, standard deviation equal to 1.3%, and mean equal
to 0.5%, indicating a positively skewed distribution. The results for the clean trajectory
showed a slightly positively skewed distribution with ME = 1.1% and median being 0.2%,
suggesting a slightly better accuracy. The accuracies of fuel consumption estimations during
the initial climb, descent, and approach are still insufficient. Improving the accuracy of fuel
burn estimations per phase is essential for enhancing flight efficiency and environmental
performance indicators in the terminal maneuvering area.

The presented approach could contribute to optimizing flight paths by aligning with
the industry’s objectives for operational efficiency and environmental responsibility. How-
ever, further research and validation are necessary to ensure its accuracy and robustness for
diverse datasets and aircraft types, maximizing its impact on efficient route optimization
through fuel burn calculation,

Future research could extend this approach to BADA 4 performance data and the
implementation of methods for recognizing aerodynamic configuration from ADS-B data.
Implementing a selected method for initial mass estimation is also a key focus in our
ongoing research efforts.
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ATM Air traffic management

BADA Base of aircraft data

ECAC European civil aviation conference

ECMWF  European Centre for Medium-Range Weather Forecasts
EHS Mode S enhanced surveillance

ERA5 European reanalysis
ETFMS  Enhanced traffic flow management system

FDE Flight dynamic equation

FDR Flight data recorder

IFR Instrument flight rules

IIR Infinite impulse response

ISA International standard atmosphere
KDE Kernel density estimation

MLM Maximum landing mass

MRAR Meteorological routine air reports
MZFM Maximum zero fuel mass

NaN Not a number

NA Not applicable

OPF Operations performance file

PEP Performance engineer’s program
PDF Probability density function
RUC Rapid update cycle

SOP Standard operating procedures
TAS True airspeed

TOD Take-off distance

TOM Take-off mass
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