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Abstract: This paper presents a numerical model that investigates the characteristics of flow, heat, and
mass transfer on downward flame propagation in the discontinuous region of solid fuel. Simulations
were carried out for various discontinuous distances to analyze the morphology of the flame front
and the competition between the “jump” of flame spread and heat transfer from the flame to the
unburned area. The results demonstrate that there is a “jump” in the flame propagation in the
discontinuous zone, with the flame front exhibiting a defined “acute angle” that undergoes a process
from large to small during the flame spreading in the discontinuous area and deflects towards the
discontinuous area of the material. The temperature in the discontinuous zone reaches a peak, and
the average flame spread rate initially increases and then decreases with the increase of discontinuity
distance until the flame spread stops. The study provides valuable insights into the growth and
development of fires involving discretely distributed combustible materials.

Keywords: discontinuous region; flame spread; flame morphology; numerical simulation; flame jump

1. Introduction

Flame propagation on solid fuels is a significant topic in combustion and fire research
and has implications for fire safety and risk assessment [1,2]. Predictions of fire growth and
spread rely heavily on the understanding of fire spread mechanisms on solid fuels. A num-
ber of researchers, including Wichman [2], Fernandez-Pello [2–7], Tolejko [8], T’ien [8,9],
and Dl Blasi [10,11], have made contributions to the study of counterflow fire spread on
solid fuels. These researchers have simplified heat transfer and flow models in the flame
spread process and studied the effect of parameters such as the Lewis number and wind
speed on the flame spread. Through experimental and numerical simulations, they aim
to elucidate the mechanisms of temperature and concentration evolution in the gas and
solid phases of the flame spread process. The combustion and flame spread conditions
in real fire scenarios are highly variable, and the spread of fire on solid materials is influ-
enced by multiple factors, including the thermal properties of the material, its dimensions,
and environmental conditions. For instance, Rangwala [12] conducted combustion and
flame spread experiments of PMMA plates under varying oxygen and wind speeds, using
heat and mass transfer theoretical analysis to determine the mass transfer B-number and
develop a pyrolysis model for the material. Jiang [13] investigated the impact of sample
width and thickness on the horizontal flame spread of PMMA and proposed a modified
flame spread rate prediction model. Huang [14] studied the flame spread and flame ex-
tinction characteristics of Expanded Polystyrene (EPS) through small-scale experiments
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and analyzed the effects of density, thickness, and angle on flame spread. The results
indicated that the competition mechanism between the flame spread rate and the length of
the preheating zone was the primary cause of extinction. Zhang [15] conducted research
on the acceleration characteristics of flame spread in relation to specimen placement angle,
and the results showed that the flame spread rate, mass loss rate, and flame area increased
with increasing placement angle.

The spatial arrangement of fuels may also have an impact on flame propagation;
combustible materials in fire scenes are often composed of numerous discrete or non-
homogeneous fuels. It implies the importance of research on flame spread in these configu-
rations for predicting fire growth. Youfei [16] investigated the flame spread of metal-faced
EPS foam and found that the overall combustion performance was effectively suppressed
by the metal panel cover. Muallemi [17,18] developed a numerical model to study the
fire spread in porous media. In an experimental study of Watanabe [18], flame spread
on a horizontal porous combustible filter paper was observed, and the results showed
that the probability of flame passing through a slit was contingent on whether the slit
length exceeded the preheating length, the flame spread rate decreasing as the slit length
increased. Gollner [19] investigated the flame spread on a vertical matchstick array with
experimental and numerical analysis and found that the flame spread rate was dependent
on the matchstick spacing, and the flame spread rate increased with the matchstick spacing.
Jiang [20] investigated the control mechanism of flame spread in an array of wooden pegs
with different spacings through both experimental and theoretical analysis and found
that the flame could spread vertically in all spacings, but horizontal flame spread would
not continue in the case of a too-large gap. Luo [21] studied countercurrent flame spread
over a discrete fuel bed using a numerical model, giving an overall relationship between
countercurrent flame spread and gap size.

The study of flame propagation in discontinuous materials is crucial for understanding
the growth and development of fires involving combustible materials that are not continu-
ous. The process of spreading flame and igniting its adjacent fuel can also be regarded as the
spread of flame on discontinuous materials. There are several experimental studies about
the flame spread over discretely distributed combustible materials [1,22,23]. There are some
simplified numerical simulations of the flame spread of discontinuous materials [21] to
determine the flame spread rate. However, there is a lack of flame morphology and flow
characteristics in the near discontinuous zone, which is important for understanding the
fire spreading in the discontinuous zone of material.

In this paper, we present a numerical model that investigates the complex dynamics
of flame propagation in solid fuel with discontinuities, which is a novel and challenging
problem in the field of fire safety. Our work contributes to the understanding of heat and
mass transfer, flow, and reaction, which are critical factors for fire safety. Specifically, we
verified our model against previous experimental data to demonstrate its accuracy. Unlike
previous studies, we focused on investigating the heat and mass transfer processes and
gas flow characteristics of the flame front as it passes through the discontinuous zone. By
analyzing the competition mechanism of flame “jumping” and heat transfer, we developed
an explanation for the relationship between flame spread rate and discontinuity length.
These findings provide a valuable framework for predicting and controlling fires involving
discontinuously distributed combustible materials, which are ubiquitous in real-world
scenarios. Our study’s uniqueness lies in its investigation of flame propagation in a system
that is representative of real-world conditions. Therefore, this research can contribute to the
development of a more efficient and accurate model for fire safety, which is of significant
societal and economic importance.

2. Numerical Model

A schematic illustration of the flame spread model with a discontinuity on the material
surface is depicted in Figure 1. The material is separated into two parts by the discontinuous
zone with a length of d. The right side of the material is initially ignited by an external heat
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source, letting the flame cross the discontinuous zone through a gas-phase heat transfer and
reach the left side of the material. A coordinate system is established with the left end of the
material surface serving as the origin, with the x-axis parallel to the material surface and the
y-axis perpendicular to the material surface. The gas-phase region is represented by y > 0,
the material region by y < 0, and the interface between the gas and solid phases by y = 0.
The range of x-coordinates of the discontinuous zone is xl ~ xr, where xl and xr represent
the left and right boundaries of the discontinuous region, respectively, |xl − xr| = d. The
model takes into account the buoyant plume effect of the flame, with gravity G considered
in the negative x-direction. The length of the computational domain is lgx = 0.06 m, the
height of the gas-phase region is lgy = 0.0133 m, and the thickness of the solid phase is
lsy = 0.0027 m.
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Figure 1. Schematic diagram of the process of ignition and fire spread in discontinuous materials.

2.1. Solid-Phase Heat Transfer Model

The heat transfer model in the solid phase during material combustion and fire spread
takes into account both heat conduction from the solid and heat absorption through material
pyrolysis. This process can be represented by the solid-phase energy equation.

∂
(
ρcCpT

)
∂t

= ks
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where T represents the temperature in the solid phase here. ρ, Cp, and ks are the material
density, specific heat capacity, and heat conductivity coefficient, respectively. qc is the heat
absorbed per unit mass of fuel by pyrolysis. wc indicates the reaction rate of pyrolysis of
the material. In this paper, the interval distance of the discontinuous zone is small, and
the flow heat transfer in the interval area is temporarily disregarded. The heat transfer
process is simplified to the heat transfer of air, and the form of its temperature equation is
similar to that of Equation (1), and the thermal physical parameters of Equation (1) need to
be changed to the corresponding parameters of air.

Assuming that solid-phase pyrolysis can be approximated as a single-step first-order
reaction, the pyrolysis reaction rate wc can be expressed as

wc = −ρc Ace−
Ec
RT (2)

where Ac is the exponential factor of the pyrolysis reaction, Ec is the activation energy of
the pyrolysis reaction, and R is the gas constant.

The pyrolysis reaction of materials, on the one hand, produces combustible gas for
gas-phase combustion; on the other hand, it causes the loss of solid materials and makes
the surface of materials deform and shrink due to fuel consumption. According to previous
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studies [24,25] on this issue, the model is somewhat simplified here to describe the con-
sumption process through the continuous variation of the solid density, i.e., the variation
of the material density with time can be expressed as ∂ρc/∂t = wc.

2.2. Gas-Phase Heat Transfer and Component Diffusion Model

The reaction between the combustible gases generated by pyrolysis and the oxygen
in the incoming air, the reaction generates heat to increase the temperature of the gas,
and the heat transfer from the hot gas to the fuel cause the solid to pyrolyze to maintain
a continuous fuel for the material. This process is accompanied by the diffusion and
convection of combustible gases and oxygen components, chemical reactions, and energy
transfer processes. The rate of reaction of oxygen with combustible gases is approximated
by the Arrhenius formula. For downward flame spread, due to the small radiation angle
coefficient of the flame on the unburned area, the thermal radiation effect of the flame on
the unburned solid can be approximately ignored [26].

The component diffusion equation for pyrolysis of combustible gases and oxygen can
be expressed as [26]

∂
(
ρgYi

)
∂t

+ u
∂
(
ρgYi

)
∂x

+ v
∂
(
ρgYi

)
∂y

= ρgD
(

∂2Yi
∂x2 +

∂2Yi
∂y2

)
+ µiwg (3)

Gas phase energy equation

∂
(
ρgCpgT

)
∂t

+ u
∂
(
ρgCpgT

)
∂x

+ v
∂
(
ρgCpgT

)
∂y

= kg

(
∂2T
∂x2 +

∂2T
∂y2

)
+ qgwg (4)

where T represents the temperature in the solid gas phase here. Yi represents the mass
fraction of fuel or oxygen, i = f represents fuel, and i = o represents oxygen. µi is the
chemical equivalence ratio of oxygen to fuel for the gas-phase chemical reaction, ρg is the
gas density, kg is the heat conduction diffusion coefficient. qgwg means the source term
induced by the gas reaction. qg is the heat of combustion in the gas phase. wg is the rate of
chemical reaction of fuel gas with oxygen, which can be approximated by the Arrhenius
formula. Assuming the gas-phase reaction to be a single-step second-order irreversible
reaction, the gas-phase chemical reaction rate is

wg = −ρ2
gYoYf Ag exp

(
−Eg/RT

)
(5)

where Ag is the exponential factor for the gas phase reaction, and Eg is the activation energy
for the gas phase reaction.

The gas-phase velocity field (u, v) in Equations (3) and (4) is controlled by the gas
flow equation. Some previous surface flame spread models usually approximate the flow
of the gas phase as Oseen flow [10,25,27,28]. The solution process can be simplified by
not coupling the velocity field and energy field. In the configuration considered in this
work, gas-phase flow and heat transfer should be affected by the discontinuous zone, so
the gas-phase flow is determined using the NS equation.

2.3. Gas-Phase Flow Model

In this paper, we consider the downward flame spread of a discontinuous solid fuel
with external airflow caused by natural convection induced by a flame [26,28–30]. The
velocity field is described by Navier Stokes (NS) equation.

∂ρu
∂t

+
∂ρuu

∂x
+

∂ρuv
∂y

= −∂p
∂x

+
∂

∂x

(
µ

∂u
∂x

)
+

∂

∂y

(
µ

∂u
∂y

)
− ρgi (6)

∂ρv
∂t

+
∂ρuv

∂x
+

∂ρvv
∂y

= −∂p
∂y

+
∂

∂x

(
µ

∂v
∂x

)
+

∂

∂y

(
µ

∂v
∂y

)
(7)
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where u and v are the velocity components in the x-direction parallel to the material
surface and in the y-direction perpendicular to the material, respectively, µ is the air
viscosity coefficient, and ρ∞ is the ambient gas density. The flow model in this paper is an
incompressible flow equation at low Mach numbers, but considering the buoyancy plume
caused by the gas density changing with temperature. The density in this paper is given by
ρT = ρ∞T∞ [31].

2.4. Boundary Conditions

The solid and gas phase models and boundary conditions are designed to address the
issue of flame spread behavior in solid fuel after ignition. These computational models
include both the gas and solid phases, which must be solved simultaneously to accurately
capture the burning process. The solid phase model is primarily utilized to solve for
the solid temperature field and obtain the pyrolysis rate of the solid fuel. The gas fuel
generated by the pyrolysis reaction is then fed into the gas zone for combustion. Therefore,
the boundary conditions serve to connect the solid and gas phase models and ensure their
accurate and effective communication during the simulation.

(1) Boundary conditions at the interface between the gas phase and the solid phase
At the lower boundary of the gas phase, the combustible gases from the pyrolysis

of the solid diffuse into the gas phase. The heat transfer at the lower boundary includes
gas and solid heat transfer and radiation from the solid surface to the environment. The
temperature and components boundary conditions at the gas-solid interface are [26]

−ρgD
∂Yf
∂y

∣∣∣
y=0+

=

(
1− Yf

∣∣∣
0+

)
.

m′′

−ρgD ∂Yo
∂y

∣∣∣
y=0+

=
(
0− Yo|0+

) .
m′′

−ks
∂T
∂y

∣∣∣
y=0−

= −kg
∂T
∂y

∣∣∣
0+

+ εσ
(
T4 − T4

∞
)

y = 0, x ∈ f uel (8)

where ε is the surface emission coefficient, and σ is the radiation constant.
.

m2 is the mass
flow rate of combustible gas from the pyrolytic volatilization of the solid at the lower
boundary of the gas phase. ks is the heat conduction coefficient of solid fuel. y = 0+ means
the value at the interface on the gas side, and y = 0- means the value at the interface on the
solid side. Due to the existence of a discontinuous zone in the solid material, the mass flow
rate of combustible gas is zero in the discontinuous interval.

Assuming that all the combustible gas generated by solid pyrolysis diffuses into the
gas phase through the upper boundary of the solid, the mass flow rate along the lower
boundary of the gas phase can be expressed as

∫ 0
−lsy

wcdy, where lsy represents the material
thickness. In practice, however, the combustible gas generated by the solid material does
not immediately reach the material surface and may remain inside the solid, so the actual
flow rate of combustible gas into the lower boundary of the gas phase is smaller. The
mass flow rate of combustible gas at the lower boundary of the gas phase is corrected by a
permeability coefficient (Ke) in the range of 0 to 1 so that the final result of

.
m′′ is [28]

.
m′′ = Ke

∫ 0

−lsy
wcdy (9)

where wc is the reaction rate in solid fuel, as presented in Equation (2).
(2) Boundary conditions of the discontinuous zone in solid
The heat transfer process in the discontinuous area is simplified to the heat transfer

of air. Keeping the same temperature and heat flow rate at the interface between the
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discontinuous zone and the combustible fuel, the corresponding boundary conditions can
be deduced askg(

∂T
∂x )x=x−r

= ks(
∂T
∂x )x=x+r

, Tx=x−r
= Tx=x+r

ks(
∂T
∂x )x=x−l

= kg(
∂T
∂x )x=x+l

, Tx=x−l
= Tx=x+l

− lsy < y < 0 (10)

where x = xl
− and x = xl

+ mean the value on the left and right side of the xl interface,
respectively, and x = xr

− and x = xr
+ mean the value on the left and right side of the xr

interface, respectively.
(3) Other boundary conditions for the computational zone
The oxygen concentration in the left boundary of the gas phase is fixed and is the

same as the oxygen concentration in the incoming air since the incoming oxygen enters
the control region from the left boundary of the gas phase. The fuel gas concentration at
the left boundary of the gas phase is set to 0. The temperatures of both the gas and solid
phases at the left boundary are fixed at the ambient temperature. The other boundary of
oxygen, combustible gas composition, and temperature equation are set as zero gradient
boundary conditions.

2.5. Solving Method and Parameters

The physical parameters of PMMA [32] are used in the numerical model. The above
partial differential equations are solved using a finite difference algorithm with a uniform
orthogonal grid of 0.1 mm × 0.1 mm. The number of grids in the y-direction for the
solid phase is 27 (corresponding to a thickness of 2.7 mm), the number of grids in the
y-direction for the gas phase is 134, and the gas phase and the solid phase share the
same grid size in the x-direction. The time step ∆t is 0.2 × 10−4 s. The program flow
for solving the process of solid fire propagation has been introduced and explained in
detail in previous literature [26,28]. The NS equations for gas-phase flow are solved by
the PISO algorithm. We set the convergence criterion for the pressure and velocity fields
to 1 × 10−6 and 1 × 10−4, respectively. The algorithm terminates the PISO loop if the
residual values of pressure and velocity fall below these limits. The diffusion term is in
second-order central difference form, and the gas-phase flow term is in the upwind form of
the fully implicit discretization method. The nonlinear chemical reaction source term in
the equation is replaced by the value of the previous iteration at the same time step. The
temperature gradient at the upper boundary of the solid phase is obtained according to
the temperature gradient at the lower boundary of the gas phase, and then the solid-phase
temperature equation is solved. After obtaining the solid-phase pyrolysis rate, the mass
flow rate of the gas-phase combustible gas is then calculated for the lower boundary, and
the gas-phase concentration equation is solved. The temperature of the upper boundary
of the solid phase is substituted into the lower boundary of the gas phase, and the gas
phase temperature equation is solved. After the above steps are iterated in the same time
step, the gas-phase temperature field, concentration field, and solid-phase temperature
field all reach the convergence condition, and then the solution process of the next moment
proceeds. The model solutions in this paper are implemented with C++ code, and the
computing computer configuration is Intel i7 2.6 GHz CPU, 32 GB RAM.

In this paper, simulations of downward flame spread were performed for discontinu-
ous zone lengths d of 0, 0.5, 1.0, 1.5, and 2.0 mm, respectively, with a material thickness of
2.7 mm. where d = 0 mm represents a common continuous material for model validation.
To realize the material ignition to stable flame spread process, a large external heat flow
.
q′′ig = 2× 105 W/m2 needs to be set on the material surface to provide the initial ignition
energy. The ignition source is set in the range of x = ~45–48 mm on the material surface,
and the material is judged to have been ignited when the heat flow from the gas phase
to the solid material surface at the location of the ignition source is greater than the heat
flow applied by the ignition source, and the initial ignition source will be removed after
successful ignition.
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The numerical calculation of the downward flame spread of a continuous material
with a thickness of 2.7 mm, which corresponds to the calculation results of the model in this
paper in the case of d = 0, is carried out first. Fernandez-Pello [7] conducted an experimental
study on the downward fire spread of PMMA. The comparison of the predicted gas-
phase temperature field for stable flame spread with the previous experimental results is
given in Figure 2, respectively. The (x − xf) = 0 in the x-axis represents the flame front
position, and the flame front position xf in this paper is defined as the horizontal coordinate
corresponding to the maximum temperature gradient in the direction perpendicular to the
material surface.
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As shown in Figure 2a, under the influence of the induced buoyancy flow, the gas
diffusing from the solid phase reacts with the oxygen in the incoming gas and releases heat,
forming the flame temperature field. Figure 2b shows the temperature distribution along
the y direction at different distances from the flame front measured by the Fernandez-Pello
experiment and the results of the model in this paper. It can be seen that the results of this
paper can generally simulate the characteristics of the temperature field.

3. Results and Discussion
3.1. Temperature Field in Discontinuous Region

The evolution of the gas-phase temperature during flame spread near the discontinu-
ous zone is given in Figure 3, and the flow field of the gas-phase is also given. The blank
area on the x-axis in Figure 3 represents the discontinuous region, and the length of the
discontinuous region of the material in Figure 3 is 1.5 mm, and the coordinate range is
0.03 to 0.0315 m. The calculation area in our study is described in detail in Section 2, and
the results for the entire area are presented in Section 2.5. In Figure 3, we enlarged the
temperature field and streamline characteristics near the discontinuous region in order
to provide a more detailed view of the behavior in that area. The flame spreads from
the position before the discontinuous zone to the discontinuous zone and finally passes
through the discontinuous zone. Driven by the flame buoyancy, the airflow flows from the
external environment to the flame region.

As in Figure 3, in order to quantitatively describe the flame front morphology, the
high-temperature zone of the flame is defined as the region where T > 1200 K. In this paper,
a morphological “acute angle” θ is used to characterize the morphology of the gas-phase
high-temperature zone of the flame front. As shown in Figure 3a–c, before the flame spreads
to the intermittent zone, the high-temperature zone formed by the flame front has a larger
“acute angle”. When the flame spreads to the boundary position of the discontinuous zone
(i.e., at 0.0315 m in the horizontal coordinate), the “acute angle” of the flame front gradually
becomes smaller, which is due to the reduction of pyrolysis gas in the discontinuous zone,
so that the gas-phase combustion reaction rate decreases. As in Figure 3c,d, when the flame
spreads to the discontinuous zone, the flame front high-temperature zone morphology
“acute angle” deflects to the negative y direction and points to the discontinuous zone of
the material. When the flame front crosses the discrete interval, as shown in Figure 3e,f,
the direction of the “acute angle” returns to the normal flame spreading state. Due to the
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influence of the discontinuous zone, the temperature field behind the flame front appears
to be somewhat disturbed.
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Figure 3. Gas-phase temperature field during flame spread in the discontinuous region at different
times (a–h) for the case with d = 1.5 mm.

The surface temperature profiles during flame spread near the discontinuous zone are
given in Figure 4, where the red segments in the curves represent the temperatures in the
discontinuous zone. Figure 4a,b show the surface temperature profiles before the flame
spreads to the discontinuous zone, Figure 4c,d show the surface temperature profiles when
the flame spreads to the discontinuous zone, and Figure 4e,f show the surface temperature
profiles of the material when the flame front crosses the discontinuous zone. It can be
seen that the surface temperature of the discontinuous zone is significantly larger than the
surface temperature along the combustible material. During the flame spread, the heat
released in the gas-phase combustion reaction is transferred to the solid fuel, which is
heated and pyrolyzed, releasing combustible fuel gas to provide the gas-phase reaction,
so the temperature of the gas phase is usually higher than that of the solid material. For
the discontinuous fuel considered in this paper, as described in the previous model, the
thermal material properties of the discontinuous zone are the same as those of the gas
phase zone, and the temperature difference between the discontinuous zone and the
vicinity of the lower gas boundary should be relatively flat, i.e., the discontinuous zone
is still a continuation of the gas phase zone. Therefore, there is a peak temperature in the
discontinuous area of the fuel, which is higher than the temperature of the fuel surface
and close to the gas temperature near the material surface. At the boundary between the
discontinuous zone and the left fuel, heat will be transferred from the high temperature in
the discontinuous zone to the PMMA fuel, thus accelerating the ignition process of fuel
on the left side and causing a “jump” in the flame spread, as will be explained in detail in
Section 3.3 of this paper.
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3.2. Gas-Phase Reaction during Flame Spread in Discontinuous Region

Figure 5 gives the gas-phase reaction source terms and the streamline of the gas flow
during flame spread near a discontinuous region. The gas-phase reaction in Equation (5) is
denoted as (qgwg)/(ρgCp) in K/s in this paper. The gas-phase combustible gas concentra-
tion distribution is given in Figure 6. As shown in Figure 5a,b, the reaction source term
in the gas phase zone extends from the material surface to downstream away from the
material before the flame spreads to the discontinuous zone, which can be approximated
as the flame standing distance curve. A previous study [33] shows that the flame standoff
distance curve can be approximated as a power function. Figure 5c,d corresponds to the
gas-phase reaction field within the discontinuous zone.
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Since the flammable gas cannot be produced in the discontinuous zone, as shown in
the flammable gas concentration fields in Figure 6c–e, the flammable gas concentration near
the discontinuous zone is significantly lower than that in the surface area of the flammable
material, and therefore the source term of the gas-phase reaction shows a transient decrease,
which is also the cause of the temperature decrease of the flame front in Figure 3. When
the flame crosses the discontinuous zone, as shown in Figure 5e,f, the flame morphology
gradually reverts.
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3.3. Analysis of Flame Spread in Discontinuous Region

Previous studies [10,34] investigated the effects of parameters such as material thick-
ness, countercurrent wind speed, and environmental components on the downward flame
spread. Figure 7 gives the flame front position versus time during the downward flame
spread for d = 1.5 mm. In the numerical model, the flame front position is determined
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by the characteristic temperature or burning rate at the gas-solid interface [35]. In this
section, the flame front position can be determined by determining whether the burning
rate of the material

.
m′′ reaches a certain value (0.04 kg/(m2·s)). This value is obtained

through a thorough numerical simulation process and serves only as a reference point for
determining the position of the flame front. It has minimal impact on the rate of fire spread
and therefore does not affect the overall conclusions of our study.

As in Figure 7, when the material is ignited, it gradually turns to a stable flame
spread process after a short period of non-stable development. When the flame front
spreads to the discontinuous zone, the curve of the flame front position shows certain
irregularity. Before the flame spread to the continuous material on the other side of the
discontinuous zone, the flame spread experienced a slow propagation process. When the
flame crosses the discontinuous zone, the flame spread rate will gradually stabilize again.
Meanwhile, Figure 7 gives the variation of flame front position versus time when there is
no discontinuous zone (as shown by the red dashed line in Figure 7). It can be seen that
after the discontinuous zone, the flame front position in the case of discontinuous material
(xd) exceeds the flame front position in the case of normal flame spread (xc). This indicates
that there is flame jumping at the discontinuous zone, which affects the flame spread rate.
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To study the effect of discontinuous distance d on the flame jump, flame spread
simulations with different discontinuous distance d are carried out in this work. Figure 8a
gives the flame front position versus time for the cases of discontinuous distance d of
0 mm, 0.5 mm, 1.0 mm, 1.5 mm, and 2.0 mm, respectively, and Figure 8b shows the
local enlargement of the flame front position-time relationship curve in the discontinuous
interval. Here, the average flame spread rate for a discontinuous zone is defined as Vd

Vd = d/td (11)

where d is the length of the discontinuous zone, and td is the time taken by the flame to
cross the discontinuous zone.

As can be seen from Figure 8b, the length of the discontinuous zone has a large effect
on the flame front position. At t = 15 s, it can be seen that under the condition of d ≤ 1.5
mm, the flame front has crossed the discontinuous discontinuity zone. When d = 1.0 mm,
the position of the flame front is the most forward. In the case of d = 0.5 mm, the position of
the flame front is the last. The position of the flame front in the case of d = 1.5 mm is second.
That is, xd = 1.0 < xd = 1.5 < xd = 0.5. This indicates that as the length of the discontinuous
length increases, the average flame spread rate in the discontinuous zone increases and
then decreases with the increase of the length d of the discontinuous zone.
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This is mainly related to the competition mechanism between the “jump” of the flame
in the discontinuous zone and the heat transfer from the flame to the unburned zone. As
the distance from the flame front increases, the heat transfer from the flame to the unburned
zone decreases. When the length of the discontinuity is small, the adjacent fuel can get
enough heat from the flame and be ignited in a short time; the time to ignite the next section
of fuel may be less than the time for the flame to spread on the fuel with length d. In this
case, the flame spread rate increases with the increase of the discontinuous distance, and
the flame “jump” phenomenon plays a major role. On the other hand, as d increases, the
heat transfer from the flame to the unburned material decreases, and the time required to
ignite the next section of fuel will increase, thus reducing the average fire spread rate. The
“jump” effect can be quantitively investigated by the energy balance analysis [21].

For the downward flame spread, the heat transfer from the flame to the unburned zone
ahead of the flame front satisfies the exponent function [36], which can be expressed as

.
q′′ (x) =

.
q′′ (x0)e

− x
Lh (12)

where Lh is the characteristic length of heat transfer as defined in previous research [36,37].
.
q′′ (x) is heat transfer per unit area ahead of the flame front. Here, the x denotes the x-
coordinate position.

.
q′′ (x0) is the surface heat flux per unit area at the flame front position.

The relationship between the time to ignite the discrete fuel ∆t, the gap size d, and the heat
transfer can be expressed as

ρcCp
(
Tig − T0

)
δ∆x = ∆t

∫ d+∆x

d

.
q′′ (x)dx (13)

where ∆x is the small length at the beginning of the next fuel bed. Let ∆x→0 in Equation (15);
we obtain

∆t =
ρCp

(
Tig − T0

)
.
q′′ (d)

(14)

Combining Equations (12)–(14), the nominal flame spread rate (Vd) over the discontin-
uous region with a length of d can be expressed as

Vd =
d

∆t1
=

.
q′′ (x0)

ρCp
(
Tig − T0

)
τ

de−d/Lh ∝ de−d/Lh (15)

Equation (15) illustrates that the Vd is proportional to de−d/Lh . Figure 9 plots the
diagram for the relationship between Vd ∝ de−d/Lh and d. It shows that Vd reaches a
maximum when d = Lh. Meanwhile, Vd increases with d before d = Lh and then decreases
with d after d = Lh. Therefore, the flame spread rate in discontinuous regions first increases
with the increase of d and then decreases.
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The critical spacing d of flame spread over the discontinuous zone obtained in this
paper is based on the approximate conditions, such as the solid-phase and gas-phase
reaction models in this paper. The actual space has certain convection and radiation heat
transfer phenomena, and the pyrolysis gas of combustible materials may be emitted to
the gas-phase zone through the interstitial zone to provide the fuel needed for gas-phase
combustion, and these will play a positive role in the flame crossing the discontinuous
zone. Therefore, the actual conditions of the critical spacing d for spreading across the
discontinuous zone should be greater than the calculated value in this work.

When d increases to a certain critical condition, the flame will not be able to spread to
the other side of the discontinuity; as in Figure 8, the flame spread will not be able to cross
the discontinuity area when d = 2.0 mm, and the fire spread stops.

4. Conclusions

In conclusion, we have established a numerical model to study the flow, heat, and
mass transfer during the downward flame spread of discontinuous material PMMA. Our
results demonstrate that the “acute angle” of the high-temperature zone of the flame front
changes from large to small during the flame spread in the discontinuous region, and the
flame front deflects towards the surface of solid fuel, gradually returning to the normal
state after crossing the discontinuity area. The concentration of combustible gas in the
gas phase decreases in the discontinuous zone, which affects the reaction rate of the gas
phase. The flame spread in the discontinuous zone exhibits a flame “jump” phenomenon,
and the average flame spread rate is related to the competition mechanism of heat transfer
from the flame to the unburned zone. The fire spread rate initially rises with the increase
of the gap, but if the gap is further increased, the average flame spread rate will decrease
until the flame is unable to spread to the other side of the discontinuous zone. Our study
provides insights into the growth and development of fires involving discretely distributed
combustible materials, which should contribute to the design of effective fire suppression
strategies and fire-resistant structures. Furthermore, the incorporation of turbulence models
in future research will facilitate the investigation of realistic, large-scale fire scenarios.
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